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niaftriflirao & Excellcntiflimo 


D. D. 

MARCO ANTONIO, 

lllaftriflimifque 

ANTON I O , ac 

LA V R E N T I O 

, Frauibu^Corrttijs. ' 

FR. STEPHAN vs ANGELI, 

;Ic£uatorum Ordinis in VenetaProuiacia 
DefiflitorProuMicialis P. P. P. 



X Geometrlcaarbore hosfraSfttsfdegly pfL- 
j ’ mogenitA fane labor um mtorurn indoles , ac 
elucubratiOi VeHrx bentgnttatis,^fllufir$J^^ 
wrproceres, O^mtniyac Tatarmni^dicaru 
dos fore decreui . Hatetenimr/flicfferex- 
1 culifj eru^uerunt in germind y (^'Vpfui ad 
Hmtnritatispgnord/MccreMere', Pkr in omnes objequium attfd^ 
xit'ammunTy nim xque merito prafiatis eximij . V^ec Paris 
Ule quipotiora^dmintParis infignia dijcremt , cmnatH debere^ 
tUrobldtio') mairfiatis'y pfobitatis f- acyirtuttsfingutumix 
ropbis^y magif^ dignttm fpecimerifetigetet . ^rgofngulariy'^^^p, 
Hempyijfmd med propenjtonis^ •vejhftm fientmati 3 ac 
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diori fpeciei inferioris. Sic Geometria,adeo fuper car-' * 
tcras humanas facultatesfua cxtolliturcertitudine, vt 
Geometric? nug? a Viris,qui proprie Viris,& non fucs 
fint , margaritie pretiofe cenfeantur . H<ec confcribo 
putans>aliquos mcieincfolis Gconretras forfTtan adin- 
ueniri. Etenim res Geometricas fic efurio, vt libenter 
pericgam ca omnia , qujcGeometriam aliqualiter re~ 
dolent- Sic pueojaliquos facilitcreiTc reperiendos,qui' 
hxc, quxcumque fint libenter percurrent, obferuent- 
que illud Dodoris genrium pronuntiatum. Omnia' 
probate, qucd bonum eft tencte. Haectibicommu- 
nicocupienslaborummeorum aliqualiter periculum 
faccre. Etenim ,)(i aliquandomihicompcrrumerit, 
hxc tibi baud difplicuifse, forfitan alia in non modica 
quantiratCi vcl his pulchriora , vel his turplora y ali- 
quando comrounicabo ^ 

Veriiin anteqiiamopusprxcipuumaggrcdiar, dc* 
duobus vclcm te monitum efle- Primum eftj Euclidiar 
norura Elcmentorum citationcs in hocLibello nun- 
quamafF.Tri. Secundumcftj Sedionesper axem in- 
Conis , bphxris , alijfque folidis , quamms ncceflarix 
profolutione Problcmatum , frequenter, paffimquc’ 
omitti CaufiLprimi eft.. Quia cuorProbremfltahxc , 
circaConoSjSphaeras., Superficies Conicasr^Sph*ri»- 
cafque pnrcipu^ verfeittur, ac proinde fopponant Lc- 
dorcin iadddrinis Apollonij Pergxi ArcHimedis- 
verratum>,iprurm.muUd inagis reqouunt Euchdis Ele- 
menta peroptimccallerev PraeorrqpanrquodVcuiiu*- 
fere nuilum verbum proferatur , qubd ab» Elittncntis- 
Boadep^ndeat, 6catcainen omnialoca afterne labor 
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immenfuscdifejreur^ 0mnla ^raedbinltcere^y 
quam 4diqU4 <lumcsxat adducore. Seomdtitn conii* 
milemcauratnagnofdt, aimirum)ixc<conrcriptae/Te ^ 
praf^dore^diquaUterpmco ^iSedtioif^ peraaiem 
oeceflarix^ funtobuiae. Hisci^przfini{|is,oiniffi^ 
^eparcrgfs>ad«igad^n^|minusr, Vde^ 
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FACVLTAS >> 

Reuerendiffimi Patris Generali's. ' 

IaVdETVR lESVS CHRIS'TVS.. r 

» ‘ » 

O T>ys tn/cri^uffty Sexagiota ProWemataGeomc- 
crica^ compofitum ab Admodum Keb, P. Stepharf§ 
detAngeUs Vtntto ptofe^o Ho^ri Ordtnis Jefuatorum y ac 
in ProuincUVeneta Definitore, concedimus Typis dernoHm 
dart y dutnmdo haheat neceJfarUs Itcentias , approba- 
tiones , de iure Jknt neceffaria Jn quorum fL 
dem prafentes manu propria fubferipfimus , ac proprio No^ 
Bri Offieij figillo muniuimus . 

^Datum BrixU in t>(cJiro Monafmio (orporis Qtriftiy dit 
quartat^Cpumbris l6$p* 

Ff . Anconius Noudlus Gen. lefuac. 


Locus Sigilli * 
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LEMMA PRIMVM. 

PROPOSmO PRIMA- 

Coni habent inter fe proportionem 
compofitam cx proportione 
bafium , & altitudinum . 



bafim DGE. 


INT duo coni, B AG, D BE, quorum 
axes , (cu airicadmes fine A F, BG . Dico 
proportionem coni A B C> ad conum 
B D E, componi ex proportione A F , ad 
B G j & ex proportione bafis BFC , ad 



Super baumBC, fiat alius conus, cuius alritudo/Ic 

A FH, 
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FH,?qualis altitudiniBG. lam conus ABC, adco- 
numB DE, deforis fumpco cono BHC, habct pro- 
portionem compofitam ex proportione coni ABC, ad 
conum H B C, & ex proportione coni H B C,ad conum 
DBE; Sed vt conus A B C, ad conum HBC,fic (pro- 
peer eandem baHm BFC, ) alcicudo AF, ad aicicu- 
dinera H F, feu ad B G, ei ^qualcm ; & vt conus HBC, 
ad conum D B £, He ( propter squales alcicudines H F, 
& B G, ) bafis BFC , ad baHm D G E . Ergo proportio 
coni B A C, ad conum DBE, componitur quoque ex 
proportione A F, ad B G , & ex proportione bafis BFC, 
ad bafim D G E . Quod ofiendere oportebat. 

LEMMA II-.PROP. II. : 

Conus ad Sphseram habetproporcior 
nem compofitam ex proportione 
altitudinis coni ad Semidiamc- ' 
trumSphierje , & ex proportione 
quadrati radij bafis coni.adqua- 

dratum Diametri Sphacrac . 

* 

S IT conus, ABC , cuius altitudo fit, A D, & fit 
fphjEia, cuius centrum, G, diameter, EF. Dico, 
conum ad fphxram habere proportionem compofitam, 
ex proportione, A D , ad, F G , & ex proportione qua- 
drati , B D, ('fi, D,fit centrum bafis coni ) ad quadra* 
turn, EF. 

Intel- 
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Intclligantur duo coni, quorum aicicudo He, GF, 
fcmidiamecer fphxrae , & (inC , G H K , cuius bads dia- 
meter (it H IC,zqualis , £ F, &G L M , cuius bads dia- 
meter dc, LM, ipdusEF, dupla. lam probatum ed 
abArchim. I. deSphxr.& CylindroProp 31. conum, 
HGK, e(Te quartam partem rphaerar, cuius diameter, 
£ F j fed etiam ed quatca pats coni , L G M, quia , 
bads ed quarta pars badsjergo rphxra,&: conus, L G M, 
funtxqualcs. Ergo conus, ABC, ad hare duofolida ' 
habec eandem proportionem.Sedproportioconi ABC, 
ad conum, L G M , componitur ex proportione , A D, 
ad , G F , & ex proportione bads , B D C , ad badonu4» , 

L F M , nempe ex proportione quadrati , B D , ad qua- 
dratum , L F, feu ad quadratuin £ F . Ergo etiam pro- 
portio coni , A B C , ad fphxram componetur ex pro- 
portione, A O , ad, G F, & ex proportione quadratic 
B D >ad quadratum , E F . Q^derat odendendum • 


Ax LEM: 
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LEMxMA III. PROP- III. 

Conus fua fuperficie conicatangens 
Sphaeram.eftad portionem Iph^- 
rx ab ipfo inclufatn , vt quadra- 
turn rendui diamctjj fph(jrae, ad 
re(5tangulum comprehcnfum fub 
di(5to refiduo 5c fub Tegmen- 
to diamctri interccpto inter cen- 
trum fphxrae, 6 c bafim.cohi 5 vna 
cum redtangulo fub femidiame- ^ 
tro fphair^ , 6c fub praediita in* 
tercepta. 

S IT Sphaera, A BHC, & (icconus re<3:us,EAH, 
cuius fuperficics conica tangat fphzram s Sc om- 
nia incelligancur fciSta per azim , adeovc , A 6 HC, 
fit circulus mazimusi centrum } £A, £H» lace- 
ra triaoguli peraxim r A F diameter balls coni 5 B F 

C£, diameter circuli,dc axis coni. Oicoconum^EAH, 
ad portionem fphxrae, AC H,ab ipfo comprehenfama 
eflevt quadratum BF,adre 6 languIum,B FD, cutn-ji^ 
ic£kangulo, B D F . 

Coni 
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. Coni portionem proportio componitur ex pro- 
portione coni ad fphac- 
ram , 8c fphacra: ad por- 
tionem: proportio coni 
id rphasramcomponi* 
cur ex proportioned! 

E F , ad D B , & cx 
proportionc quadratic 
A F, ad quadratunid! 

C 6 ) ex Propof. ancec. 

& paricer proportio 
fphxra: ad portionem 
componitur ek propor* 
done c^uadratij B Cj ad 
quadratum , C F , & ex 
proportione , D B , ad 
FBj concinuatamd, 

B D vt deducicur cx ^ 

Archi. t. dc fphacra, &Cylin. Prop 4. Ergo ratio quo- 
que coni * A E H , ad portionem , A C H , componetur 
ex quatuorrationibus; nempeexratione, EF, ad DB ; 
D B> ad , F B) continuaiam, B D 5 ex ratione quadrati , 
A F, ad, ad quadratum, 'CB‘,&quadiati,CB, ad qua* 
dratum,CF.. Sed dua: rationed , £ F, ad DB, & DB, ad 
F B , coocinuatam , B D , faciunc racionem , £ F, ad F B, 
continuatam, DB. £t paritcr duarrationcs quadraci> 
A F , ad quadratum, C B , & quadrati, C B , ad quadra- 
tum, C F, faciunc ration iin quadrati, F , ad quadra- 
tum, C P. Ergo proportio coni ad portionem, compo- 
netur 
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fietuiexratione, EF, ad, FB, continuacam, DB, & 
cz raiionc quadrati, A F, fcii rcdanguli, B F C, eiacqua- 

lisj ad qaadracum, F C, 
hoc ed ( propter eaa* 
dem alcicudinenij F C,) 
cx ratione, B F, ad, F C. 
^ I Sed vt , E F , ad , F B, 
continuacam , B D, (ic 
( fumpca » F D , cora- 
muni alcicudine ) re- 
Aangulum , £ F D, fed 
ciacquaie, CFB, ( nam 
data , A D > ob cangen* 
tern, E A, deangulum 
re<dum, EAD, qua- 
draco,FA, edaequale 
re^angslum , £ F D , 
cui etiam quadrate, AF, 
ed xquaie recdagulum, 
CFB,) ad redtangulum Tub , F D, in , F B , concinua- 
tarn , B O . Ergo proportio coni ad porcioncm compo- 
nctui ex ratione, B F, ad, FC , & ex ratione rcd^anguli, 
CFB, ad redan^ulum Tub, FD, in FB,continua* 
tam,BD. Kursum proportio redanguli, CFB, ad 
ledangulum fub, FD, in, FB, cominuacatn , BD, 
componitur ex ratione, CF, ad,FD, & ex ratione, 
F B , ad, F B , continuacam, B D . Ergo a prirao ad vlti- 
mum, proportio coni ad portionem componitur ex pro. 
.portione>BF,adF C’,FC,ad,FO fqusduflehtciunc 

ratio- 
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rationem, BF,ad,FD,^ & ex ration c,BF, ad,FB, 
continiiatam , B D . Sed iftx dusc rationes componunt 
rationem quadrat! , B F , ad rc^angulum Tub , F D , in 
FB,continuatam, BD*, quod reiSlianguIum edpoilea 
xquale duobus redlangulis, B’F D , B D F . Ergo co- 
nus ad portionemeH;, vt quadratum, BF, ad duo re< 
dlangula, BFD, BDF. Qupd crat oftcndcndum. 

COROLLARIVM. 

E X didis infertur , quod diuidcndo erit exceflus 
coni fupra portionem ad portionem , vt quadiar 
turn , B D , ad duo rec^anguia, B F D , B D F . Nam_^ 
quadratum, B D,cft excefTus quadrati, BF, fupra duo 
icdtangula ,BFD, BDF, vt confidcranti paict . 

LEMMA IV. PROP. IV. 

Sitre<Stalinea, AB, fe6ta bifariamin 
C , & non bifariam in, D. Uico 
quadratum , AD, maius efle qua 
(exquitertium duorum reilangu- 
lorum, ADC, ACD. 

Q Voniam enim duo redlangula, ADC, ACD, 
funt minora duobus redangulis, A C B, A B C : 
& quadratum , A C , eA tertia pars rei5langu> 

lorum, 
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lorum, ACB, ABC; ergo eric maius quam tercia 

t 1 ^ J X 

A c 5 B 

pars rc«5l:an£^ulorum, Ac D, ADC. Ergo cotnpo- 
nendo, quadratura> AC, cum duobus rcdlangulis , 
A C D , ADC, nempe tocum quadratum , A D , cri t 
maius quam fexquicertium reifhangulorum , A C D , 
ADC. Quod erac oHiendendum. 

SCHpLIVM. 

E X diftis inferturin figuraPropof. 3.conumE A H, 
ad portionem , A C H , habere proponionctiL-j 
maioremicxquitercia. Nam in cadem propofitionc. .• 
oilcnfum eH; conum ad portionem habere racionem 
quadrati, BF, ad duo re<Stangula, B DF, BFD. £c 
iam patec, B C , fecari bifariam in , D, & non bifariam 
in,F. 


LEMMA V- PROP- V- 

Datam AB, (e<5tam bifariam inC. 
rursum fecarc iti D , inter C B ,vc 
quadratum AD, ad duo re<5tan- 
gula A CD, A DC, fit in data 

proportione. 

Data 
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D Ata proportio fit, quam liabet, EF, ad FGj 
quampatec dcbere efle exceflus,fed ex Lcmmate 
anceced. rainorem fexquitertia . Inter E G, E F, fit mC' 
dia proportionalis H . Ciim ergo E F , fit maior quam 
fexquitertia F G ergo EG, erit maior fubquadrupb .« 
E F i ergo erit etiam maior fubdupla H . Si ergo fiat,vt 
E G , ad H , fic A C , ad AD, pundtum D , cadet inter 



C, B. Fiat ergo j & affero pundum D, efle quaefitum . 
Quoniamenimfadlum eft, vtEG, adH, fic AC, ad 
A D, Ergo, & vtquadratum EG, adquadratum H, 
feu , VtEG, adEF, ficquadratum AC,ad quadratum 
A D . Ergo,& conuertcndo,vt F E , ad E G, fic quadra- 
turn A D, ad quadratum AC. Etper con- 
uerfioncm rationis, vt E F , ad F QT^^fic 
quadratum A D, ad cxceffum 
ipfius fuper quadra- 
tum AC, 

* nempe 

adduo re^taneula A C D, 

ADC. Qu od crat 
faciendum . 

B PRQ: 
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PROBLEMA !• PROP- VI- 


Circa datam rphijramdefcribereco- 
num reftum includentem ali- 
quam Iphaerae portionem , cuius 
fuperficies conica tangac fuperfi- 
ciem rphaericam , & quod conus 
fit ad portionem ab ipfo inclufam 
in data proportione. 


D Atac fphjEiaE fit 
circulus roaxi- 
mus A B H C , cuius 
centrum D , diameter 
BC, & data proportio 
fit, quamhabetDC, 
ad K j quam ex fupc* 
rioribus pater, maiorc 
cfle I'cxquitcrtia.Tunc 
datam rc(flam CB,di 
uifam bifaria in D, di- 
uidamus rursum in F, 
inter C,D, vt quadra- 
turn BF, fit ad duo rc- 
£tangula B D F, B F D, 
vt BC, adK> 9z Lem* 



mate 
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mateantecedenti ; apun£loF, crigatiir pcrpendicula- 
ris FA, vfque ad circumfercntiam , & a pundto A, 
ducacur AE, tangens circulum, occurrcns diametro 
.pi'oduclJa: in Es 8 c incelligantur omnia reuolui ciica 
axim EB) moic geomecrico, donee redeant ad prin- 
cipium raotus. lam patec a circulo reftirui fpha:ram_>*3 
datam , & a iriangufo rc(Slangulo E A F, fieri conum 
redum E A H, includentcm portionem A CH , & fua 
fuperficie conica tangentem fupcrficiem fphxricam , 
Dicotalem conum cfTe quaefitum. Non immoroicir- 
ca demonftrationcm , quia ex prasmiflis efl: nimfs 
clara . 

LEMMA VI- PROP- VII- 

Re(5tangulutti,quod fit fubtangen- 
te, Scfubfinureftoalicuius arcus, 
eft maius quadrate chordae eiuf- 
■ dem arcus. 

S I T circulus, cuius diameter fit BC, centrum D, 
AE, fit tangens arcus AC, occurrens diametro 
produiflae in E5 A F,fic finus re<Jlus j & A C, fit chor- 
da eiufdem arcus . Dico rc(Sbangulum EAF , maius 
efTe quadrato A C . 

Ducatur A D ; & quoniam propter angulum redlum 
JBADjduo ttiangula EAD, ADF, funt fimilia. 
Ergoeiit, vtED,adDA, fed ad DC, ci acqualem, 
- ■ B 1 fic 
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fie D A ) fell D C , ad 
D F. Ergo , & diui- 
dendo, eric vt E C , ad 
CD,fic CF, ad FD. 

Ec peimutando , eric 
VC E C,ad C F, Fc C D, 
ad DF.Scd CD, efi: ‘ 
maior D F 5 ergo, & 

E C , eric maior C F . 

Ergo componendo , . 
loca E F , eric maioir% 
dupli FC. Ergo re- 
iftangulum fub DA, 

£ F , maius ecicredfcan- 
gulo fub D A , in du- 
plamCF. SedreiSlan- 
gulo fub DA, in du* 
plain C E,cfta:quale recSlangulumfubdupIaD A nem- 
pe fub diamccro J5 C, in CFj & haic redtangulo eft icqua- 
le quadracum A C . Ergo reiftangulura lub DA, i n .« 
EF ,cric maius quadraco AC. Sed quoniam propcer 
(imilimdinem triangulorum DAF, E AF, rcdlangu- 
lum fub DA, in EF, eft xqualc reiftangulo EAF 5 
( nam cft,yc AE , ad EF , fic D A , ad 
AV 0 ergo rcdlanguJum EAF, 
eric maius quadraco AC. 

Quod crac often- 
denduOL-rf. 



SCHO- 
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SCHOLIVM- 

E Licicur exdi<^tis, & ex oftenfisab Archi., quod fl 
tarn ciiculus , quam triangulum EAF, intelli- 
gancur volui circa B E , donee redeantadinitium mo- 
tus,adedvc^acirculogenerecur Tphaera , & a triangulo 
conus E AH elicitur inqiiam, quod fuperficics coni- 
ca'eric maior fupeificic fphxrica portionis abipfoin- 
clufa. Nam cum often d at Archi. i. dc Sphxra, &:Cy- 
lindro prop. 14. cuiuslibecconi rc6li fupeificiem effe 
xqualem circulo , cuius radius (Ic media proportio halis 
inter latus coni, & femidiamecrum circuli bafis } 
paritercum oftendat propofitionibus 40. & 41. eiuf- 
dcralibri, fupcrficicm fpha:ricam portionis fphxrx ac- 
quale efte citculo , cuius radius ficlinea dii^iapoioad 
' circumferentiambafisj & circuli fincad i'cinuicem vc 
quadrata femidiametrorura i fequitur, quod fupeificies 
conicacrit ad fuperficiem fphxricam portionis, vc qiU' 
dratum medix proportionalis inter latus, dc femidiame' 
trum fux bafis , fiueerit, vtrcdlangulumfublateri^^,?, 
& femidiametro bafts ^ hoc eft in pr.xfenti , vc retftan- 
gulum E AF, ad quadratum A C. lam verb reeftan- 
_gulum E AF, oftenfuraeftmaius quadrate A C j qua- 
r», & fuperficics conicaconi E AH, eric maior fuper- 
ficie fphxrica portionis A C H,- & infuper totus perime • 
tco coni eric maior toto perimccro portionis. 


LEM- 
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LEMMA VII- PROP. VIIL 

Dati circuli diametrum producere , 
vt ab aliquo pun<5to eiufdem dia- 
metri duAis tangente , finu refto, - 
& chorda alicuius arcus, reftan- 
gulum fub tangente, & finu re6to, - 
fit ad quadratum chordae in data 
ratione poffibili . 

S I T datus circulus, 
cuius diameter, 

B Ci centrum Djopor • 
tet producere diamc- 
trum,puta in E, vt du • 

^ ^ £lis tangente E A,finu 

re<Slo AF, & chorda 
A C i rc£langulum—i>, 

E A F, fit ad quadra* 
turn A C, in data pro* 
portione . 

£x didlis patct opor- 
tere proportionem_-> 
dacam efie maioris in^* 
qualitatis. Sit ergo ea, 
quam habet D C , ad 
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Kj & fiat, vt exceflus B C, fiiper K,ad K,fic B D, ad D F. 
patcc D F, minorem c(Te D C ; nam,cum DC, fit inaior 
K i ergo cxccfTus duplx D C , fupcr K j nempe exceflus 
"BC, luperK , eritmultomaior Kj quare, &DC, fed 
BD, criemaior DF. A'pundto ergo F, erigacur per- 
pcndicularisF A ,&a pundlo A , ducaturtangens A E, 
occurrens diametro in E , & iungatur A C . Dico fa- 
dlumefle, quod imperebatur. Eodem procefl'u, quo 
facflumeftin Lcmmateantcced. oftendetureflTe, vc EC, 
ad C F, fic C D, ad D Fj & componendo, vc E F, ad F C, 
fic C D , cum D F , nempe B F , ad F D . Efl: anteni_o» 
vtBF,ad FDjfic BC,adKj ( nam cumfa<51:umfit,vc 
exceflus B C , fupcr K , ad K , fic B D, ad D F,- ciit com- 
ponendo vc B C, ad K , fic B F , ad F D . ) Ergo eric 
etiam, vc EF, ad FC, fic BC , ad Ki & vcanceceden- 
tiuradimidia, nempe vedimidia EF, ad FC, fic DC, 
ad K . Sed vc dimidia E F , feu vt F M diuifa F E , bifa- 
riamin M,)ad FC, fic ( fumpta communi alcitudine 
CB, ) rcdiangulum fubFM , in CB,adrecianguluni 
BC F,- nempe ad quadracum A C, cia:quale; &cum 
re<^angulo fub MF, BC, ficaequale re(^angulum fub 
EF,in dimidiamBC, nempe in A D; ergo vt DC, ad 
K , fic eric rcdangulum fub E F , in D A ad quadracum 
AC. Sedrc(fVangulofubEF,DA, efla;quaIcre(Slan- 
gslum EAF,quia (^propter fimilicudinem ciiangulo- 
rum E A F , D A F , ell , vt A E , ad E F , fic DA, ad 
AF.) ergo ,&vt DC, ad K, fic re^langulum £ AF, 
ad quadracum AC. Quod erat faciendum. 


PRO- 
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PROBLEMA II- PROP. IX- 

Circa datam fphsram defcribereco- 
num redtum includentem aliquarh 
fphjersE portionem, &tangcntem 
fua fuperficie conica fuperficiem 
fphaericam, adeovt luperficies co- 
hica fit ad fuperficiem {phsticam 
porcionis ab eo inclulam in data 
proportione. 

P \ tct ex Scholio 
Propofitionis 7. 
oportere proportione 
datam cfTemaioris in^- 
qualitatis. Sic ergo da- 
lacfph^r.'E circulusma- 
ximus, cuius centrum 
D, diameter B C,& da- 
ta proporcio (it ca, qua 
habec D C, ad IC. . Dia- 
meter BC, produca- 
tur talitcr in £, vtfa- 
£lis ijfdem , qua: in an- 
teecd. Lemmate,rc6la- 
gulum E A F, fit ad ^ 

qua- 

t 
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intelligantur,confuctomodo, omnia rcuolui circa B E. 
Dico fadum e(Te , quod impercbatur . ’ Deducitur enim 
cx Arch, fupra citaco, fupcrficicm coni, E A H , ad fu- 
pcrficiem pottionis A CH, efle ^ vt rcftangulum E A F, 
ad quadtatum A C j fcii , cx fadlis, vc D C, ad K . Quod 
crac faciendum • ' , . , 

LEMMA VIII- PROP- X- 

SintEB/BD,BC, tres line* con- 
, tinue proportionales; j,.& iF B ; fit 
major BE 5 & producatur FC, in 
G, taliter , vt re6tangulum F G'C, 
fit *quale quadrate B D . Dico 
EB j maiorem ‘ efle C G. 



N am re^langulumFGC, edarqualercAangulo 
£ B C , quia ambo func azqualia eidem quadra- 
to D B . Ergo eric , vt F G , maior ad B C , minoreai^ 
(icEB, maior ad CG,minoiem. Ergo CG, eft minor 
£ B • Quod oftendere op'ortebac . 

" C LEM- 
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LEMMA IX- PROP- XI- 

Datam redam A B , fedam in pun- 
do bifariam, rursiim in IJ, in- 
ter C, Rtaliter diuidere, vt redan- 
gulum ABD> fit ad redangulum 
ADC, cum redan^lo fub AB, 
in CD, in data proportionc. 

D Ata ratio (It, quam habct A By ad H . Obcui- 
tandam vcro confofioncm ^ exponatur E K , x- 
qualis A C, quae ex vna parcccpntinuctur in N, vt N K, 
he tripla E K ; & cx alia parte continuetur in L , vt L, 



N z jk: L G 


(it aequali^ H; &c inter E K, K L, (it media M K . Tone 
('per ab alijs fadla ) data media proportionali MK, & 
data didcrentia oxtremarum N L , in ordine trium con- 

tinuc 
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tinue propordonftlium, inueniantur extrema;, qux flue 
N G,GLi &ipfiGL,fiataEqualisCD, qux perLera- 
tna, ancecedens eric minor £ K > fed C B . Dico pun- 
^um D, cfTe quantum . 

Q^niamcnimduore<3:angula,EKL / NGL, func 
xqualia^quiaambo rancaequaliaeidem<qiia.draco MK; 
crgoeAvcNG, ad.KL,fic£K,adLG. SedElC>eft 
xquaFis A*C j K. L, eft xqualis H,- L G, ett sequafe C Dj 
• &NG, edxqualiscripla; A C, CD,&H j cigpi &vt 
tiipla A C ) cum C D , & H, ad H, fic A C , feu ei acqua- 
lisCB,ad CD. £t diuidendo, vt cripla AC, cum 
C D,adH,ficB D. ad DC. Ergofa^dmiilbcJccremis, 
erit xquale fa<£S /pbmedijs \ nempe fijb iripla 
A Cycum C D, ^ (p y, eric xquale6i<^a Tut D B,^in H. 
Ergo re<^angu|idfn fii^ C B, in OB, ad^lisc jbabebic 
eandci ihpr ojJoAionem Sed rediangtilQm (lib C B , in-^ 
tfr;a dfrcCTanguJdm fu^ D B, in H, eft, vtCB, ad H . 
Ergo etiam i^rir,* VtC B , dd H , rie rp^angulum C B D, 
ad rc^lan^Ium^bcpmpbfita e^tripla AC , -earn C D, 
in C D . fc vt anteccdencium dupla . Ergo, vc A B, ad 
Hjficre^anguluiiJ AB D, adfa^m' Tub tripla A C, 
cum jG0r*«^ .; Sed fik^tira fob tripla A C , cum_.s 

C D , ib C D , cf^dquaFfre^ap^o ’fim A B , in C D, 
& re(i^4nguIo A 1>C , vt confi^tanti Wtec .- Ergo , Sc 
vt A B , ^d H, fic cric rcdangplum A B D , ad redan, 
gula AB;CD,&;ADC.^ ^od eiat faciendum— 

• - » i ^ 

*> :• '1 jV - 

C a LEM- 
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LEMMA X- PROE XIL 

* * 4 

Sit datus circulus, cuius centrum fit 
D j & diameter eius BC,fit pro- 
du£ta in P , & a punito E , du- 
' cantur tangens E A ^ & finus re- 
ctus A F i)ico dimidiam E. F, 
maiorem efTe finu verfo F C . 

D IuidaturEF,bi-, 

^riamia M. ;r (vrncAB, ,ij» 

Patcc enim , ' quod . / \ j ;^ f.njD,0 A 
du£tL_j A D , pro- / \ ■-i-it -iJ. 

peer angulum rectum / \ , K:>t i' .> 

EAD^& propter fi-j ^ Y'*’' ' 

lorum re^tangulorum / , . C V '.njibti 
eAd, DAF, erit, ' Jni 

vt ED, ad AD, feu ^.1 

ad DC, ei aequalcm,^^]^ , ■ ■ ^ All fi j *- 

fic Ap, fell DC, ad / i O C 

D F. £c diuidendo » I j i 

erit vcEC,adCD,«c \ , / * . i 

QF, ad DF. Et pet- j/ . 

mutando, vt EC, ad ' 

CF,ficCD, adDF. 

Sed C D a eft maior 


Digitized by Google 


DF i ergo, &EC, eritmaior CF. Ecco^fequentcr, 
dimidiatotius EF,nempcM.F, eritmaior C F . Quod 
oftendcre oportcbac . 

LEMMA XI- PROP- XIII- 

Dans ijfdem, qiiae in %eriorjpropo- 
fitione, & diuifa E F , bifariam in 
M. Dico effe. vt MC, ad CF, 
fic dimidiam OF , ad F D. 

r^^Voniam enim duo redangiila E F D, B F C , funt 
jfj scqualia inter fe, quia funt scqaalia eidem-^ 
quadrato A F * ergo crit , vt E F , ad F C , fic 
BF aa FD. Ei antecedeniium diniidia, nempe wit, 
VC M F,adFC,ficdimidia B F, adFD. Ecdiuidefldo, 
,«rk, vt M C, ad CF , fic excefliis dimidii B F, fuper 
F E) , ad F D i hoc eft , ira crit diraidia C F , ad 
F D i quia exceffus dimidiat B F , fuper F D, eft aqualis 
diraidi* C F . Quod patec , quia dimidia B F , eft dimi- 
dia CD, cum dimidia DF i excefliis autem diraidia: 
C D , cum diraidia D F , fuper. D F , eft idem , ac cxcef- 
fiis dimidijeCD, fupeif dimidiam DFj ciim vero CF, 
fit exceffus totius C D , fuper tocam D F . Ergo , 8^ 
dimidia C F , erit cxceflus dimidix C D , fupcc dimi- 
diam DF. C^rc patctpropofituni^^ 




LEM- 
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LEMMA XII- PROP. XI V- 

Dari circuli diamecrum taliter pro- 
- ducere , vt dudtis tangente , finu 
, redto, & chorda alicuius arcus, re- 
- . (Stangukim fub tangente , & finu 
re£to , vna cum quadrate finus 
recri , fit ad quadrata chordae , 
_ & finus recti, in data 
, ne. 

• f • 

S IT datus cifculus, cuius centrum D; diameter 
(It B C . Oportet ipfam diametrum ttliccr con- 
tinual in E, vtduOis tangente E A, finu reOo Afi, 
& chorda A C5 rctaangulum E Ap ,cum quadrato A 1^ 
fit ad duo quadrata C A, A F, in dau proportia^ 
n e. a . 

lam in propofitionc 7. patuit proportiooem datam 
debere efle excefius . C^ia , cum tec^ngulun^ £ A F, 
oftenfura fit raakis quadratoACj ctian’ tdditocoiar 
muni quadrato A F, rcOanguIum E A F ^ cum quadra- 
to A F,crit maiusduobusquadratis C A, Af? Sit er- 
go proportio dataea,quam feabec B D , ad K; Sedar 
ta re^a B C, fc^a bifariam in pundtoX) , rursum taliter 
diuidatur in pu(Ao F, inter C, D, vcrC(Aangulum B C F> 


propprt^ic)- 
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He ad duo re(5^aogula 
BC,FD,&BFD,ve 
duplus ezce(Tus D B > 
fuper K^ad K, per pro « 
pondonem vndecima. 

Tunc a pundlo F , eii> 
gatur diaoiecro per pc- 
dicularis F A a pun- 
do Ajducaturtangens 
A E, occurrens diame* 
troin,£ i & ducacur 
A C . bico iufTutn e(Te 
adimpletum. Oiuida- 
cur £ F , in M > bifa- 
riam. Q^niam verb 
fadutn e(l, vtdupJus > 
cxceBlis B D, fuper K, 
ad K , fic rcdangulum B C F , ad redangula B C , 
F D» & B F D,- ergo, & vtantcccdenrium dimidiar 

nempe , vt exceflus B D, fuper K. , ad K , fic re- 
danguium fub BC, in dimidiamCF,,ad redangula 
BC,FD,&BFD, nempe ad rcdangulum fub coinr 
pofica ex CB, BF, in F D. Sed, vt rcdanguIunL-a 
fub BC , in dimidiainCF t ad rcdangulum fub com? 
pofica ex BC, BF, in F D, fic rcdangulum BCM, 
ad rcdangulum fub compofica ex BC, BF, in FC. 
Ratio eft, quia proportiones horum rcdanguloruniL-a 
componuntur ex ijidem pioportionibus . Nam ex Lcm- 
mate antcccdcnti, eft, vt dimidia C F, ad F D, fic 

^ MC, 
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M C , ad C F j & propoicio B C, ad compofitam ex B C, 
& B F , eft eadcm in vcroque anteccdcnti ad fuum con- 
fequens . Ergo , & vC.exccflus B D , fuper K , ad K , fic 
redlangulumBCM, ad ledangulum fubcompofici«^ 
exBC, BF, inFC. Ergo, &componendo, vcBD, 
adK, fic rcdangulum B‘cM, cum redan gu lo fubco- 
pofita ex B C , B F , in F<i: , nempe cum duobus redan- 
gulis BCF, BFC', ad duo rcdangula BCF, BFC,' 
Scd rcdangulum B C M , cum rcdarigulo BCF, facit 
vnicum rcdangulum fub BC, inM F, cui poftea eft 
je quale redangulura fub dimidia B C , nempe fub D A, 
in EF,' duplam ipfius FM. Ergo, vt BD, ad IC,(k 
eft rcdangulum fub E F , D A , cum rcdangulo BFC, 
ad duo rcdangula BC F, BFC. Scd rcdangulo fub 
E F , D A , propter ftmilitudinem triangulorum E A F , 
F A D , eft arquale rcdangulum E A F ( vt fxpe didum 
eft.j Ergo,& vcBD, ad K, ficredangulum EAF, 
cum rcdangulo B F C, ad duo redangula B F C , B C F, 
Sed rcdangulum B F C , eft arquale quadrato A F , 
rcdangulum B CF , eft asqualc quadrato A C . Ergo, 
& vt B D , ad K , fic rcdangulum EAF, cum quadrato 
A F , ad duo quadrata A C , A F ,• hoc eft , ex ^^\xchime ^ 
defupra citato , fic fuperficies conica , & bafts, nempe 
lotus perimeter coni , ad fuperficiera fphxricam portio- 
nis ,& ad baftm, hoc eft ad totum perimetrumportionis. 
Quod erat faciendum^ . 


PRO: 
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LEMMA XIII. PROP- XVI- 

Sitconus E A H , cuius fuperficies 
conica tangat fphaeram ACHB, 
modo fupradidto; & ECFB, fie 

■ axis coni, & diameter fphaerae ; 8c 
diametro BC, fit normalis AF, 
6cD,fi fit centrum fphaerje. Dico 
perimetrj^ refidui coni, dempc» 
portione ACH, ad perimetrem 
poftionii A\CH, efie,.vt ED, 

■ rum tripla,' DC, ad triplam D C> 

cum PFtj. \ : 

t ^1 \ r. 1-11 : 

Q VontkjB’enim (^d<aucimr ek Archimedclocis 
fupra cicacisi, ) perirnccer foiidi cxcauari , feu 
rchdiri'cooi-yiicmpia. pMiiong^- e(l ad pcrioiecruoi^ 
portionis, vtreilangulujii-^'A t , cum quadraco AC, 
ad quadrara A C & cuiJ, proprer fimilicudinem 

iriangiii^rum E A ](j , A^F D yTctStangulum E A F , fit 
xqualc rc(^ingulo fub A Icii O C. in £F i & pa- 
ritcr, cum quadratq A F,^t «qualc rcdl;angulum B F Cj 
& quadrato A C a^quale rei^angulum B C F . £rgo, 

& VC perimecer folidi excauati ad pcrimecrmn porcio- 
’ 'd ni^ 
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nis j fic eric red^angulum DC, EF *, cum cedangulo 
BCF, adduorc<flan- 
gula B CF, B F C. 

Sed redangulum DC, 

£F , diuiditur in duo 
re<5bangiila DCF, 6c 
D C E j & redangu- 
lum DCE, cftxqua- 
le re(flangulo Tub £ D, 
in C F , (VC poftci-^ 
oftcndctur;) ergo, & 
perimeter folidi exca-J 
uati eric ad perimetru 
portionis , vt reccan^ 
gulum E D , CF , vna 
cum reccangulo DCF, 

& cu rcdangulo BC F, 
ad redangulum BC F, 
cum rc(StanguIo B F C. Sed re<Stangula E D, C Fj D C F, 
& B C F , faciunt rcdlangulum Tub compofica ex E D , 
cum tripla D C , in C F j & pariter rcdangula B C F , & 
B F C , faciunt rcdangulum fub compofica ^x C B, B F, 
in F C , nempe fub tripla C D , cum D F , in F C . Ergo 
eric, vt perimeter folidi cxcauati.ad perimetrum portio- 
nis , fic reillangulum fub E D, cum tripla DC, in CF, 
ad redlangulura fub tripla C D, cum D F, in C F, nempe 
fpropter eandem altitudinem F C, ) ficE D, cum tri- 
pfaDC, adtriplamDC,cumDF. Quod eratoften- 

dendunurf. \ - ' 

■■ D a Quod 
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' Qlwci vcrofupra afliimptumeft, nempe redangu- 
lum D C E , cflc xquale rcdangulo , E D , C F , patccj 
quia cum>cx faepe ai<Stis, tres E D» DC, & D F , fine 
continue proportionales > facile deducicur efie , vc £ 
primani ad DC, fecundam, fic EC,excenum primac 
fttper fecundam, adCF, excefiumfecundx fuper ter- 
tiamiquare patet redlangulum ED,CF» e(Te asquale 
re^anguloDC £. 

LEMMA XIV- PROP- XVII- 

Data media trium quantitatum con- 
tinue proportionalium , inuenire 
extremas , vt maior cum tripla 
media fit ad triplam mediam 
cumminore in data proportione. 

H 

I 1 

* 

‘ F i X A v E i ~C 

D Ata media ficAB, & data ratio fic, quam habet 
A B , ad B E , quam patet elTc cxcefl’us ; & inter 
A B, BE, fic media’proportioualis H ^ Sc producaiur 

E iV, 
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B A, in F, VC F B , fic tripU B!A ; &: ab ipfa F B , auferatuc 
F K , xqualis triplac B E (' vbicumque cada^pundluni— 

K ; ) dcindedata media H, & differentia extremam B K, 
inordiue trium continue proportionalium ,inucnian- 
turcxcremsB B L, LlC • PatecL K, effe minorem AB, 
nam ctiam media H, eft minor ca . Fiac ergo A D, a:qua- 
lis L K , & fiac , VC A D , ad A B , fic A B, ad A C . , Dico 
tresC A, AB, AD, cfTequaeficas : ‘ ‘ * 

Q^onialienim quadrate H,funt 2 qualia ambo re- 
•Stangula B L K , & A B E ; ergo ifta redangula funt £c- 
qualiaintcr fej quare crit,vt B L,ad B E, fic B A, ad L K, 
fed ad A D, quae L K,fadafuicaequalis . Sed BL, funt 
acquales B K , cum L K , hoc eft cum AD. Quarc,& vc 
BK,cum A D,aHB E, fic BA, ad AD. Ec ad confe- 
quentium triplaj ^r|^^vc B K,cum A D,adcriplam BE, 
fic B A^ifid triply A ^ . Sed F K,fa(ftafuit tripla B E; cr- 
ggfc€rit,vt JC ^^um A D, ad F K, fic A B,ad triplam A D. 

Ec coraponen’do,cqt vt B F,cum A D,ad F K, feu ad tri- 
plam B E, fill B cum tr^la A D,ad triplam A D. Et ad 
confequenbum fubtripla .\Ergo erit,vt F B,cum A D, ad 
B E, fic B 4,cortn tripIa A D,ad A D . At verb,quoniam 
tres C AVAB, & A D , fi?nt continue proportionales, 
eft vt B a , cumfiiplaAEL> ?d A D, ficC A , cum tri- 
pla A B , ad A B . Ergo cfkr ctiam , vt C A i cum tripla 
A B, ad A B , fic F B,cum A D, ad B E . Ergo, & permu- 
lando, eric, vt C A*, cum tripla A B, ad F B, cum A D, 

- nempe ad triplam B A, cum A D, fic A B , ad B E . Sed 
C A, eft B A, eft media data , & D A , eft] minor. 

Quare faftunjclt^quod impeiebatur. ^ 

Dif " ' by Google 
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PROBLEMA IV- PROP- XVIII- 

« 

Datis ijfdem,qu2einfuperioribus Pro- 
blematibus, facere eadem,quas ibi- 
dem,* vt toms perimeter folidi ex-' 
cauati, inempe refidui coni ablata 
portione/it ad totum perimetrum 
portionis in data proportiohe . 

Ata ratio (It, quamhabct BD, ad K: & data 
DC , media in 
ordinc trium conti- 
nue proportionalium 
inueniantur extreme 
D F, minor, & DE, 
maior tali lege , vt fit 
ficut B D, ad K , fic 
DE, cum tripla DC, 
ad triplam D C , cum 
D F,* per propofitio- 
nem antecedentem — a 
A' pundlo autem.^ 

F, crigatur perpendi- 
cularis dianietro F A, 
dciungaturEA, quam 
patet tangerc circulu, 

& fphsram 3 quia du- 

dta 
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D A , cum fit , vt ED, ad DC , feu ad D A, 
fic DC, feu DA, ad DF j ergo trianguk EAD, 
A D F , func Hmilia . Vndc cum angulus A F D , fic rc- 
£lus, eciam angulus EAD, eric reSus, & proinde E A, 
ericcangens* Cum vero E A, cangac circulura,* ergo, 
& fuperficics coni fa(Sti a criangulo £ AF,cangec fphaera. 
Reli(}ua func nimis clara , ided ex induilria oroiccuncur. 


PROBLEMA V- PROP- XIX- 

Djametmm Iphserx datx taliter con- 
tinuare in pun6to , vt a,;pun<$S;o 
du6ta tangente, 8c a pundto con- 
tadtus dudtis perpediculari ad dia- 
metrum,6c alia ad polum alterius 
portionis , rhombi fadti ex reuolu- 
■ . .tbne-circa diametrum, conus tan- 
gens ad rcliquumconum fit in da- 
ta proportione. ! ... 

D Atae fphaer* fit diameter B C , cenmini D j,opor- 
cec autem diamecrum £ C, taliter conrinuare 
iti £, vt duda tangentc A£, dimilTa perpendicuUri 
A F , & iuniSla A B , & rcuoluto triangulo E A B, aded 
vc fiat rhombus £ A £ G } conus £ A G , fic ad conum 
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A B G , in data'pi'oportione , quse fic ea , quam habct 

BD, ad H. Sccetur 
D C, talicer in F, vc 
Fcficut B D',ad H, 
ficCF,adFD 5 &a 
pun(flo F y crc<5la 
normali F A ,&du- 
dis A B , & tangen- 
tc A E, occurrente 
diametro in Ej&in- 
tellc(Stis conis EAG, 

B AG.ortis excon- 
fueta icuolutione . 

Dico cflc quxE- 
tos. 

Nam, propter ea- 
dcm bafim A G, co- 
nus EAG, ad CO- ^ ^ 

mim B AG eft , vt '• 

axis E' F , ad axira B F. Quoniam autem redtangula 
E F D , B F C, funt acqualia , quia xqualia eidem qua- 
drato A F, eft , vc E F, adF B , ftc CF, ad F D ; & C F, 
ad F D ,fada eft , ficut B D , ad H - Ergo,, & vt B O , ad 
Hy.ficconus E AG,^ad conum BAG. Quodcrat^; 
ciehdtinui». ' f 


LEM- 
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LEMMA XV; PROP. XX- 


Datam re<Stam lineam talker diuide- 
re in pun«£lo , vt redtangulum fub 
tota , & fub vna parte fit ad qua- 
dratum alterius partis in datapro- 
portione . 



dum. Oportetdiuidcrc'A B,' in C, vc re^angulutn-^ 
ABC, He a'd quadratutn A C, in data propordone . 
Super D B, canquam fupra diamecrum Bat lemicircu- 
lus 5 & a pundo A , erigatur diamecro pcrpendicularis 
A E i diuifaque D A, bifariam in F, & iunda F E , cen- 
tre F, interuallo FE, fiac femicirculus GEC, fecans 
AB, inC. DicopunduraC, efle qusefitum . 

Duo enira rcdangula G AC, BA D, funt azqualia 

- - - E. inter 


S IT data reda linea A’B , &propoitio data fit ea* 
quaoi tiab^c BA-, ad A D, ei poficam in dire- 

•^.1' < . ‘ *1 L.i'-I , , t:i J V 
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inter fe/quuxqualiaeidtfmayadr^o AE; Ergo cm, 
VC B A , ad A C, fic G A, ad A D. Ecdiuidendo} vt 



BC,adCA» fie G D» ad DA. Sed GDj eil acqatfl^ 
A C , quia cum coca GF,nt£qua!is totzFC) &a]ma- 
ta D F , He acqualis ablacac F A i ergareliqua G D , eric 
xqualisieliqua; ACi quart eric > &vc B C, ad CA, 
fic C A , ad A D . Ergo tres B C, C A, A D,'crunt con- 
tinue proporcionalcs. Quareredangulum fubBC,in 
D A , eric xquaie quadraco A C . Ergo red^angu- 
lum A BC, ad hate, habebic eandem proporcioneni..^ . 
Sed re(ftangutum A B C,ad redlangulum Tub B C, D A, 
fpropcer eandem alcitudinem B C, ) vc B A, ad 
A D. Ergo,& VC B A , ad A D, fic re- . 
<^angulum ABC, ad quadcar* 
cum A C . Qih^ ' 
erat facien- 
dum . 


LEM- 
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LEMMA XVI. PROP.- XXI. 


Sic ciitulus i ciiius centrum D ',' dia- 
meter BC. continuata in E j E A, 



lit tangens; & A f lit linus rec. 
tus arcus AC. Dico efTe.Tc rec 
tangulum D C F , ad Ve^angu 


lum fubdupla D F , in D F , fic 
re6tangulum B E C , ad reftangu- 
lumCBF. . 5 / 


P Ater; quia pro- 
portioncs ho- 
rum redlaguloru m 
componutur ex i jf- 
dcm proportion 
bus. 'Nam propor- 
tioDC,adDF,eft 
cadem cum propor- 
tione E B, ad'BF ; 
dc proport io CF, 
adduplam DF,en:- 
eadem cu proper- 
tione EC, ad CB, 
VC (latim patebit ,* 
quare patec propo- 
iicum. 
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Priraiim ergo , nenipe,'qiio(J,' vtDC> ad D F, fiefit 
E B, ad B F i patet , quia, cum , vt faepe didtum eft, fir, 
ob acqualitatcm rcdangulorum EFD,B.F.C, vc EF, 
adFB, ficCF, adFD, crit componendo , vc E B , ad 
BF, ficCD,adDF. ' 

' Secundum, nempe , quod fie , vc C F, ad duplanuus 
F^P,ficEC, adC B, pariter eft clarum,* quia cunri__.> 
pariccr, vc fa:pc di£fcum eft, fie , vt E D, ad DC, fie 
D C , ad D F , eric diuidendo, vc E C , ad C D, fie C F, 
ad F D . Head conrequentium dupla'. Ergo vt EC a ad 
CB, fie CF,adduplaraF D. ' 

. - - . , c 

PROBLEMA VI- PROP- XXII- 

Dads ijfdem , quae in (uperiori Pr<^ 
blemate j fecere eadem , quae ibi- 
dem , vt fuperficies conicae coiio-’ 
rum , fint -in data proportione . 

D Aca proportio fie, quam habec B D, ad H, & 
oporceat &cere ^ quod imperacum eft . Dacau-3 
proportio BD,ad H ,continuecur ad cercium termi' 
num KL, adebvcfic , vc BD, adH,fic H, ad K L ; 
diuifaque K L, bifariam inO j diuidacur eciam, pec 
Lemma aotecedens, P C , in F , adeo vc fit , (icuc B D , 
ad K O , fic re£tangulum DC F , ad quadratam D F j 
& a pun(fto F , ereifta .normaJi A F , du<3:a tangence^ » 

^ A, 
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E A , & fadis conis E A ,G , B A G 


. . , _ Dico cflTc quacfitos 

nimirum cflTe, vc B D',ad H, fic fupwficicm coni E A G, 
ad ruperficiem coni BAG. ,, 

Nam, cum fic, vt « 

BD,adKO,fic A 

redangulum DCF, / \ ■ 

ad qaadratum DF. . . /, \ H . 

Ergo, &VCBD, ad / \ nr 

KL, duplamKO, / — -■ V 


fic re6langulum__.» 
D C F, ad duo qua- 
drata D F, feu ad 
recSlaguIum fub du- 
pla D F , in DF. 
Sed , vt re»3:agulum 
ad re«5tan- 


DCF ^ 

gulumfiib dupla_^ V 'V J ' 

DF,inD F,ficre- \ \ / V' 

dlanguluni BEC, X. / ' '3 

ad re6tanguIuoi__a, 

C B Fi cx Lemma* 

te antecedenci . Ergo , &.vt B D, ad 1C L, fic redlangii * 
lum BEC, ad rcdangulum C B F. Sed reiStangulo 
B £ C, eft acquale quadracum cangcntis £ A , 2c rec^n- 
guloCB F, eftacquale quadracum BA. Ergo, 5c Vt 
B D , ad K L , fic quadracum £ A , ad quadracum A B . 
Sed, vcB D, ad K. L , fic efi; quadracum B D , ad quadra* 
turn H . Ergo, 5c vc 3 D, quadracum, ad quadracum H, 
fic eft quadracum £ A , ad quadracum A B. Qua re .< , 


. 

dcvclineaBD, adH,'ficE A^>id^A B. -Sed ^fampca 
communiaiticudine AF,),vt EA, adAB, ficcfl: rc- 
dangulutn E A F , ad redangulum B A F i vt aucctn.^ 
rcitangulum E A F , ad rciSlangulam B A F > fic fupctfi- 
cics conica coni E A G » ad fuperficicm conicam coni 
BAG, vt deducicur cx Archimcde primo de SpEacfi—a. 
& C^lindro propone.) 1 4, Ergo , & vt B D i ad H fic 
c|pit fuperficies coni E' A G^ ad fuperficicm coni BAG* 
erat faciendum . 

PROBLEMA Vlt, PROP- XXIir 

• » . • I 

Producere diametrum datae {phaerac 
in pun<5tb , vt ab illo du£ba tan- 
gente, .& a pun6lo cohtadlus du- 
6tis (jinu refto ; & linea ad cen- 
trum » &: ex reuolutione triangu- 
lorum, otto rhomboj conirhom- 
bi fint in data proportione. 

■» 

S I data fpharra , cnius centrum D, 6c data ratio fir, 
quam habet B D , ad H. Oportet producere B C, 
diametrum data; fphxra; inE, vcdu<9;is: tangence EA, 
finu rc^lo A F, & femidiametroA D, &fa(^o rhombo 
E ADG, conus E AG, fitad conuro AOG, vtBD, 
ad H. '■ 

Fiat, 
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Fiat, vt B Z>, fimul cam H , ad H , fic B ^ , ad D K j 
& inter B Z), Z> K, inueniatur media, cui fit sequalis 
2) Fi &per F, ezcicecui A F G , aormalis B C \ 6e 
d;o A , agacur tangens 
A £, occurrens diame- 
tro in E $ & iun^a A D, 
inceliigatur rhombus, 

£ A D C. l>ico hunc 
eiFe quarfitum • Qup- 
niam cnim , vt facpedi- 
eft, ires E D, O C, 

DF , func continue .1 
preportionalcSi 6c quia 
F Z) , eft media ifiUr 
BD,fcii CD,&DKi 
ergo , qnatuor E D , 

DC, DF, & DK,fiint 
continue proportiona- 
les. Ergo erit, vtprima 
E D , ad tertiam D F,fic 
fecunda C O , ad quar- 
raraDK. Scd,vtC D, fcuBD, adDK, ficeft BD, 
fimulcum H, adH. Ergo, & vtED,a«H3 F, ficBD, 
cumH,adH. Etdiuidcndo, vt BD , adH, fic EF, 
'ad F D i nempe conus E A G , ad conum A D G, prop- 
ter candem bafim AFG. Fa<ftumeft ergo, quodcrac 
faciendum^. 



LEM- 


Digitized by Google 



lemma XVII- PROP- XXIV- 

Dads duabus redtis lincis, vnam illa- 
rum taliter producere, vt reitaa- 
gulum contentum fub compofita 
ex data , & ex produifca , & fub; 

f )rpducta * ad quadracum alcerius 
ineae datae ^ fit in data proportitv 
ne . 

• * 

I » 

D Atae duac lineaefint AB|&D. Oportet calicer 
producere AB, in C, vc reftangulum ACB^ 
fic ad quadracum D , in data proporcione, qu« fit ea_>. 



quam habec A B , ad H . Fiat ergo , vc H , ad A B , fic 
D, ad K j & inter D, K , inucniatur media B F , quae cx • 
eitetur noiraalitcrfupcr B A,apundoB j&diuifa AB, 

bi£i- 
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bifariam L j & dudia L F , centro L , interuallo L F, de- 
fcribatur femicirculus; & A protrahatur hincinde, 
donee occurrac femicirculo in pun<Sis M C. Dico pun- 
<Sum C, vel pun(aum M, cfle quaefitum . Duo eniin_-a 
redangula D, K, & M B C , funt xqualia , quia func ae- 
qualia cidem quadraco B F . Sed rcdlangulu 4 B C , eft 
£equalere<ftangulo ACB, quia M A, c(l xqualisBC> 
& MB/fta:quaIis A C. Ergoctiam redangulum D, K, 
ciitacqualcrciftangulo ACB, Scdre(5langulum D, IC, 
eft ad quadraium D,vcK,adD. Ergo, &ic<ftangul urn 
ACB, eft ad quadratum D , vt K , ad D i nempe , vc 
AB, ad H, (fa<ftum eft cnim fupra conuertendo , vt 
AB,adH,ficK,adD.^ Quod erac faciendum . 

PROBLVIII- PROP- XXV- 

Datis , quas in fuperiori Pro- 
. blemate , facere eadem , qua (u- 
pra , vt fuperficies coni E A G, fit 
ad fuperficiem coni A D G , in 
data proportibne . 

D Ata proportio (it, quam habet B D, ad H, qufe 
continuecurad K,ade6 vtfit, vcBD, adH, fic 
H, ad K . Per Lemma autem antecedens , data'B C, ta- 
liter continuctur in E, vc rcftangulum B EC, fit ad 
quadiatura femidiametri A D, vt B D , ad K ; 6c a pun- 
, ' F (fto - 


Digitized by Google 



4 *' 

dlo E, ducatur tangens E A, &a pnndbd contadlus A, 
ducacur A F G, normalfs C B ^ incelJiganc43r coni 
£ A G , A D G , vtin fchemace . Aio idos c(Te q uacdf 
tos. 

Quoniam enim , vt 
B D , ad K , fic rc6lan- 
guIumBEC, nempc, 
quadracurn EA, ei as* 
quale , ad quadracura 
A D 5 8 c vt B D , 
ad K , Cic quadrarum 
B D, ad quadracum Hi 
quare,& vtBD, qua* 
dratum , ad quadracum 
H , fic quadracum E A, 
ad quadracum A D. 

Vnde, & vt B D , ad H, 
fic eiit EA, ad A Da 
Sed vt £ A , ad A D, fic 
( fumpia communi al- 
titudine A F, ) redlan- 
gulum E A F , ad re^iangulum D A F i & vt rcAangu- 
Jum E A F, ad re^angulum D A F, fic, ex Archimedes 
fupra citato , fuperficies coni E A G, adfupcrficiem co- 
ni D A G ,• quare , & vt B D , ad H, fic fuperficies c^ni 
' E A G , ad fuperficiem coni DAG. Quod crat fkiea- 
dunu->». 



LEM- 
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LEMMA XVIII PROP- XX VI- 

Datam , re£tam lineam fe6tam in 
• Huas partes aquales, rursiim ipfam 
fecare in partes inaequales, vt rec- 
tangulum lub inaqualibus totius 
- partibus contentum , ad quadra- 
turn fegmenti intermedij, fit in da- 
ta proportione. 

D Atare&a lineafit AB, fcda bifariam inpundto 
C , & data proportio fit,-quam habct AC , ad H. 




rX > , .i- C •. . V ■ B 

Qp^ctjctippunj^litcr diyidcrc inpundo D, vcreftan" 
gqium A P B i fit ad quadratura D C , vc A C , ad H • 
Fi^^vc'A C, cum H, ad H, fic A Q, ad C Ej & fupcr dia- 
metro E B, fa^lofcmicirculo , a pundo C, ciigatur pcr- 
pcndjcularis GF, quae erit minor C B. Fiat ergo C F, 
aequalis CD»i Pico pun^l urn D, efle quaefitum. 

: Fa OiLO" 
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Qj^niam cnim fa(5l:umeft , vt A C , cum H, ad 
A C , feu ei aequalis B C , ad C E j & vt B C , ad C 
quadracum B C, ad quadratum C F , feu ad quadiatutd 
C D> ci azquale . Ergo, & vt A C, cum H, ad H, fic qua- 
dratutti B C, ad quadratum C D. Etdiuidendo , vc A C, 
ad H , fic excefius quadrati B C , fuper quadratum C D, 
ad quadratum C O . Sed tails exccfius cH; aequalis qua- 
drato DB, duobus rediangulis C DB> quse Omnia 
faciunt re<^angulum A D B . Ergo, & vt A C, ad H,fic 
rcdlangulum ADB, ad quadratum DC. Qupd. erat 
faciendum . 

• . ■ * * 

* J 

PROBLEMA IX- PROP XXVfl- 

Datis ijfdem ^ quae in fuperiori Pro! 
blemate ^ facere eadem . 

S I T pariter , vt in fuperiori Problcmate, data ratio, 
quam habet B O, ad H j & pariter fit continuata 
adtercium terminum K, vtfuprafa^um efi} &data 
leda B C , fe(!^ bifariam in O , rursum fecetur in F, in- 
ter C, D,( per Lemma antecedens } vt re^ngulunLLs 
B F C , fic ad quadratum F D, vt D B , ad K 3 fit a'ptin- 
F , ada , more folito , normali A F G , & a pun^o: 
A , tangente A E , & intelle^lis conis EAG,ADG* 
Dico iftos elTc quasficos . Nam cum fa<ftum fit, vt B D, 
ad K , fic re£kangulum B F C , feu quadratum A F ,"ei sc- 
' quale , ad quadratum F D ; & cum fic , vt B D, ad K, fic 

qu^ 
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quadratum B D , ad quadratu'm H. Ergo, & vc qua- 
dratura BD, adqaadratum H, fic quadratum*AF,ad 
quadracumFD; & VC ~ 

linea B D, ad lineam 
H, fic A F, ad F D . 

Sed vt AF, ad F D, fic 
( propter firailitudinc 
criangulorum E A F , 

AFD,) EA, 

Ec vt E A, ad 
( fumpta 
cicudine 
gulum E 
gulum 1/ 

tern rc(SlanguIutTL^ 

E A F,ad rc&angulum 
D A F ;* ita eft fu perfi- \ 
cies coni E A G, ad 
fuperficic coni DAG. 

Ergo , a primo ad vltimum , erit vt B D , ad H , fic fu* 
perficics coni E A G , ad fuperficictn.^ 
coni DAG. Qiwd crat fa* 

/ -■ -f-' ciendumli>.\ ‘ 

• ? I , 




f 



: .T * 




LEM- 


Diyi 


C-:.OgIc 


LEMMA XIX- PROPXXVIir- 

Dads duabus redis lineis,' vnam 
larum taliter diuidere in pun6to 
-VC re(5fcangulum fub tota , St fub 
vno fegmento vna cutn re^ati- 
gulo fub legmentisjadquadratum 
alterius fegmenti, , vna, cum rec- 
tangulo fub hoc codem fcgmeh- 
to, & fub indiuifaifit id' data pro- 
portione. ' ^ 



D Ataedux rcdbe linca: {incAfi,&:EG. Oportet 
AB, taliter diuidere irrC, vt red^nguIunL_i» 
A BC, cum rc(iianguIaACB,ficadquadratum Ac, 
vrw cum xc<aangulo contento fub AC, fie'fub E G> 

fit 


- ■- — — Bifiitlzct; by 


tri 


fitindataproportione, quae fie ca, quamhabecAB, 
ad H.- Fiac ergo, vt AB, cumH,ad H, fie BA, ad 
A D , ei poficam in dircf^um } & fuper diatnecrum.^ 
D B, fiat femicirculus 5 & a pun£to A , crigatur A F, 
occurrens periphxriae in pun^o F • Paritcr fiat, vt 
B A> cumH , ad H, fic EG, adGL j & EL, fiatae- 
qualis A M , quae diuifa bifariam in O , &iun<^a O Fi 
centro O , interuallo O F , deferibatur femicirculus 
NFC, fircans AB,in C, ffecabitenim, quiacum.^ 
D A , fit minor A B , cciam F A , crit minor A B . Ciim 
verb OF, fit minor duabus OA, A F ,erit raultb mi- 
nor duabns OA , AB, nemptOB. Dico pun(Clunj 
C, c{fc.^u«fituni •- Qupniam cnim rcdlangula N A C, 
BAD, funtxqualia, quia ambo xqualia eidsm qua- 
drate AFi & recf^angulo N A C, eftxqdalerecSiangu- 
lum MCA, quia NM, AC, funt xquales; &c rec- 
tangulum MCA, eftxqualc rc(flanguloM A C , 8 ^^ 
quadrato AC,* ergorc(5i;anguIum BAD, erit xquale 
redangulo M A C , & quadrato A C . Sed, cum M A, 
fa<i^a ficxqualis EL ; ergo redtangulum MAC, erit 
xquale rc<^anguIo contcntofubEL,& AC, Ergore- 
^langulumB AD, erit xquale re<fEangulp fub EL, in 
AC, & quadrato AC. Quare communi additorcc- 
tangulo uib LG, in AC; rcdangulum BAD, cum 
rcdbangulo fub L G, in AC, erit xquale re<llanguIo 
fub £ G , in A C , vna cum quadrato A C . Quod fer- 
uetur. 

v) Verum, quoniamfadum efi, vt BA, cum Hjad 
H,ficBA,ad ADi & cum fit, vpB A,ad A D^fic 
•vd.,.’ qua- 
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quadratum B A,adre<aangulum BAD, (fumpta ea- 
dcm altitudinem A B.) Ergo, & vt B A , cum H, ad 
H, fic quadratum B A, ad redlangulum £ AD. 



Paritcr cum Fadumnc, vt BA, cumH, adH, (Ic 
£G,adGL}&vtEG,adGL, cum ita fit ^fumpta.-* 
communi alcitudine AC, ) re^angulum EG, AC, ad 
rcdlangulum G L , A C j ergo , & vt BA, cum H , ad 
H, fic rectangulum EG, AC, ad recrangulum LG, 

A C . Ergo in eadem proportione B A , cum H,ad 
H, habemus, tarn quadratum A B, ad redlangulum__j» 
BAD ,qu.im rejftangulum EG, A C,adrcftangulurtt 
LG, AG. Qiure , & vt B A , cum H , ad H , fic erunt 
ambo antccedeniia ad ambo confequentia, nempc^ 
quadratum A B , cum re(i^angulo E G , A C , ad recf^an- 
gulum BAD, cum redtangulo L G, A C. Scd cum 
rcdangulis BAD, & LG, & AC,often&fint atqua- 
lia rcdangulum EG, AC, & quadratum AC. Ergo 
quadratum BA, cum redangulo £ G , A C , ad haec 

habc- 

. _ __ ^ 
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habebi# ^nde(ii propdrtioneth I Q^rc,. ac.vc 
cU'nrt’H'j'.ad Hi 'fie quadraxiimiBA, CurnTrcjaangdo! 
E G j !a rccCanguiumlE G f ’A C , .'cdm ^uadia^oll 

A CC* QiJaro,. 6i diaidcndo; crit vt AB, ad H , - fie ex- 
ctflTus' ^ydiati BA,^dt rcccanguli £G, AC, Taper 
qoadracubl>A‘Ci &Tuptr Tcctan^lutn. EG i AC> ad 
rcdcari^WiB'E GV'^ACv cum .iiitadi’afQ A C . Sed ta- 
lis excefTus efl aequaiis rectangultf A B C , & A C B, vc 
confideranci pacec. £rgo,& vc A Bjad H, fie rectangu- 
la ABC, AC B, adrcctangulum EG, AC>cum qua- 
drate A C . Qgod erai facieadqm. 

L: , 1 \ 

PROBLEMA X- PROP- XXIX- 


“> I 

Data portione fphaefae'maiori hemi- 
fohxrio , prdducere eius axim in 
pundto ad partem verticis portio- 
nis , vt ab ipo'puridto uu6ta tan- 
gentc, & Jt pundto contadtus du- 
(Stis perpendicular! ad axem, & li- 
nea ad ceritrum balls portionis,& 
ex'”|fl:fs''tHang^^ circa 

aximv faAo; rhqmbo., coni rl^om- 
br’fittt ajd irtuK^iTi in*^data propor- 
-ticine. ' ' ‘ c D«V 
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Ata portio fit A C B , maiorjhemifphacrio % cuius^ 


axis fit C D, centra fphxrx 
tio lie, quain habet C D,ad H . Opoitet produccreD C> J 
in F, vt a puncco F , ducca tangcncc F G , & a puncto 
Gjductis pcrpendiculati G O , &GD, ad centrum ba-^ 
fisponionis,&ex reuoluiionCyf^cco thombo F GD K;, 
conus F G K , fit ad conum G D K, v^.CJD^ ad H . Sic . 

^ Zl\i ■.p'i-, ^ 

■' V 'A. 0§i:I . 30J q |3fi_ r,f 

' i- ' • r' 

G* A Oj • i w 


’j.tanii oi) 




-irriy; 


V»> »• .- 


-on-"'* 


-liO 


-X AMZ!jao;iq 


li a ‘ f 


oionoq. 
ir. :)V ,'^in 


»-.n 

« 


M 


n ;, 7 V » 

, -I'A] oft .uVr* 

CL , diameter fpnatra: , & datis Qf ,fi:midi*metro , & 
E D , diui3atur talltcr C E, in O ^ per Lettilfrta antece- 
dens', vt rcciangula EC O, EO Cjflmad rcctaingulum 
DEO, cum quadf^tp 0£,' nempe ad rectanguluni 
D O E^vcD Ca ad Hj &per punctum 0,erecta perpen- 
< < * ’ - . - icu- 
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.* ducUfagpepte G F, in- 
telli^antur coni fact! confueto modo, IFGIC, GDK.. 
Dkoi(|of efre,quxr«oiV q r ■ 

Cbnus~FC K , acT conuqf Gt) Ki"6b caftdem bafitn 
GOK,c(l;vt‘FO,adO’D. Scd* ratio FO,.adOD, 
d? fpris Tump^© j^,f:qmpqnUi^-cxyati 
& ^jjratione O .£'« ad Op . ’irgo latio coni F d IC , ad 
coniini ejtratione FO , ad 

O E, 6c ^ilclo|i^ 0(Ef>* id,^0 D. Sed v« F Q, ad 
O E, fie quad ratum GO, ad quadratum OE,feiiiec- 
fanguluni-biQ.:ii 4 .adJ|u^lijquadrato G O., ad.idcmqua- 
dratarn-OQ&i ^a<i<?qtfDqiiC ^oiji F G K»ad conuih 
GDKf, coftyaofimiiiiaJatioop f^QOj.ad 
qoadmamiO £;6(@)&itioi2d.(^(£/^ Q D . .Sfd isti{| 
rectanguli L O C , adquadratuni OE, componiim ex 
rationtoiH-GOj-ad^O-Ej 6c t-pr«d OEr^-Ergo-ratio co- 
ni FGR,adconumGDK,corf>poneturquoqu^x ra- 
ripiJibtit>COi.i^dA^^jcE 04 9p ♦ 

i«ic(Acm L O , A^fO coni' F G K ,^ad co - 

numQDili^aompj?pcW OE,6<^'’ 

LO, ad 

rectanguli L 6 C^a4 5«ct^g\ct^P pE,- 5c rcctangU- 
lo LOG , funt «qji|^jj^ecHiJlgJ»fe>E C O , EOC , ( vc * 
confideranti patet. ) Ergo, yt rectangulum E C 0,cuin 
rcctangulo EOC, ad rectangulum DOE, nempe, vc 
DC,adH, ficconusFGK, adconumDGK. Quod 
crac faciendum . 

• ' G % LEM- 
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LEMMA XX ' PROP'XXX- b 


■r 'jIi 


! >j jj-. 


Sit re£ta linea A B ^ fdfta in diibbiii 
; ' punbtis C, D . Dico rebtangulum 
ABC, cum rebtangulo A^C, 
. B D,excedefe reftagulum A'D.G> 
' redtangulis A B ]])', A^D B . 


till i>- 


K ^ ^ I : 


N A M reAanguIainABGj'cft-^qiialc duobus-re» 
dtangulis ABD; &;A r^angulum 

verb AB, CD,e(laequaIcduobusre^angttlu ADC^ 
& B D C. Ergo r«^angulum A BC ,'ex^adic red^abgit- 




i: 


+ 


j , ,'< r;~ ' . , 






lum ADC, redtahgolo A'B D,& re^anguloBDC* 
Sed 'rcdtarigulum C D B^ cum Wi^bgulafn AC/DB,^ 
facie re^angalum A D B . Ergo re^ngulu'm A B C ; 
cum recSkanguld A C , D B , exccdic rc^tan*^' 


i« J 1 

T' [ 


gulum A D dtiobus rc6tangu« 


.it. 


ij . 


.o * 


lis A'BD, &* ADB, • > • i ’ -*? ■ 
‘QjJOderat often-' - - L o- 

■' dcndumi 


• » Ok. { 1 k ! 


ti. 








LEAT- 
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. t EMM A XXI' ' PROP-: XXXl- . 

t)atarn reft'am lineam X B .’fe^am 
in puncto C , rursum ipfam fe- 
, jCare inipunctOj E),:,, j B J 

rectangulum: ABDj cum reo. 
V.'tanj^Io ADB',' fit ad reqtangu*; 
, lun\ ADC, in data proportione. 


I AFa prppprt;iofi^ , qu^l^abct, A.J , ad H 
f producatur A.B, in E>.ytiB He acqualis B Q Sc 


IJ producatur AB, ini 
fiatvt AB,cumH,adH,fic AB,adAF,i & paritcr fic 
B C , ad A G . , ELursura producatur BA, in K , y t K A, 
fit x^ualia GP. Tunc,fiiper diatpetros FB, 8c KE, 
fianc femicircull id camdep partem )'& apuocfio B, 
ere<^ BL>peipcndiculari occarrente periphxrix circuli 
' -'T * mino- 
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nn'npris in L; p^r punctiijfn U SucAtur J>il^raIIcl3L-* 
K EjOccurrcnspcriphxria: circuli maioris inO,- a auo 
piincco O, dimittaturdiamecro K E/perpihdkiiiirfe 
O M , & ipH M E , fiat a:(jua]is B D . EHco punctum D. 
cflc c|ua:fitum . - 

Nam, quoniara quadrata L B;& O M,’funta:qualia, 
etiam rccta.ogula K,- M E, '& F B E, iftis qugdTatfs atqua- 
lia, erunc acqualia . Sed rectangulp FB 
rectangulum F B C > qaia B E , facta eft xqualis B C j 5c 
icctangulo K M E , eft xquale rectangulum K. M , B D , 
quia ME, facta eftajqualis BDj ergo, rectangulum 
F B C , erit xquale rcctai^ulo KM, BD , nempe duo- 
bus rcctagulis K B D>& ME.Dj in quae diuiditur rectan- 
gulumKMjDR. Atrectangulum'MBD, efticqualc 
rectangulo C D B ; quia,cum B E> fit fecta^qualis C B j 
& pari ter M E, facta fit aequalis D B 5 ergo rtqqua B M > 
cric xqualis reliquaE 6c rectangulum B D, 
eiit aequafe rectangulo C D3 • Ergo, 6c rectat^gulum 
F B C, erit zquale rcctangulisK B D , 6c C D B ^6c ad- 
dito corarnuni rectangulo AF,BCi ergo rectangulum 
F B cum rectan^ulq A F>B C > nenipc tbtum 
gulum A B C, erit xquale rectangulis K B Di C D B, 8c 
A F, C B . Sed recthngulum A diuidif® idd^f ^ 

ctangula, hempe A 6 D> & A B^ Ct) j 'fc'pariteic r^aailt 
gulum KBD, diuiditur in rectangula KA^ DB, 

A B D . Ergo commurii biric inde ablato rectangulo' 
A B D, rcmaiict ex vna parte rcctangujum ABvCD,' 
ar quale rectangulis KA, D Bj;' C D B^ ;6c A' F, C B . Sed 
quia K A, fatta eft squalls G F/ rectartgulum K Ay D B',.' 
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c5iVfl5qualerc<p;adguix> G,F^ quar^ wctahgulum 
A^, jC P,^t^ «qualc rcctangulis G D jC D B, 

A F I. ,C B . rcctanguldtn A Bi C,I> , diuid^tuf f 

in rcciadguIa B DC, ^4’D,Ci.qg9ffjursiijn^commu^^ 
ablato reftangulp BDC,rcciangidum,AD.C,crit ae- 
<jo%le ic^capgalis G F, DB j &^AFi C B. Q^d fcr- 




;ri'-rnrc h/ fCJ <i! J- .r-l'li ; '.I hOi 1 



K A G DP C ,p A mi: 
Quoniam ver^ facciinl'tf 01,'vt A B^bdrh H, ad H, cam 
iota BA , ad totam AF, quam ablata B C, ad ablatam 
teliqUiC A, ettH? ad r«liqi^ F GJ vt to^ 
ifa' ad toCam\ feii'^ fl A, cam H, ad H f at ver6 j vc BA, 
dd ( Tumpta commiin^alticudirieB'G, ) rcctan- 

MiimABCiad rectoW^Iuhi A f ,BQ i d: vtC A >ad 
FGl'fJc fdhipid tdffOfnftfn{i aldt!udifi(( D B i- ) irectangu*^ 
ldi!r!rA€,'DB', ad rectangulura GP, DB,* cigo, '& vtf 
B A’i^btitn H/ad W , fic cft'tSm rccCangulum A BG> ad 
rectangulum AF ,CB, quam rccrangulum AC, DB, 
itfr^^ad^dlubh G F JD BipBrgb}& Vt B Ay<J4itiiH,ad 
'Ci’x ^ ^ H,fic 
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. . 

H ,fic amboantecedenria adaiiiboconfcquentia^netnpe'’ 
duo reifiartgula A‘ B'G', & A G'j DB i ad duo rc(flangu-^ 
la A F, CB,&CV,'D K n^pe ad rciftangularruli* - 
A DC‘, qtiod fupra^’jilisdiidbus Tcdtangulisprobatum 
eftacqaalc. Ergoi’ikdiuidehdo, vt ABJ’ad H,fic cx-'* 
ccflus duorum rt£tangulorum A BC, &. A C, DB, 
fuper rcdangulum A DC, ad rcdangulum A DC; Scd 
iftc excclTus , in fupcriori Lemma jc probatum edsqua* 
le duobus retSbuguilis A B D , & ADB. Ergo, &vc 
A B, adH, fic duo r.e«llanguia ABO,&ADB,ad 
rcdlangulum ADC. Qupdcrat faciendum. 

I » 

PRd)BLEMA XL PROP XXXIL 

’ \ 

D.ita portione minori hemifphjErio, 
facere eadem , quae in fupe- 
1 L: ; ’ rrioti Problsmate -JRli. ,.,C )_ 


' i<3iiiC;r \ ji: , A d i- 1, i 

S INT^ -]dafia.onini^„ quasin fuperiori Pro^ctnatt^^ 

' fed portiq.A.C B, fic.iiiinprhemifphajriqfjjPau 
E.C, /qda in>!pqq^o D<;rursuiu d<u|daturi iuh , intcc 

Ci Ds v)fe(^ngqU E^Q|jE,OQ,fjntf^d re^angplum 

IjOfiD^ ad H 5 j& g pi^ndjo ,p norq^ 

G 0,K,r;8^^ pundloG) cangente G F, iqcclligaqi^ ^ 
( prius duda G DJ coni F G K, D QK.,. Qups c^co cf- 
ft.quaffifo? , . , ,;„p 

qpp ,c^ ip fuperioij 
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Probicmate, deforis fiimpta O E , probabitur conuni.^ 
F G K , adconum G D K, Habere racionem cotnpontam 

it ; - • . .1 ■ . ' 



■ . 

cx ratiofle redlaiiguli L; O C, ad quadraium O E , 8;^ 
cx ratione O E QD « Etcbdern oiodo probabitur, 
ex iftis racionibus componi rationernrectanguli LOG, 
ad rcaangujum fi 6 D. 'Scd' rcaangiilum LOG, eft 
iqo^c rcaangnlis ECO, EdCrErgo &c. Quod 

crac Sciendum. ^ 

. *1 ' , - ' 



H SCHO- 
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SCHOLiy.M^ 


Q Vacuor anteccdentiaProblcmata potuiflenc pro- 
poni Tub vno tanto'Problcmate .* fed quia 
quolibcc horum quacuor cafuum requiruncur 
diuerfa Ltrmmata->idc6, claiitatis gratia , Probleraa di- 
ftinctum eft in quatudr Problemata 

Pariter hie cflent tradehdx cbnftruccioncs horum_j 
duorum poftcriorum^roblemawm in fupcrficicbus co- 
nicis j fed quoriiam non habemus folutionem nifi per 
locum folidu/n ; &in hoc Opcrc non intelligimus cra- 
dcre folutj^p nes,mH{>ei locum piaau j4deo«x;nduftria 
omiciuturi refeiuando carutraditioncadaliud canpus, 
quo, Deo fauente,alia circa banc materia confetibemus. 

LEMMA XxriPROPXXXIIf. 


Daris duobus femicirculi? extra fe po- 
firis,nec (b contingentibus,quorum 
diametri >fint fibi in directum , re- 
■ perire in linea intennedia iriter duos 
. ^ lepi|cii;culps,punctufn, a.quo.dju.er 
tangericito .femicircu os , & a 
punctis cotactus ductis firiibus rcc- 
tis.abfcindantifti finus verfos, feu 
fagittas , in data proportione. 

Sine 
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S INT dati duo femicirculi B F P , G G A , ?xcra' fs 
jDofiti, ncc fc contingcnteStquQrum diam«tri B D, 
C A^unt vna linea cocinuata. Oporccc in fegnicto inter- 
me.dioC D, rcpcrirepun(fiuni E , a quo du<Stis tangenti- 
bus E G , £ F , & ,parifer"dii.6bs finibus rec^is G IC, F; Li 
abfcindant iftifinus verfos| K C , D L , ittdala propor- 


tione . 





Cetv^a fcmicirculorumj fine . ; j ^ ; : v 

M , & N , & data proporcib fit , , , j , 

quath habet MC, ad Hi qu^, . 
vclfcft acqualis ei , quatn-hjibet\ . • A 
MC, ad DN, ^ci maiqr., vel V .. i / y 
midor. Sificicqtjalis. Diui^atur V 
CPjinE, vcfic, ficut MCj^d J . fV— r-r- 
D N , vel ad H , fic C E, ad E D.v / ^ 
Dic^pun€li|m Dj efle quafituT;*' . p ,CI oXu 
D ucaiw;ur^irig?nfcs 7^ perpen- i ~ — A - 
diculareV^&lFN, GM,vtinL*» ' 

fehemate Q^matnArt -C E^ad — ^ -y- ' ■ < 

E D, fic C M, H D N } cigo > & ■ . - .pj t 

permutando, & compiJncndd, ' 

vt E M,ad M C, fic E N, ac^ ND5 ; C? . f ' 

VC autem E M , ad M C , fit C-Vt \ , • 

fa:pc dictum eft ) C M, ad M" K ,♦ \ ' 

& paiiter, vtEN, ad N D, fic ' 

DN,ad NL i ergo ,& vtfc M,,^ ' Ac-', 

ad M K, i ca D N, ad N L/; . 

& pci conuerfioneto racionis; , vt . - i - v 

^ 9 ^ ^ Pi D L . ^Et permutando 
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CM, ad N D , {cu ad H , (Ic CK-, ad D L . 

Si ver6 proportio M C ,'ad H, fit minor E A , qdam 
habet M C , ad D N , ncmpe fi H , fit maior N D ; fiat 
DO, arqualis ipfi 
H 5 & fiat vt O N, 
ad N D, fic C M, 
ad DP, &OD,ad 
P ipfi DP , po- 
fitam in dircdlum , 
vbicumquc cadant 
ifia punda P > 
fa£tis autem fuper 
P C, Q C , femicir- 
culis ad partem op 
pofiiam prioribus, 

& a pun<SioD, ere- 
da normali D R ,• 

& perpundiKn R, 
duda RT, paralle- 
Ja Q^; & apundo 
T , dimiflaperpen- 
diculariTE. Dico 
pundum E, 
quxfitumj hoc eft, 
quod dudis tan • 
gentibus EG, EF, 

& pcrpendiculari- 
bus GK, FL,crit,vtMC,adH,ficKC, ad DVH 
lam quilibet facilitcr proprio Martc poteft cog'tib^ 

tccre. 


i. 

.: U ll 


cn^ivi 


tjf. 


LtL Jbit 
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icere ] quadrata. D R.i E T,e(Tc3cqualia i ac proindc_^ 
acqlialc quoque cfle rc<flangulum QXG , re<5taogulo 
P D C . '.Ergo , vt QE , ad P. D , Cic.D C, ad C E. Ec diui- 
dcndo^V? QP^cuin D£, ad PD, fic DE, ad EG, 
Scd ( fudipca copans^?ni alji^dine O N, ) vc ,xuiti 
D E, adP D, /icredlanguja QJ^, ON, &D E, ON, 
ad rcftapgulum P D , ON. Ergo, vc D E, ad EC , fic 
re»iiangula QP, O N, & p E, O N', ad’rciaaogulum 
D P/'ON. Sed rcdangulumQP,PN, cft.t:qualt_^ 
rcdlangulo O D N , ('qtiiafopj;a fadum eft, vc O N, ad 
ND,{ic ODjadPO.-) Et paril^r rccftingulum DP, 
ON, efticqualc i^Aangu|o N D,t M , ( quia paricec 
fadlum eft fupca , vc O N N D, jfic C M , ad D P . ) 
Er^ , & vt D E, ad EC , xc(ftanj;ului« O D N, cum 
re<5ti^ngulo O, D E, jd re^aagulura N D, CM. 
Scd vt D E,,id EQ ficcfti (^fyi^ca coiBmunialcitudi- 
ne N ) t^^JanguTum EE) ^ ad rcdkacigUlumN D:, 
CE. Ei^jBi: vt D E,ad 4 C, cam cftrc(fiangulumL-.> 
O DN jCuittfC^^nguirrON, D E,.ad.re(ftaqglilum 
N D, C M", qila^ rciSlangUlura N DE , ad rcitingu-. 
lum N D , E C. Ergo , t D E., ad E C, fic ambo an - 

cccedcntia ad ambo confeqticntjjij ncmpe re(5tangula 
ODNjNO, DE,& NI| re^ahgula N D , C 
&ND, CE. Scd rectigK)g|lj1aOD^4i NO,P'£i6<^ 
N D E, faciunt leiftanguldmOD/ N E. Etparitcr re- 
<ftangula N D , C M ND , , faciunt redangu- 

lumND,EM. Ergo/dtVr I5 e, ad EC, fic re<ftan- 
sulum O.D^ N E,adrccianguIum:ND, EM.. QiK)tf. 
leruetur.- - .i.. !i. /v’’ /.i 

Rur. 
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r R[ursi^nii vt D^i ad i He ^ TuHipita comum alcitii^ 

dineM'C,) rectangula'm DE, MC,adrectaogulum 
E C M i ergo & ye rcctangulum O D , N E, ad rectari’^- 
gulum ND, EM, ^ - » .. • 

?ic|rcctangulum— .5 
D E, C M , ad rec- 
tangulum E CM. 

Ecpermucando , vt 
lectangulum OD, 

N E , ad lectangu- 
lum D E, C M , fic 
rcctangulum N D, 

EM , ad rectangu 
lum E C M . Sed 
vt rcctangulum— j 
O D , NE, ad rec- 
tangulu DEjCM,' 
lie rectangulum-iA* 

O DN,ad rectan- 
gulumDL, M C, 

(vt llatim oftende- 
tut.) Etvtrectan- 
gulum ND ) E 
ad rcctangulum— 

E C M , fic rectan- 
guluraN D, MC, 
ad .rcctangujuni— .3 
M C K, ( vt paritcr ftatim ollendctur ij) Ergo, 3c vt rcc-; 
tangulum O D N, ad rectangulum DJL, C M, fic rcctan-; 

culuin 
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(^3 

guTurt-NDjCM^aUrcctaDguIu MCK. Etpermutati'- 
dojVtrjdctaiigulfi QD.N,ad rcctangnlu D N>C M,^nem- 
pCjVt O D,ad C M, Gc rectangiilum D L,C M, ad recta* 
gulum MC K,nempc,DL,adC K. Ergo,&conucrtcndoj 
VC M C , ad D O, feu ad H , fic K C , ad D L . Quod &c. 

Primum autem;quod aflumpciim eft , ncmpe rectan ^ 
gulum O D, N E,ad rcCtangulum f) E,C M,efle, vt reCr 
cangulura O D N, ad rectagulum D L, C M* patct,quia 
proporfipnes hocumrcctaiiguloium.cxijfJera propor. 
tionibus componuncur . Natii pr9portio D O, ad G M; 
efteademin vtroqueantcccdcncc ad fuumconlcquensi 
Proportio vcro NE/ad ED, eft icqualis proporticxhi 
D N, ad D L ,• quia,cum tres^E N> N D, & N L ; fine con-? 
cinue ptopotcionales, eric| per conuer(ionem racionis, 

vcNE,ad ED,ftcND,adDL ' 

Eodem pacto oftendetur fccundum aflumptu,dempe 
eflcjV'c rectangulu N D,M E,ad rcctaiiguium E C M,lic 
recrangulumN D, AtG, ac{ rcccangulum M-C K.. Nam 
paritcr in vtroque antecedenti ad fuura confequcns , eft: 
proportio ND, ad M CjCeliqua verb propomo,H E, ad 
E',0>- eodem modo concludctur squalis proportioni 
Mc,fdcK:. '■ ‘ . 

Si verb proportio data maior He ea,quam habec M 
ad D Nj Kepe Ci H, eft minorD N. Ffat ei acqualis DO; 
& fiat,vtNO,adND,ricvtraquefimul OD^ &CM, 
ad aliaraj qux, vcl erit xqualis DC , vci maior , vel mi* 
nor; & (ic ifte cafus habebic trescafus .. . 

Sit primum a:quaHsj Sc diuidatur DC, in Q^in par- 
tes conlequcntes proporiionisj nepcjfit,vtNO,ad ND, 

fic 
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ftc MC, adCQ^&DO, adD'Qr& ipGC(^, fiat 
equalise Pj Sc fuper diamecrb DP, fiat femiciiculus 
dtp, ad partem ^ , 

oppofiraprioribusi 
ac a pu6lo C, criga- 
tur normalis CT; 

Patec C T,maiorcm 
cHcCP, fed CQj 
& minorem C D • 

Fiat eisqualisCE. 

Dicopun(5tum E,F 
cflequarficum. Sint 
ergo dudlx rangen 
tes, & perpendieu • 
lares, vt in fehema- 
te. 'Qi^oniam tres 
PCy'CT, &CD, 
funt continue pro* 
portionales. Ergo, 

Sc ires CQ^CE, 

&CD,eisxqualcs, 

erunt continue ^ 

propoftionales . 

QuarccritjVtDC, 
ad C E, GeC E, ad 
C Q. Et diuiden- 
do, vt DE,ad EC,‘ 
i'lc EQ, ad QC . 

Et VP vnum ante- • 


i 'Ji -^vr 


I 


ceden- 
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^5 

i .'ccdentium ad vntocohfequcntitjm;nempc vt D E, ad 

I EC, ncaraboanteccdentia ad amboconfequentu 

nempe coca DQ^ ad.E-G^umC Q^Scd vcDQ, ad 
ECjCutu C Qjjic frumpcaconamunialcicudineN O,) 
rcctangulum N O, D ad rectapgula NO', E C , 
NOjCQ. Ergo &: vt D Ey adEC.^ Cit rectanguluin ' 
NO, DQ^drcctaijgola N 0 ,ECj&N 0 , C Q^ Scd 
lectaneultyN-QjD Q^cll^quaic rtccangulum N DO, 

( quia lupra factum eft , vt NO, adND, ita D O, ad 
D Qi ) & pariccr rcctangulum N 0-, C Q, eft icqualc_i> 
rectangulo N D , M C , pariter fupra factum eft, 

vtNO, adH^riacMC, 4 d CPj.feuadCQ^, ei x- 
, qualcm . )^rgo, & vtD E, ad E C , fic rcctangulum— .> 
N D O^'ad rcctangula NO ,CE,Si ND, CM. 

Parftcr vt D E, ad E C^ fic ( fumpta communi altitu- 
din^DOjJ re£tanguUim O D E, ad re« 5 bngulum— .* 
ODjECi ergo & VC D E,ad E Cyficcft'tamre(flan- 
gulum N D O , ad rcdangula N O , C.E,;& N D , CM, 
quam ic<ftangulum O D E, aHrc(ft:anguIura O D , EC. 
^go, 6c vt D E,ad E C , fic. ambo antecedentia , nem- 
, pe reftangula O D N, 6c O I^E , ad ambo confequen- 
tia , n6mpc ad tria re^angula^'D.; C M j N O, C £ , 8c 
O Dj C By Scd redtanguUrIn (') 0 N , cum re<ftangulo 
O DE,eftxqualcrc&anguloOD, NE5 6c pariter tria 
re(Slangula N D 6cNO, C E, 8cOD, CE, func 
xqualia rcdlangulo N D, E*go , 6c vt D E , ad 

ECjfic rcdangulum^O D, NE, ad redtangulum 

ND, ME. .1: . . , . 

. iftttrsUko«>tDEvad £C> fk ( fumptacommuniaicir 
t 1 tudiac 


.gii 


C 6 



teccanguhtm DB, CMi^idcedUf^iJiiai 


E C M . Ergo, & 

VC redanguluOD, 
N £,ad redtangulu 
AT D , M E , fic rcc- 
ungulu D E, 
ad rcctangulum— 
ECM. Etpcrmu^ 
tando , vt rcjftati' 
guIuniOD, NE, 
ad rciCtangulu D £t 
C M, fic re^langu- 
lum iVD, ME, ad 
rectangulu ECM. 
Scd , vcredangulu 
OZ>, A^E, ad rcc* 
languluDEjCM, 
fic rc(5tangulum^ 
O DN, ad rcdan- 
gulam DL, CM, 
vcpacet cx proba- 
tioneraperioripri- 
mi aflumpti; & vc 
re^angulura N D, 
ME, ^ccdangu* 
lumE C M, fic rc- 
^langulurn N D , 
MC, ad rcdlangu- 




ij. cdr.-jj ■ 
Jr 'O «K»3 


\ .Q 


d 




^ A i 


\ lA i I r’Tin ' 


M.afbsi 


ULirp 


. oil t O 


luin M CK., vcpacet exprobacione fediodjiaiGiRipH^ 

Ergo 
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& vtfc6btogtjlum ODN, adrcdlanguIum.D L 

‘ ‘ ! ( :'!, if)' 

lumND, CMiad ..f-.\.\ r ::j.'fL iki 

redlangulu M C K. T i u ; ■ '] - n " 

Etpcrmutando, vt n j , Ti i ^ ^ ^ 

rcdlanguluODN, L: ; .n ; 

ad rc(lHgulu ND, 

M C> nempC;»:Wt^^^!j:v . . i....ri [. ! ‘ . 

^ O >^ad ) -fie • jQ- J ^ i-u. , ' - . < - j ' 

(e^^anguluiii DL, . \ \ i ' . 

CLM,adre<SUngo- ^ ‘ 

lam M CX’, nemr.f i^-si ~ \ . ii3 . J « - X/ ' > 
pc iicDL, adCX. jii * ' ' ly j ‘ i X > i 
Quate> & 0tiufir>3 afcs*/ j\ . -. 

tendo, vc MC,ad i 
PQ, feu ad lie . 

KlC^ad DX.Q^d 
cMt faciendum. «oi: 

Sli autemilLu^ ^ 
atia Hcmaioi DC. 

SithaccDXiC^^ : 
paricerDX, diftin>.< 
guacur in Q,»'in-^l 
partes proporciona f i 
les,nempe fiat , vc 
NO, adND, fie 
tam O D , ad D 
quaMCjad Q^. 

&ipfiQX, fiatJcqualisCPj vbicumquccadanttria-J 




'jinc 
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pmvSta Q^X , F. dciiidc fiipcr ciiametnlmi) f<T* 

micirculusDT Pj &erigacurnormalisCT , acdiuifa 
C X , bifariam in Z, & mjicta ZT j ccncco Z,jritcmtl* 
lo Z Tjfiat fcmicirculus ET R, aui fcmper Tccabic D Cj 
inter puncta D,C, vc pacebit inrcrius. Dico panctimi 
E, cffc quacfituin. Ducantur cnim tatjgentes) peri 
pendicularcs. Quoniam eniin reftangula D C G R, 
funt .'cqualia , quia jcqualia eidem quadc^toOT [i, 
cum redangulum RC E, fica:qualerd5j:angura X EG^ 
quia, cum Z E, fit jcqualis Z R, & Z X, fit arqiia^s Z^C, 
ergo reliqua E C, eritxqualis reliquxXR . 
redtanguUim D C P, ericxqualc rccliapiguloX E C»Etgo' 
VC D C , ad C E, X E , ici'C P , fed ad Q;X , ef dfcqoa- 
1cm. Ecdiuidcndo, vci:)jE*adE C,ficBQ,«dQ X. 
Eeve vnum anteccdemiiimad vnum cbnfequriidum » 
ica omnk ancecedentiaad omnia conlcquendaj riempe^ 
VC D E , ad EC , fic D Q^ad'^C , Jn rtfln 

quis fcquatur prxeedens demoriilratio, neoapCjwD 
ad EC, cum Q X^^c (fumpta coramuni aiticudinc:^ 
ON,) &c. • 

Qimd verofemper lemicirculus fccet DC,inter'C,D, 
patec . Quia fi non fccac, vel cadicin >D, velvltra D- 
Non in D j quia tuhcpun<3Hira R , eifct idem , aeP* j & 
cHTcc idem fcmicirculus D T P: Cum wgo coca ZD; ef- 
fet xquatis toti Z P j & Z CyZ X j ergo , &rcliqua D Cj 
c(lec xqualis reliqux X P- Q^re, addita com.muni 
CX ^ coca DX , efler .xqualis CP. Quod implicat; 
quia CP, fadia cftxqualis cancumQ^X, qux eft pars 
DX. Maius abfurdumcoQcdudcretiU' fi pun^tn |E> 

cadc- 
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ca4cfet vl^a l?iy.;b.|n h i quia tunc pua<Slmu R, 
^rVi; yltra P, puta-^ ; ‘ ’ ' Cli t, . i 

in. ;S^& , 4 ln■c rccr/ rji, '* ‘1 ( 

tangulum D CP, / - ' 'r-yu- ■’H ’ 

ciTet lequale recSla- / . . . ./ * ! . 


gulo L C S, quia 
ambo a»qualia eidc 
quadrato T C , cx^ 
hypothefi falfa.Sed 
rei^angulo LCS, 
eflet aequale rcc • 
tangulum X L C 
quia X $ , eft x- 
qualis C L . Ergo 
reftangulu DGP, 
eflQt xquale rcc- 
tarigulo X L C . ' 
Quare , eflec , vt 
DCjminot ad CL,' 
maibrem (Ic X L , 
ad CP. Ergo XL, 
eflec minor C P j 
cum CP, fitxqua- 
lis QXi non foliim 
minor L X , fed 
ctiam D X . Patet 
ergo aflumpeum. 


-S I tandem ilU'", : ' : • .f.T".- 

alUuiminor^D.C, Sichzc DXr.fc<iillinguatDr i 

o.4i' 
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Q^, in partes proporrionis,vt fic'fJcutNO; ad^^D, Gc 
C M , ad D & O D, ad ,* 5c D Qj^fiat sequaHs 
CP. Ec fuper D P, fa(5to (cmicirculo ,^5c etefta normaji 
C T , diuifaquebifariam X C, in Z, aciumaa ZT; cen- 
tro Zjinceruallo 2 Tjfiac 
femicirculus R T E , Pe- 
cans D C , in E , inter 
D , C . Secabit enim , 
quia , ciim ZP, fit 
nor ZD, quia , ex hy- 
pothefi D X, eft maior 
D Q^hoc eft C P; 5<^* 

XZ, eft xqualis Z Cj ' 
vnde Z T. , eft minor j 
Z D ^ Dico puneftum E, 
efte quxfitum. Nam du- - 
6lis,‘ vtprius, tangenti- 
bus,5c finibusi rcdlan- 
gulum D C P , eft xqua- 
le re<ftangulo E C R . Er- 
go, vt DC, adCE, fic 
RC, adCP. SedRC* 
eft xqualis E X 
CP, eft acqualis 
Ergo, & VC D C, ad C 
fic EX,adDQ. Ecdi- 
uidendo.vtDE;-^^^, ^ ^ 
fic exceftus X E , fupTr D Q^ad D Et vc vniiiir an •' 

tecedcnriutii) ad vnum cdtirequenciutn, ica ommVan- 

tccc- 


.fillJ 
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icced^tiajadonjmaconfcqu^ntiai ncmpe, vt DE,ad 
E^C , *fic cxccflfus D fupcr D.Q^nerape ad 

PQ,cum,EC. Scd, vcQXjad DQ^cumEC, fio 
(fumpcacommuni alricudioc ON, ) dec. vtfuprafac- 
cum eft, 5c concladctur propofttum . .Fadura eft ergo 
in omnibus cafibus , vt M C ,*ad H , fie K C , ad D. L . 

Qgod cratfaciendum . i ^ ^ ! v 

- » ' 

PROBL-XlI-.PROPXXXIVi - 

Dads duabus Iphaeris cum condirio- 
nibus fiipra pofitis reperire puhe- 
>vt ductis tangcntibusEF, 
E G > & a punftii conta6tus.di- 

miffisperpedicularibus EL, GK, 
ad diametros , & G M , F N ad 
centraj&ex reuolutiohe fe<Storum 
planorum GM C, F D N, cir- 
ca B A i faftis fe<5toribiis folidis 
GMPC, & FNODj ifti fine 

; ad inuicem in data proporrione ; ■ 

e Aw prop^do/ic 'habcc R, ad Si 6c fiat. 

aaP Nr,ficl^,ad Cli'Sc pauepr fiat, vc 
K ,ad,Q^ r^c P ^,i)cmdc Lii^tcllcais w ausjpho 

V CIS 
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ris fedis per axem mbre‘foKt 6 ') ptt Lemma antcccdens, 

inuelrtiatur; pun(ilum E‘, vc duif^is cangencitms E F, 
E Gj&perpendicalaribus'GKVFL j fir, vc P,ad'S, He 
KC, adDL i & intcHigantur fc<fl:ores, vein fchexhacc. 
Dico pundum E, eile quxfitum. Cura cnira fadurii 
fit, vtR, adC^-fic i-.o ‘ JV iirr , ri: 

M C, ad DNjergo, 
vcquadratum R,ad 
quadratiim ( 5 ,nfra- .) i 
pe , VC R, ad P , fic 
quadratum MC, ad > ^ 1 
quadratum ,D 

-I 1, N r) ^ I 

verum,cum propor- 
tio R j ad S, cornpo- ' — ^ 
naturex proportio- * — ^ 
nc R,ad P,& Pjad S 5 " ~ . 

&■ Vc R, ad P,fic fic ' '• 
quadranim MC, ad _ ^ > 
quadratum DNj 5f ^ 
vtP,ad S,ficKC,'ad-^‘ ' ' 

DL. Ergo propdr- 
tio R , ad S, compo -p> < 5 ) 
netur quoq,- expro- " ^ . 

■j^rcione ’ quadrat! ' 

MG, ad quadratum DN, hocefiex dupla proporcio* 
ne M C , ad D N, & cx proportionc K C , ad DL . Sed 
*vc vna propoitio M O, ad DN ,Tid'AC,dupIa CfS, id 
O B , doplara p N v Ergo proportib R,*a(/ S, compodl- 
njr ex criplici proportionc' nempe er proportion c, j 
^ ‘ MC, 
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•MC;adDKIvcx:propoftioncAC, ad'DB, &cxpro- 
porciouc KC ,iad DL i Sed proporciones AC, ad 
JQ) K C D>Li , faciunt ratioqeredianguli A C K, 

ad rc<3tanguluna B DL 5 nempc ( dudis G C, F D ) qua- 
drat! GC^ad quadratura F D . £rgo proportio R, ad S, 
cQQiponejCUC ex propQLtione quadrat! GC , ad quadra> 
tumFD,&cx proportionc M C, ad D.N.. Sed haidu? 
propordones componunc rationeiti fciSlorisGMP 
adfedlorcmNFDO, vt clicitur exArchimede lib. i. 
de Sphxra , & Cylindro propoC 4 r. 8c ex no(lra ptima 
propofidone h'uius. Ergo,vt R,ad S* fic fcdor G M P C, 
ad lc(5lorcni F DON . C^jod erat f^iendum *. 

PROBL XIII- PROPvXXXV; : 

Datisijfdem, qux in fupeiiorii Prob. 
lemate^ facere eadem;quae ibidem'^ 
VC fupc'rficies fphxripa . p6itidhi$ 
G C P:,^ fit ad luperficiem fph^- 
ricam pprtionis F CjG y,1n data 


propprtioncy 


3 . , ' • ; I ; .'tUvU . 

. X'* u: ;i jn > 


I Vngantur FD,GCj &dara proporddfit, ^uam^ha- 
; hetR^iadS ; ic fia^ DjRf 

& ,pcrpropo(Ttioncm 35. diuidatutiODyi'l%‘'Ei;-v!’fa(£Jte 
omnibus , qux ibidem , fit, vt P , ad S , fic K C , ad D L ; 
•OH^^ ' ' K 8c 
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& rcuolatis omnibus , & faais pordonibus G C P 

F D O . Dico cfle quacfitas . Nam propdrtio R , ad S, 
componitui ex proportionc R> ad P,&cxproportio- 
nc P , ad S i vt aiitem R, ad P , fic A C , ad D B j & vt P , 
ad S, fjc K C , ad D L jergo quoque proportioR , ad S, 
componetur cx propottionc AC> adDB, & ad 
DL, ncmpe, expro- ' - 

portionc rectanguli 
AC K,ad rcctangu- 
lumB DL) (cum_d ; 
proporiipncs horu 
rcctagulorum cora- 
ponantur ex ijfdem 
proportionibus ) er- 
go, VC R, ads, fie re- ^ 
ctagulum A C K,ad ^ 
rcctanguluro B D L, 
nempc, fic quadratu 
GC , ad quadratum 
F D 3 tiempc , fic fu- 
petficics fpha:rica__j 
portionis GC P, ad 
fuperficiem fph^rica 
portionis F DO ; vt 
eliciturex Archime- 
dc prirao, deSpha;* . 
jaV&C.ylindropropofit,4o, & 41. £rgo factum eft i 
<juod faciendum erai#» -‘iuib.»' ' T.noi ’ ^ 

. '1 :• ’ . y.'- ? » : • 


SCHO- 
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SGHOLiVM- 

• ^ ' , • , ■/ 

M Vlta alia Probicmata cflentfolucnda circa hanc 
materiam,* fed quia eorum folutiones nonte- 
nemus, nifi, vcl confufas, vcl per locum folidu ,• & cum 
in prxfcnti, vcl careamus tepore ipfas diftinguen di , vel 
non intclligamus traderc, nifi Probicmata folura per 
locum planum i idco corum folutiones ad aliud opus', 
quod , Deo fauence , imprimetur , remitcimus . 

LEM XXIll PROP- XXX vr- 

Datis duabus reftis lineis^vnam illa- 
riim talker producere , vc quadra- 
turn compofita ex data cum pro- 
■duda , vna cum quadrato pro- 
dud«, 8c cum redanguloconten- 
to' fub tota cum produda, fic fub 
produda, fit ad quadratum alte- 
riusdatx lineaE indata proportione.: 

D Atx dux redx linex Gnt A B , 5c D j &data pro- 
portio fit , quam habet A B, ad H5 oporcet pro- 
duccrc A B , in C , VC quadratum A C , cum quadrato 
C B, 5c cum tectangulo A C B , fit ad quadratum D, vc 
A B, ad H . Patet proportionem A B, ad H , deberc efle 

. ' K a maio- 
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maioiem ea,c[uam habetquadratiim Ap., ad quadra- 
turaD. Fiat, vc H , ad terciain patrem ABj fic<juadra- 

. . • ; ■ ; . ^ s.- ; 'i V 





turn D» adquadracuralC. Patcc facilicer, ex deterrai- 
nacione Lemmatis, quadratum K , maius cfTc tertia par- 
te quadrati A B . Erigatur ergo a pundio B , linea B F, 
perpendiculariterfuper A,B, quae, poffic excelTutn qua- 
drat! K , fuper certiam parcetn quaaraci A B ^ 

A B, bifariam in L , & iun<Sfca L F ; cencto I.' 9 incef ualio 
L F , fiacfemicireulus , cui occurrac A B, hitic inde pro* 
dudtainpundlis M, C . DicopuncSbum C, effe qhaefi- 
turn . Quoniam enim rcctangula M B C, & A C B, func 
sequalia, & re<l^angulum MBC, eft xquale quadraco 
FBj ergo redfcangulum A C B, eritazqualc quadraco 
B F. £t addica communi tertia parte quadrati A B, ergo 
rciftangulum A C B , cum tertia parte quadrati A B,eric 
atquale quadrato BF, cum tertia parte quadrati AB, 
nempe quadraco K. Ergo quadratum D, ad hxc ha- 
bebit eandem rationem . Sed quadratum D , fadum^ 

eft 


Digitized by Google 


7 , . ... - 77 . 

pagwfrn^ Er- 
go ;&'Vi!Hi ad ¥tftiam 'partem A*B;> fie qttadftitdiii! T> , 
ad'r^^lang^Iund^ A C B, cum certia parfe'qiiadraii A B‘; 
fefgc/^caotortfcqucntiuW tnpla,nempei vrH>‘^AB; 
fie quadracum D, ad qaadracum A B, & ad cria re(S);an< 
guIaACB. Etconucrtendo,vt A B, ad H, fie quadra- 
turn A B> cum cribus reiSlangulis A CB} ad quadracum 
D . Sed tria rcccangula A C B , cum quadrato A,B, fa- 
ciunt quadracum AC, quadratumC B, &vnumrcccan- 
gulum A C B j nara duo rectangula AC B, cum quadra- 
to A B, faciuntduo quadrata A C,C B, vtconfideranti 
patec. Ergo, & VC A B, ad H , fie duo quadrata AC, 
,C B , cum rectanguJo A CB, ad quadracum D . Produ- 
eta eft ergo AB, inC,&c. Quod erat faciendum. 

•*' , 3”t '• ' ii j'tivCifj 1.:-: . ’ /' r.T'il ‘ 

Data, > He- 

feribere orbem'- folidumV cuius 
craffities fit' dattadinea'/:,‘b ad 
fohfram.data'iTi j.fit m data pro- 
porttone pbffibili. . ' • 

H OC Problemaeft dcterminatum, &determina-, 
>. tio j quae patebic ex procefsu demonftracionis)- 
eft, quodpropqrtiq data fir maior ca,quam habctcu- 
' bos 
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bus datae Une^ , ad cubum .G^piidiametn (phxtx d^tas. 
Sit data ergo fpha:ni> cuius icmidiameter F K, 8 c -i 
data recta linea (it A B , & oporceat fju;ere,« 
proponitur . Data proporcio He , quam habec A B > ad 



Hi & data linea A Bj talicer producatur in C, vt fit, ficut 
FK, ad H, lie quadrata) AC, ^iB, cum raccaogulo 
A CB, ad quadratum F K.' Facet enim, ex decenxH- 
natione Pcobleniacis , quod A B , potcrit produci , cum 
proporcio F K ,ad H , maidr (It ea , quara habet quadra- 
turn A B, ad quadracutn F K. Namfi eflec acquafisjcum 
proporcio A B , ad H , componatur ex proportioned 
AB, ad FKjSc FK,ad Hj vtautemFlC, ad H,cum 
(ic (it, ex ruppoGcioae > quadratum A B , ad quadra* 
turn F K . Ergo proporcio A B, ad H, componeretur ex 
propoctione AB, ad FIC, Sc ex proporcione quadrati 
A B , ad quadratum F K , qua: dux faciunc ratipnern 
cubi A B , ad cubum F K } quod ell contra determina* 
tionem Problematis 5 quia proportio A B, ad H , ftatui- 
tut maioi ea , quam haKC cubus A B, ad cubum F K .. 

Et 
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Ft n)u|t6flMlU^abrurdum concluaerotui*, fi propordo 
cfTec minor. Nam,codemdircurru,concluderccur pro> 
portionera A B , H , minorepi elTe propottione cubi 
A B, ad cubum F K . Centro igitur C , inceruallis A C, 
C B, defcribanturcirculi , quorum diamecri A£, B D , 
quibus reuolucis circa diametrosi deicripcjc erunc dur 
(pha:i«',.quariuiidiaj!nctri ibidem A E, B D. Si ergo in- 
telligamus a maiori aUatam'f He mjnorem, cuius diame- 
ter BD,patecrcUnqui oibem, cuius crafficies A B. 
Aflero eueq'uzficum. 

Etenim proportio A B, ad H, vt dictum eflydefbris 
jfutnptaF N 9 cpth|ionfior«Kproportione A By ad F H, 6c 
JF K, ad H ! Vt JUtem F K> ad H, tic &cta func duo qua- 
dcacaAC» CBiyiCum r«aanguioACB,ad quadratum 
FK. Ergo quoqucy proportio A B, ad Hycomponetur 
«x proportione’ A B y ad F 1C , 6c ex propottione quadra- 
coruin A C, CB, cumrectangulo A CB y ad quadratum 
f IC . Sed iftjc proporciones com ponunc proportionem 
exceflusciibi AC, (uper cubum BC, ad cubum F IC, 
{ VC (btim patebic’. J Veaueem exceffus cubi Ad, fuper 
cubum C B , ad cubum F K , tic orbis , cuius cratlicies 
A B ; ad Tpheram , cuius (emidiameter F K . ( Nam , vc 
cubus A C y ad cubum' B C , (ic fphxra A £ y ad fphx- 
ram BO<. < Etdiuidendb ; vc orbis ad fplisram , tic ex- 
cetTus cubi AC, fuper'cubum BC, ad cubum BC. 
Vt aucem cubus BC, ad ciibum F K, tic fphxra BD, 
adTpheramPG* Ergoycxxquaii, vcexcetTuscubi AC, 
duper cubum B C, ad cobum F K , tic-orbis, cuius cratli- 
ties AB,ad fpbxcamFG.) £rgo,6cvt AB, adH, 
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fip pibifi.acl fphaeram FG.j Qgod faciendum propo; 
licbatur, nl • .'.'i /j . ‘lo; ; . JV.', J 



Qu^d .verb iliac dua: pr(^QCtioitcs>4rE jidiF iC >8^^^ 
duoium qua'dcatorum AC,C Bittmi:>ie^yigdldAC^ 
ad quAdfatiim .F K', compona:ni:; racioQcm^c^ceffitscti- 
bi- A C , fupcf cubumBC, ad cobum^F Kr? feu', quod 
fai^uiii Tub A B } in duo quadrata A C,C B, & in re(^aiu* 
gulum A'C B> (it xquale excefTuicubi A C,fuptft cnbutzi 
BCi pawt. Quia, duo quadrara AC, CBj'cuin Mediant* 
gulo A C B , diuiduncur ih quadracum AFI-, :in £ria rc- 
dangula A3C in cria quadrata BQ vin.qux omnia 

fiducatur A B,iient,cubusAB, triafai^a Tub A B, in 
quadratum B]C> & iria fada Tub B C, in quadratum.^ 
A Bj.nempe ^xcelTus cubi A'C, fupercubuth BC.) 
Oftenfum eft enim ab alijs , fcdbraccipdc ibcdmpa^ 

labfti .yiro ^Bonauentura Caualcrio . Pirstceptore . toeo 
amantiftimo, libro iecundoGcomctriacdndiuifibiliutn 
Pf opofit. 3 8 . quod fi reda linea feda fit in’pundb , cu- 
buscotius acquatur'cubis partium, 8c Citbus. «&dis Tub 
qualibctpattiwm in quadratum rcliquac!. 1 1 ^ . i! c: j 
• ' Quod 
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r C^i^)yctoopor^tpco{iortioA 6 m datanoimaioccm 
^(Teiea^rquitiihabet cubosA B, adcubumf.K ^paca^ ' 
€X .pktceiTuPrbbliCmaus, alibquin nbnpocuilsec cqA» 
ilruii .i i . ' IV , J r : m . . ' <l f' , . ' .‘u 

• f ii vj . JV)bT9 ,n3t. i mi i.' : m - t .0 ■> ‘ I \ 

' I 


' !L€M'^XXI\^- PR0P X'5?X‘VHI ^ 

c 'Jt'": D .37 ,:;ii;i:rT; j..;i non i: . i ;J.. m' 7 

Daris ' dtiabUs rfedfcis BnfeisV' vsim' illa- 



rum tajiter producere , vc quadra- 
turti Compofitae exdat'a , Scprodu- 
6la , vi^-cQm quidrato produc- 
ts 3 fi/2^ad quadratum alcerius li- 
nes dat^ in^ata proportione. 

i Tii; , 


y L , 

37 :fi ,ob 
rnnj':ihii- 


m‘:j 


y. 


' M ^ 1 -*' 3 c 

•! . Lrc ) < Lr: ;b 1 - Jii,;.. i. 1 »'up (ftra 

••jr^AtWdui rediteJihei fine'AB,i&D; bboitetprb- 
di^ccr^A'B, tjflj'C; vt dno' qUadmaA-Ci’G B, 

L fine 


\ 
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fine ad qutdnitiiinD, in data | iTQp o rtiody | quagfit ea» 
qaam ha&et A B , ad H '• Patet opoiMre bancinaioKni 
ea , quam habcc quadratum A B,'ad iqixadcacuin IX 
Diuidatur A B , bifariam in L , & fiat, vt H, ad B L , fic 
quadrarum D, ad quadratum K. Patcti ex determina- 
tion<i L^i^^sV quadtatafif {C « (^uye(^ io 
quadrat! AB . Nam, C non eflet maiiis^ vcl cficc «- 
qu^Ie y velr minus . Nqti xqOaie j quia » fit ^ {H, 

fII /1 


i I • * t \ 
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ad BL, fic q^i^tatum D,ad quadracutnK, nempead 
dimidium ^adiatrABi er$et,& conu^endo, &vc 
antcccdcntium dupla^ vt AB,ad H, fic quadratum 
A B , ad quadratum D.\ Quod eft contra decfrminacio- 
nem. Maiusabfurdumconcludcretur fi rupponetetur 
quadratum K , minus cftc dimidid quadrati A B . Ergo 
ciim quadratum maiusfitdimidio quadratiABs Ti- 
ncapotcnsexccffumquadrati :Tuperdi(nid}ac»5|TO- 
drati A B, dneatur normaliter Taper A B > a puhlfco , 


& (JcB F {riSciun^LF^centro L ,i iatccimlln-L F, iiit 
rcmicirculus»cuiQCCiirrac AB^ hinc indeporocUida in 
M»&C. QicopttndumC, cflequaqficum . 

Cum enim redangulum M B C> fed A C B, ei a^qua* 
le ) He arquale .quadrate F B , addito dimidio quadratt 
ABj ergo ledlangulura AC B, cum dimidio quadraci 
AB', crk‘a:quple dimidio quadraci A B, & quadrato 
F B ; nempe quadrato K. Ergo quadratum D , ad ha:c 
habebic candem proportionem . Sed quadratum D, ad 
quadratum K , eil vt H » ad L B . Ergo , & coniiei ten- 
do, erit ctiam, vt L B, ad H, fic dimidium quadraii A B, 
cumredlangulo ACB, ad quadratum D. Ec vtaiite- 
cedcntiumdupla. Ergo, vt A B , ad H, fic quadratum 
AB, cum duobusreft.ingulis ACB , ad quadratum D. 
Sed quadratum AB, duo re<flangula ACB, fa* 
ciunt duo quadrata A C , C B . Qj^re patec propofitu. 


PROBL’ XrV-iiPROP^ XXX IX- 

qoiq •’Ha o’ A .* ' . f/’ 

Datis iifdcm)>iqu® iti fuperiori >Pr(> 
blemafe’ , facere eadcpi , ‘o uaf ibi- 

• ii5J rm.;Oi35fr'' tir 1 i... 

d«ra c.yt toaiSvpenmetcr orbis , lie 
'■'Vad' ft>pefficicm fphaere=‘]^ iti data 
^ .prppwionc^ ■ 1 , 

,mubn3bal :i.i3hoiip iH A 3v , > 

^ Ata proportio fic,vt fupra, quam habet A B, aa H; 

quam patebit, cxprocelli] demonilracionis, de- 


f tJUi 

D 


) 


' bcir matorem cfle «a ,.^u3un iialjifct qifadratUni ' AB,* ad 
quadracum F K . ProduoicurAB, in arciduo qoa^ 
draca AC, CB,(Iac.ad quadratmn F K ;"vc. A B, ad 
H. Vnurquifqu«,exdj(5lisinruperioriProl>len9ace^ 6c 
ex detcrminadone huius,poce(l elicere , A pofTe pro* 
duel. .Tunc centra C,‘ interuailis ACj CB dewri* 
bantuiidrculi '» quorum ^ametri A £ » B D ^ - quiBus 



leu^tisdifca A £’,&(nteite^is qbui(l>u$V^ in T|i^> 

rioriProtlemace. Aio fadum ciTe propoHcum . Nam 
'cum perimeter rali$ oibis fint duxfupdmcics fphxri^ 
nempc interior ^^ezteuorjrupericies verd Iphxrica: 
Bnt inter ie^vt quadfatadiametrorruthifeu (emidiamecro- 
ife, vi£it:lH*fe]kiiuBexA4chiniiddeprim^ db ^hsera, 
& Cylindr^ proppnf:.r 5,1.1 eiie p^uBeter orbis> cuius 
craflicies AB , Vu fuperficiem (phxrat, cuius femidia- 
meter F K , veduo quadrata A C, C B , ad quachatuai^ 

F nempc , vt A B , ad g . Quod erat faciendunu 

• 1 1 'lor.f rncr p ,n J ’ -v i-' 

; ,e v.? ^ ' ;• f* 




LEM- 
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LEMMA XXV* PROP. X L 


,j.r:oc;oi'f £3£7» nf ^ h 1] r:if. 

Q Voniam-cnim B A , eft tripla A C , nempejeft ad 
ipfam, VC <* , ad i } ergo A F, dimidia AB, erit 
lexquialcera ACr niempe eric ad ipfam, vc 5 ,'^ z. 
£rgo FC , eft xquaiis^ cam C E y quam £ A . P^cer 
quonUm B,C, eft^dupla C A > ,C|rgo , 6c quadraCutii-ii». 
CD, duplumtric quadi aci A C ^ & eric o<^u pl)|^ qua'^ 
' ‘ •“ draii 


Digitized by Google 



drati C E . . Ergq quacIratVn'jD cth^ 

dratiEC. Sed paiiter quadracum A F, fed FB, eft 

nonuplum' quiduti E Ci CTgordua4ratum£ 

6:q^uale quadrato FB ^ ccitncalincx. £c quia panter 
A E eft' xqualis C E I Ergo^V E, ciSta Bt>, etit be^ua- 
lis C£C QiipdffrM often w.d^urn.; jv . 3 ill * 

E x ■ didbs jdedqcicur ^di(f qiiqd^£C • ftc maior 
dupla AC, aefiant rcliqi^. vt fupra i d^^icoc 
• inquam, duas A £, £ D^minores ^ - 

*. . ^ ‘Jib .TJ 

LEMMA XXVI PROP XLI- 

Data rc(5ta C B, fefta talker in A, 
vt BA, fit dupla AC, inuenire 
punftum inter A, B , puta D , vt 
re6l:angubm C DB .fit ad qua- 
drafum D A , in data proportio- 

-• nC ]f? VM ,0 A I’cjni f 3 t AK rr in*. mw/.oV 

•!/' .1 lb bi; t <> y . / 

D Att proportb^flt-', qoamibaEbftA 

fiat vt dupla A fi , cUm'dupki fT^ad c B Ai‘ 

ad A '£ S^quarn |^cet inlii^twa ditiMia AB ^ 

CA,. £a^4lite{ti ftb«5rculb «' 

' pua- 
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{i!ffp!pp<ikwlaii.AF,apdimla EA,bi&riatn 
ill -G G Fi peflt^Gj jorcruallo G F , dcfcri- 
ka(acrkmkircti|uslCF Q;^rpi:o4ti6):a ACj^ vfque 
Q^^fam B A , cQk oiaiot^ avpia A E »' & du6ta eft pec> 
|>(<n4cuKrk AF »4;^di4iife ^0; E-A ,b«£iriam in G , 
iuf|di|{:^qa pft * ^gp^*p^c Spholittpa anteccdentis 

eftjEPj <rit minw 
IpfiifiQtflfqualis AD* iDM> piui^tum 
^ tiiQlijrqm e(Te^ v|l A B > ad H ,■ He rc- 

dtangulumCDB, ad quadratUm D A . 

* ■ ^ A U'V t‘. 



. . Qt|pt>klil fnidi duo re^apgula KAO, £ A Bs Tunc 
,apqqa^ inW^ie'>' i|uia,ruac rqualia eid^nt. quadrato 
,A Fi4P?gpt:<>«itiu|Di addito tQ<taoguIo.K A E , duo ra- 
dbas^uta KAOt & X A<£.,;{i 9 liipc rtsdanguluni Cub 
K.A, in £Q, erk xquale duobus redanguiis £ AB, 
&X A £ . Sed rc<5bnguluin Tub K A, in £ O, eft acqua- 
lequadiato iCA, Ceii £Q>quia dua; K A, 6c E.O.lunc 
arqualesj&quiarEOf fa.dfta eft squalls AD, <]uadra< 
tutu EQ^eftsqualc quadiato AD; ergo. quadsacutn 
AD, erk squalc fcilangulo E A B , Cc ^ re<ftangulo 

KAE. 
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K 'A K. 5e^a!ihgultiin‘lC A , eft z<q0d^ 

A feO Ay tft atf^piKs E Oi ^Br* 

g6 'quadracum 'A'D ^ erit itquate re<3:aiigillis 'E A B J & 
A E O', nernperc(ilaWulio Urf> A E i* hi cobipotitaicui^ 
cxBA< E:©i feu- iantc>ri^iifija];ftfex^^ 
goqtiadritiin^ B A v 

eft iis£l»ttfeuJiihi Tut) A Bj in boiiipoftcSih^ex B 
ad Baik:; hdMbIc e4iidefii^})tppoftionh^ 

Kim Tub B A/ ih touipdltatn isx B A, Af D'^'k^^aschaE^ 

.ACT fr.L'i/.ihr.iJp 



bit yandeftvproportionerti. Sed re<!^dhgulumrub B A, 
'iil C^diup^ftahierf B aJ A D;^dredangulahi‘rab E'A', 

• hi c>Mttp6rftam ex B A, AD/cft, vt B A, ad A Ej Sc B A, 
'ad' A'Eyfadta^ , v^'dl^pk A^^ciim dtipla H, ad H. 
-£igo ; &> VC dupla A B , cum dupla H, ad H, ftc re<flan- 
gulum fijbA‘B, iu^cornpofitam cx BA, AD,*adqua- 
dratuin A D,‘nempe fic quadracum ABv cum redlan* 
gulo' f> ; ( 'Cjflk Pc^angulum fub' A B ,‘in compo- 
fham’ex B A , A l5i diuiditur in quadracum BA', 
in ,ie<Slangulurii BAD, ) ad quadrac’um AD. Ec di- 
-I A.i\ uiden- 
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uidcndo,vt duplaB A, cam H,adH, ficquadratum 
BA, cum redangulo B D A , ad quadracum DA. 
Et rursum diuidcndo , vt dupla BA, ad H, fic 
rc<Stangula B D A, cum quadracoD B, ad quadratum 
A b.Etantecffdentiumdimidia. Ergo,vtAB,ad H, 
fic dimidium cnumjedlangulorum A D B , & quadraci 
D B, ad quadracum b Sed horum dimidium e(l re- 

dtaogulumCDBi natn^ dimidium duorum rc(Si;angu« 
lorum A D B> fftirnicum rccSlangulum A D 6 ; & dimi- 
dium jre^nguli AD J^ci^ quadraco D B , ncmpc^ 
re^anguli A B D, e(l i^a^gulum C A,D B, quia C A , 
e(l dimidia A B . Djio auctni re<Q;anguia A D By & C A, 
D B , funt aeqyli^ redi^gulo C D B . Ergo , & vt A B , 
ad H ro£giQC}^€mi C DB> ad quadracum AD. 
Qimd erat^Opnaura. 

H • ! I , 

PROBt XVi PROP XLII- 

Datam ’^haeram ^ aliquo' piano tali- 
tcr.diuidere , vt vna illius portio , 
ad' conum fuper eamdcm bafim 
. , cum portionibus , cuius vertex fit 
vertex alterius portionis , fit in da- 
. ta prdportione . ' ' 

* ' 

S IT dataTphacra ; cuius diamccer AD. Oporcctip- 
fam fccarc piano B £ C , cui diameter fic perpendi- 

M cuia- 


Digitized by Google 



90 



ciilaris, adco vt , fado cbno ,^ufnsbaRs fit B E C , 8c i 
V ertex D , poilio B /i C , fit ad conam B D C j in data 
proportione . Sic hacc , quarn habct ^ D ,adH ^ &pro- 
duday^D,in F, vx^DjficduplaDF', dliiidicur, per 
propofitionem antccedcn- . = 
tern ^ F , in E, vt rc6kan* ;i > - 
gulum F£^, fit ad qtia- \ 


dratiim ED, vc ^4D,. ad 
H ; & per pundum E, atSlb 
piano BEC, cui:AD> fit 
noi malis , &c ly fa»Sto cono. 
BDC, vtmoris 'ell . Dico 
faiSlum efie propofitum_i9. 
Iniclligatur etiamteonus 
BAG. Porcio BAG, ad 
conum BDC, ( de foris 
fumpto cono BAG , ) ha- 
bet rationem compofitam 
cx ration c portion is ad co- 
num B A C, &^coniBX'C, 


adconumB DCjfcd portioB AC,;eftad.cdfluB A C, 
vc F E, ad D E , vc oftenditurab Archimedez. dc Sph«- 
ra , dc Cylindro propbfi^c.7. & conus B A G, ad conum 
BDC, eft, vt A E; a'd E D/ergO propoftio ^'nionis 
B A G, ad conum B D <4(,^compojnetul: queque ex pro- 
portione F E ad E D & A *E j^d E D . Sed hac dax ra- 
tiones componunc rationem rediranguli Ft A, ad qua- 
dratum ED . EigoportioB AC,cric ad conum BDC, 
vt'fcdtanguluin F E< A'’, ad. quadsuum ED, 

' D A, pdH. Quod ■erat faciendum, p 

‘iluj LEM- 
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rc6tangukim', fob alio latere in per- 
pendiculareijn du61:am ab angulo 
re«Sto m h}ipotenuTani , inuenire 
tria/i^ulum J > . 


hypotenufa fit daca[raup^t, qaao) 

Jr ;habec A adH . Fiat, v: A B,ad H, Ck H>ad 
K>deiade fiiper A B,fiat (emicircuius, &pcr propoC lo 
huius,uliter diuidacur A B , in C, vt rc(^anguluai^ 
ABC, fitadquadraium AC, vc AB,adK j &apun- 



■ -4 . !! VV 
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OtQ C, cre^ pcrpeacBc^Io C D^Hjc A D B. 

Qjpd Jf.'ZLo f-s c^pJL^ami cjccz'x cEc, rt A B, k 1 H, 
Gc ^p^-frarja D B, AD C . 



Qaacium enim &£lam cd, n A B, id K, Cc rc^oo- 
golom A B C, ad qaadmum A C rcclangalo A B 

cd xqaalc qaadmumD B> ergo, &vtA B, adK«Gc 
q n aj r a ro m DB ,y<d q^tAdramd^A C . A^ qaoaiamui' 
tet A B, & ^ e{lhn«!la.|)roportio^l(u H, ^paricerin* 
ter q a a dr aHa D B , /%C , eft medmbR^^opordonaie 

icdlaoguIoaiftibDBjin AC; ergo, 

Gc quacteinirDB7a^caangoTamDB;'A^. Sed, 
propter ftmilitudincm cxianguianim DBC> ADQre> 
^aagulo D B, AC, eft zquale rcc^galam AD_C. 
EfgOjfic Tt A B , ad H, Gc quadratam D B, ad rc^iri 
galomADC. Faclara eft ergo, qaod proponebiWJ 


PRO 
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PROBL XVII- PROP- XLIV- 

Datis ijfdem , quae in fuperiori Pro- 
. .blemate, facere eadem , qux iliu 
dem :, vt fuperficies fphaerica por; 
tionis B A C, fit ad luperficieni 
conicam coni B D C , in data 


D 


proportiane . 

\ta proportio fit pariter , quam liabet A D, ad H. 
Data ergo diamccro D y^,fpha:rxdacac,tamquaiii 


hypocenufa 'trianguli rec 
tanguliy mdeniatur crian-, 
gulum re(!^angulum D B, 
vt quadratam fit ad« 
rc^tagulum D B E , vt D 
ad intejiigantujr,por- 
tio B &CT, &:.£|bn us"B DC. 

Dico piano B.C ef- Z 

fe fphaw'am^Vt fupcrificies 
portiotiiaBa^C, fit ad fu* 
perficiem coni B D C , vt 
aID /^d H . Res eft dlar^, ^ 
quia ex'A^rchitnede fxpe^ 
fiep’i^js citikto,! vt<^uadi;atu 
A B ,1 k 1 redH^ufum I>6 E, 
fcu,vtDi^,a^^,fIc^upc^- •. ... 
iiciesportionis j ad fuperficiein coni. 



4i.'J 
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S C H O L I V ’M- 

A Rchiracdes libro i.dcfph.Tra , ScCylindro pro- 
podc. 7. foluic hoc Probletba^ .A^ dacaTphxra 
pornonem abfcindere, qua; ad conum.fuper eamdem 
badm, 6c ineadem alcicudinecuin ipfa> habeac Hacam 

proportionero . Arbitror non eflc inutile Ibluerc ^ 

Froblcma etiam quoad fupcificiesk • 


LEMMA XXVIII PROP- XLV- 

• « 

In dato circulo inuenire arcutn vt 
chorda ipfius ad finum re<Jtum > 

fit in data prpportione . • 

• « . . 



S IT datuscirculus, cu- 
ius diameter ADiopor- 
icc inuenire aicum A E , vt . 
chordaAE, ad finum rc^u 
EG , fit in datapropomo- ? 
ne, quae fit ea , quaiirhabet 
AD^ ad Patetoporte* 
re hanc cfle cxcelTuiy cum 
chorda alicuius arcus , fit 
femper maiorjfinu recto. . 
Fiat ergo, vt DA, ad H, , 
ficH, ad aliam" qua: vtique 
eric minoi A D j fit hxc 


DGf 
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DG^, & a punctdpiducantur GE,normaIis Da 
chordaEA. afTero eflequxGtas. NaraDA, H, 

&DG , ^um trescoptinue proporuonaUs. Ergo, vt 
D A , ad D G,Hc quadracum D A , ad quadracum H . 
Scd pariter, vc D A j ad D G , fic ( furapra G A , com- 
munialcitudjne,} eftreccangulum DAG, nempequa- 
dracu(p,A£, ad rcccangiilum D G A , nempe ad qua- 
dratum’ E G5 ergo & vt' quadracum D A , ad quadra- 
turn H , (Ic quadranitii A £ > ad quadracum EG . Ergo, 
& vc D A , ad H , He A £) ad £ G . Quod crat facien- 
dum^.' ' • C 

Vcl fic. Qupniam H , eft mirior D A 1 cx hypothec 
{i, apcecur ei^;|equalis D £j<a puneco D , &]ducantur 
E A , & perpepdicniaiis E G , fuper diamecium D A . 

Quioniani duo criangula^A D £)' A £ G , func 
limilia-, ergo, vt AD, ad DE, feu 
ad ei aequ^lem Ec A E> 



PRO- 
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PROBLEMA XVIIIPROP-XLVI- 

V 

A data fphxra portione abfcindere, 
cuius luperficies Iphaerica , ad fu- 

E erficiem conicam coni in eadem 
afi j 6c altitudine cum pbrtipne, 
fie in data proportione. ; , 



D Atx fphsra; , &eius circuli maxiiiiinc diameter 
D^j&daca proportio fit, quam habec DJ, 
ad H . Per alteram veto 
duarum propofitionunu4i 
antecedentiu,apcetur JE, 

Sc ducatur perpendicularis 
E G, vti< Ejfitad EG,vt 
D , ad H i & intelligan- 
tur portio , Sc conus E 
Dico &c. Nam fuperficies . 
portionis edad fuperficiem 
coni , vt quadracum ^ Ej ad 
redlangulum ^E G, nem* 
pc, vt ^ E , ad E G j nempc, 
vtilD> ad H. Qup(i erat faciendum. 


LEM- 
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LBM-MA- XXIX- PROP- XLV II- 

. mu:;l3itJp * - j , J j Tj; ^ 

Ditsirn A'B ? talitet fecare in punlSto 
j vt ’duo quadrata A B ,, B^C , 
'’‘’ fmt ad t-tiStangulum-AB G, cum 
quadrato p C , in data propor- 


tione * 


D Aca proportio He, quam habet A B, ad BL, 
quam patec debere elTe maioris ina^qualicads . 
Fiat, vtAL, ad LB, ficB A, ad AD, cipoficam in di- ' 



;ta: 


•Idol 

f 

< ^ 

. d 

.0? 

opi-' f 9 D o3a‘.'jr,!j:j Vu , u Co 

j:c^ano 5 & jftipcr4(ametrop.B^£atretaiicirculus, cuius 
.^centrumQ ^ 9 puiKap As ducatur A F, normalis fuper 
A 3-# ® , cfigaiur’ patitq^. nbrtaalis p E i ’ao- 

(^Malisip^ A E^-&.du<aaCP',i^pckiG,intctilallbi(5F^ 
,£aiTc^Kifculi^ cuius^di^hieterii^ HKr^r&lpfi- B IC^ 
i: i . ' N fiat 
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fiat acquali's^B C , ( cu(xi B K, fk Wnor B Vt'oftci^e* 

cur. ) Dicopun(flumC, eiTc quatfitum . 

In priinis, quodBK., fit minor BA>pacet j quia 

cumdua: A"E, B F,Tinta:qu'aIes, erunckqualia, 
ilLaruraquadrataf quarCj&re^tanguIaHBK, DAB, 
crunc 3cqualii4 6cid^cfk, vcmaior^Bi adnjinOrem 

D 'A , fic maior A B , act ininofcm fi iC. 

; £ ,H ' 01£1 . ^ 

. Ofiofc 




ui fiy'ryr^acd 

, '*n,> I'SJnq 

iii«5An It A i^fc . A Jil . Jbc '^ 


' N 




C 


Quodautcm puniSlum C, fic quasfitum, fi^proba- 
bitui . Jamprohatum eft , rcdangulumJ) AB, efle j 
atquale redangulo H B K , hoc eft |:e<ftanguIo H B C , 
quiaBC, faifta eftatqualis BKfledtedanguiumH B C, 
quia (ciim HD, fit atqualisB K, eft etiam arqir^ts'B C,) 
eft atquale rcdangulo D B C, & quadraco C B,* ergo 
redan^lum DA fc|k:a:qfiakri«^)ii^ BC, Ac 

quadrato-BC ^ At rcctanguluttif D'A ^ eft atqualc^ 
•iwftaiKuliiD A Ci;- & D A , C<B 5 ergo / Si tljuto todlan- 
DA€if:&DA;,^:B‘, efuific ajquali 6 tt^afigylo 
D.B C |( & quai^acblB C ji Paricet reccattgttiiWort DB C , 
• ^ eft 


Digitized by Google 


eft jcquale rectangulo fubD A,in BC, & recrangulo 
ABC ; ergo recta nguU DAC,&D A,CBj erunc x- 
qualia reccangulo D A, C B, recrangiilo A C B‘, &: 
qo^dratoBC .- t^ii?J®coramun! abhuo reccangulo Tub 
D A,in GBi/T?ctangulumD AC, erit'atqualc rcctan- 
gulo A ^.^dtato C B . Ergj ad hxc plana xqua* 

lia, rCctanguturri B AC, habpbit earidcai proportio- 
nem.f AtrecUnguluoiB A CV,ad rectan^ulum D ^C, 
cft veBA,ad ADJ&.BA, ad A D, facta eft, vc A'L, 
ad L B j ergo , & vt A L,ad L B, fic reccangulum B A C, 
ad rectarigulum A B'C', cum quadr~ato B C . Qaare , & 
coraponendp, vt A B,ad BL, fic eric ceccangulum_j 
BAG, t;um.rcctangulo A B C , & cum qtiadrato 3 C, 
ad'reccahplo'm A B Cj'^cum quadratd B C/Sed duo 
rcctangufaB AC, & A BC, faciunt quadracum BA. 

Ergo,&V£AB, adBLjficquadrata A B, 

, .BC,ad rccrangulum A B C, . ^ - 


-ir.’ u >L < Sj ^»£ur 



§^£um'quadrato BC. 
Quod «rac fa- ^ 


ciendum. 



. < . 


N a 
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piano B EC , cui.AD, fit f I /. f i nrJ --/•It' 
normalis, S(^fav3:ocono I I / ' / ' } 

BDC, vtmoriselt . Dico V .iv 

fa«5lume(Tepropofitutn_.>. ■/ .'../i (,j 

Iniclligatur etiam conu^ : ^ A / ^ ^ 

BAG. Portio BAG, ad .< 1> ij. q* . 

conum BDC, ( de Foris i H ^ 

I'ampto cono B A C ha- " , . 

bee rationem compofitam 

cx rationc portionis adco- r-<r '« y ' 

^nuinB A C, & coni B A C, • • 

ad conum B DC; fed pdrtioB AC,,eft ad.'coiiu B A C, 
VC F E,ad D E, vcoftenditurab Archimedex. dc Spha:- 
ra , & Cylindro propd(Ic.7. &cdnus B A C, ad conum 
BD C, eft, vt A E ad E Dj'crgoproportio pdreionis 
B A G, ad conum B D j^tj^compo^jul' quoqueex pro- 
portioneF E,'adED, & A*E,adED. Sedhaedusra- 
liones componunc rationem redl'anguli Et A , ad qua- 
dracum ED . Eigo portio BAG, eric ad conum BDC, 
vt-rcdanguluin /F.Ei A‘, ad quadisuuth £D, fciij "^ 
D‘A,pdH. Quod icrat faciendum, j' . C-'x 

* :/. LEM- 



LEMM A XX VII PROP- X LI II- 

Data hypotenuia - trianguli' re(5fcan- 
guli , ^ data ratione^ quam ha- 
bdt' quadritum’ yriius lateris , ad 
reftangpkim , lub alio latere in per- 
pendj^^rei|n db^m ab angulo 
re£t(a' in h-vipotenufem/inuenire 


D A(a hypotenura fic data rappee, quam 

’habet A B, ad H . Fiat, v: A B, ad H , fic H> ad^ 
K^deinde fuper A B,fiat femicircuius, &pcr propoC io« 
huius,uliter diuidacur A B , in C, vt redanguIuoiL^ 
ABC, fitadquadracum AC, v£ AB,adK5 &apun- 
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dto C, cret^o pcrpcndiculo C D,fiat trianguliim A D B. 
Quod affirmo efTc quaefitumi nempc cfle, vt A B, ad H, 

ricquadratumDB,adrc(aanguIuraADC. • • 



' ’ :r^ 

Quoiniam cnim fa^^m cA, Yt A B, 5dX;(Ic rc<aan- 
gulum A B C, ad quadratum A C ^ rcdlangulo A B Q 
eft arqualc quadrtci^m D' B ^^^go> &Vi A B, ad K , Cc 
quadratum qukdratuYliA C . AK^quoniam in- 
ter A B, & H^efwncdiapropo H, lE^parirer in- 

ter quadrajn 1?B , &: A|C > eft mediuln proportionale 
ic(fbnguIua(fubDB,ihAC; ergo, & ^4p, adH, 
lie quadkatura-DB , a^ieaangurumDB, AC. Sed, 
propter fimilitudinem triangulorum D B C, AD C, re- 
<SlanguIo D B, AC, eft arquale redlangulum ADC. 

vt A B , ad fic quadratum D B, ad rdtfar^ 
gulum ad C . Fadlum eft ergo, quod propon 




^ *J 


PRO- 
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PROBL XVII- PROP. XLIV- 

Datis ijfdem ^ qux in fuperiori Pro- 
. blemate, facere eadem ,, qux ibi- 
dem vtfuperficies fphserica por- 
tionis BAG, fit ad fuperficiem 
conicam coni B D C , in data 


D 


proportione . 

\ta proportiofitparirer,quamhabec AD,adH. 
Data ergo diamecro D /^/phasrxdataCjtamqaam 


hypocenufa trianguli rec- 
canguli, inueniacur crian-. 
gulumredJangulum/^DB, 
vt quadratum fit ad- 
rccSlagulum D B E , vc D 
ad H ^ & intelliganturjpor- 
do B & conus~B D C . 

Dico plana B C vfe€tam ef- 
fc fph^famyVt rupctficies 
porcionis B ^C, fita4 fii< 
pcrficiem coni B D C , vt 
a[D , ^d H . Res efi/lara;, j 
qilda ex'^rchiiiiede faepe^ 
fxpVis cit^o>t vtquadi;atu 
A B , VI re(^Ja^ufum Dfe E, 
fcUjVt D a(|^,fic fuper- 
ficicsporcioni^ ad fuperlicictu’coni. 



SCHO- 
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SCHOLIV’M- 

A Rchimedes libro z.dcfpha:ra , &Cylindro pro- 
pofic.7. foluit hoc Problertia, .A' data fpharta 
portionem abfcindcrc, ad conum.rupex eapadcxu 
bafim, & ineadem alcitudinccum ipfa, habeac dacain 
proportionem . Arbitror iion e(Tc inutile foluer e ^ 
Problem^ etiam quoad faperficies. • 


LEMMA XXVIII PROP- XLY- 

In dato circulo inuenire arcum ^ 
chorda ipfius ad finurn redlum , 
fit in data proportione . n • ; 



S IT dacuscifculu«, cu- 
ius diameter AD; nor- 
tec inuenire aicum A'E , 
chordaAE, ad nnumrcc^u 
£ G , fit in data propocfio- 
ne, quae {it ea , quamhabet 
A D , ad H , Patet oporte ■ 
re hanc cfTe cxceffui^^ cum 
chorda alicuius arcus , fit - 
fcmpcr maior.’finu recto. 
Fiat crgOjVt DA, ad H, 
fic H, ad aliam, quae vtique 
exit minor A D i fic bacc 


DGf 
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DGi& a pijnctd p, ducantur GE, ndnualis Da, & 
chorda E A . Q^as aEero cfle quachtas . Nam D A, H, 
& D G , ;Tunc tres cppttniue pK^poitdonaies . £r^ , vt 
DA, ad D G,Hc quadratum D A , ad quadracum H . 
Scd pariter-, vt D A ad D G , fic ( fumpta G A , com- 
muni alcitudlne,) eH; rcccangulum DAG, aempe qua- 
dratum A E, ad rectangulumDG A, nempe ad qua- 
dratum EGjeigo, & vf quadratum D A, ad quadra- 
turn H , fic quadracum A ad quadracum EG . Ergo, 
& VC D A , ad H , He A £) ad E G . Quod erat facien- 
dum-tf.' '! ' • / 

Vclfic. Qopniam H, eft miriorDA , cx hypothec- 
ft, aptetur e^^^qualis D £/a puncto D,&]ducantur 
£ A , & perpepdicolaHs £ G j ftiper diametrum D A . 

Quoniam "duo criangula A D £)' A EG , Tunc 
■ ftmilia*, "ergo, vt AD, ad DE, feu 
_ ad H,_ci xqualem ftc A E) 
ad E Q.\C^od erat • 


! 


\ 


^cienduba 


\ 



L' U 


PRO- 
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PROBLEMA XVIIIPROP-XLVL 


A data fphaera porrione abfcindere, 
cuius fuperficies (phaerica , ad fu- 

E erficiem conicam coni in eadem 
afi , 8c altitudine cum pbrtione, 
fit in data proportione. ; / , . 


t 



D Atx fphaera: , &eius circuli maximific diameccr 

proporcio fit, quam habtfc DJ, 
ad H . Per alteram veto 
duarum propo(icionunL_>* 
antccedeiiciu,aptetur AE, 

& ducatur perpendicularis 
E G, vti^E,fitad EG,vt 
D^, ad Hi & intelligan- 
tur portio , & conus E ^C. 

Dico &c. Nam fuperficies . 
portionis efiad fuperficiem 
coni > vt quadracum A E, ad 
re(5tangulum aEG, nem- 
pc, vt E , ad E G j neinpe, 
vt^D> ad H. Q^d erac faciendum. 


LEM- 
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’XXfX- PROP IXLVII- 

Datam ’A'B taliter fecare in piincSto 
. vt duo quadrata AB,,B C, 
fine ■ad'i'eiStangulum ^AB G, cum 
quadrato p C , in data propor- 
tione * 

D Ata proporcio fit, quam habet A B, ad BL, 
quam patec debere efie maioris inacqualicatis . 
Fiat, vt A L) ad L B, fic B A, ad A D , ei poficam in di- 


opi'j f 9 3 oJmor.ij:) Jj , Ti <J cli I.: * •■.■ ' ; ; -* • !- ' .• 

s^fiiperdiametropBifiatfetnicirculus, cuius 
^centrum Q & a piiiKap Ai ducatur A E, norraalis fuper 
-A 3-1 ^iputhSijo B , cfigaiurv pacitqr nbrtnalis B E i ’xf 
ci:|MalisJip» A Ey&.du<ftaC^i,£euck£lG,intciUalk)iOi> 


fiai^cipkitculus,; cuiusidi^lnewf fit ipfi B K; 


■n 


9 ^' ~ ^ 

fiaticquairs^C* Win^r B A j.vto/Icnde- 

cur. ) Dico pun(5^um C, eUc quacfitura . 

, In prunis* quodBlCiHcrniinor B A}pacet;quii_^, 
cum du£ A B , B F jlintzquales , eruncacqualia,"6<^* 
il lacuna quadracar quarc,&re^anguIaHBK, DAB, 
ccunc a^qualiii 6dd^W« maioFj^B^ ad nnnOrem . 

D ' A , fic niaior A B , act ininortm B iC. i 

in B- .J .\i '.i - V 



bitur . Jam probatum eft , reiftangulunrD A B , effg j 
scqualc redangulo H B K , hex: eft |:c<ftangulo H B C , 
quiaBC, fa^a eftsqualisBK^ieclreiftangulutnH BC, 
quia (cum B D, (it xqualis B K, eft eriana atqtialis'B C,) 
eft acquale rceSlangulo D B C, & quadrate C B j ergo 
red^angalum DA B, etitacqoal<e BC, 6c 

quadrato-BCr AtrcccanguJumr D ABjcft acquile a 
ixeftanguUaD A Cif 6cD A, CB 5 ergo / & '<ijuo to<^o- 
D A€y:£cX>A ,^BVerunc a^ua1i4 
D.B G & quat^acblB C Pariter rec»»gVi)tkiQrt D B C , 
■> W eft 
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. eft acquale rectangulo fubD A,in BC, & rectangulo 
ABC ; ergo rectanguh D AC, & J) Bj erum x- 

qu.alia reccangu^ D A, C B., recrangulo A C B‘, & 
qaadratoBG .'Qijarecoramuni abhuo rectangulo fub 
D A,in CBircetangulamD ACrcriti'^qualc rectan- 
gulo ABC,,^cjU4jdatoCB. Eigj ad bxc plana a;qua* 
fia, rcctangutuhi B AC, habpbit eandem prop*ortio- 
nem. •; At rectin^uluip B A C ^.aJ rectangulum D C, 
eft vtBA, ad AD> &,B A y ad A E), facta eft, vc AL, 
ad L B i ergo , & vt A L,ad L B, fie rectangulum B A C, 
ad rectangulum A B'C’, cum quadra'to B C . Quare , & 
componendp, vt A B,ad BL, ficeritrcctanguluni_^ 
BAG, qum.rcctangulo A B C , & cum quadrato B C, 
ad-rectahpla'm AB.C, 'cum quadratd B C. Sed duo 
rcctanguiaB AC, & A BC, faciunt quadratum BA, 
Ergo , & vt AB, ad B L, fic quadrata A B, 

. . BC,ad rectangulum ABC, 

big.S^um'quadrato BC. - ^ 

^ ciendum. 


<c) 


~ i 


.. 1 i;. 


. . t ^ 
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LEMMA XXX; PROP XLVJp. 

Si fi nt quotcuniqu(j rnagr>i&4in?4 

- aliae ipfis numero asqualesj qaas bi-' 
' nx fumanttiti ' 8c .in' eitlemf’ bfo- 
. > Portione.: .t . truant f pcpporcianem 

nabebit faStui^ 'quddcurhqueftib 
quibuslibe^’ magnitudiri^^ ijri- 

- -mx feriei ;j ad ’fa<Shi,m fub alijs ma-‘ 
• ’,'gqitudirfibus eiufdem, fcdei i. 

(Stum (ub magnicudinibus "fecun- 
dx feriei antjscedentibus bortfolo- 
gis , ad faiSturii fub^ijiagnitudini- 
bus fecundx feriei hbmologis con- 
fequentibus , exiflientibus omnibus 
fa<ftis homogeneis. 


R e M cxcmplifico $int dux ferics ; in prima fine 
quotcumqu^ ma^tudines A^B^C^de in fecuda 
alix ifiis numero acquatcsD,£,F^ qua; bins fiimancur, 
6^kl cadem proportionc, nempc fit, vt A, ad B , fic D , 
ad £ i & vt B , ad C ) fic E , ad F . Intclligo ergo , quod 
V. g. quadracum A) cum reccanguio A, B , he ad qua> 

" dratum 
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rr- 


B 




o 


1 ( ; I r 


- D, 


-ft 


dracatn C, vc quadracum D , cum rc6|;aogulo D »' E, 
ad quadratum Fj & (icdn alcioribus'potdlacibus , 6c 
iil &£tis'dlud‘nmode. ■ Res e(l facilis probacu ; quii— a 
pi;opoEUc>'primi fadli ad fccundum fadum,componicur 
cx ij(Hcmpcopdrtionibus, cx quibus componicur pro- 
portio^tcrtij n(3:iad quartumradum . 

4-'] I .A- f . I • : 

E X didisinfertur , quod etiam permutarrdo, vcpri- 
ipum fad'iim in prima fcrie , ad primura faduou.^’ 
in fccunda fcrk, fic fecundum faduin in prima fcrie, ad * 
fee unduni.6du min ffcunda fcrie , duramodo ha:c om- 
nia fiaj[]^omogqtca. |. !. , 

(Udis-inf^curiquod fi iiat duo uiangula' 
jcrit/^i quodlit)^c fadumfubijuiboslibetUate-- 
‘ lillus \^ius 5 acf quodlibet fadumfub quibusiibet late- ' 
rib« ciul^em ^ita quodlibet fadum fub lateribus alce- 
rius^tec^ertibus in pyino tfiangulb homologis/ad' 
quodlifei^fa'^iyli fuiylateribus alterius^^tidem confe- • 
• quentibus crianguloobomologis j. dommodo: 

hxc fada, fint homogc'nea . Res cfl: euidehs, quialace- 
' 1 ‘a duqrum tiiangulorumfiaiiliuii4t,fuhi dux ferics crium - 
xnagniittdinun\di^qfit«fqcundu^ijconditioncmLem* : 

maci$* | • ' ' i / i'!;i h •' t 1 - * 


t • 


PRO- 
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PROBL- XIX- PROP- XLIX- 

Datis ijfdem-, quas in fuperiori Pro- 
blemate, facere eadem , qus ibi- 
dem > : VC totus perimeter portio- 
fit ad totum perimetrurn,'c»- 
ni , in data prbportione". : , , ' r 



D Ats fphsrifitcirculiis imximuj . cuius 

fcr AD, & data ratio He, quam habec AD 
ad H, qux debet efTc cx- 
ceflus. Diuidacur AD, in 
F, VC quadratura A D, cum 
quadrato D F, fit ad redtan- 
gulum ADF, cum qua- 
drato D F, in data ratio- 
ne AD,adH, per propo- 
fitionera47, Dcindeapun 
D , apcecurD E , acqua- 
lis D F * & dimiiTa pci pen - 
dicuIariEGC, &iun(ai_, 

E A , fadia conilieta reuev 
lutionc, intelfigantiir pox* 
no , & conus E A C . Dico hxc folida efle auxTict^ 
Cumcnim ^aum fic,viDA,ad H, fioduoquadra- 
ta A D , D F, ad rcaangulum AD F , cum quadrate 


DF. 
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D E duo 

qoa^iaca A fiy ad rc^SUnguium A D E , cum qua> 
QMCO DEi ,& ciW ( proprec rimilicudincm tnangulo. 
rum A ED, AEG )/ic,vtduoquadrata A D,DE,ad 
ledlangulum AP,£,cum quadratoDE, Hcduoqua-* 
drau A E , EG,^ad re<JianguIum AEG, cumqaadra' 
toEG, pM PippoC antCGcd-, pcmpe, ex Archimede 
liepe citato, perimeter portionis E A C , ad perimetrum 
coni E A C . Ergo, & vt A D , ad H , fic perimeter por- 
tionis, ad perimetrum coni. Fadlum eft ergo, quod 
proponebatur. ' v - 

LEMMA XXXI. PROP- L- 

I 

Datam red:am lineam taliter fecare 
in pundto^ yt quadratum totius, 
■nM fub tota , & fub 

• vno "fegmento , cum quadrato 
■ cipMcm' fegmenti,. fit in data pro- 
' pftiiiQne 




r < -i 

. I ri 


D 


C ' 
^ * 




Ata reifta Uaca fit A B , 8^ data proportio fit , 
,,quam habet'AB, ad BD, eipofitam in dire- 


<^um . . Pptet. propqrtionem datam debcrc efle tabs con- 
dicioalU ^ M.t A B, fitmaior fubdupla B D ,'quia femper 
quidiiatum;. A B, eft maiUKfubdupJo re<ftanguli ABC, 
& quadrati B C, Fiat BE, arqualis A B , qux fccctur 

bifa- 
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blfiiriam in F 5 deirtde^fuper A D ,’frat rdmiclrcUius, 

^ piindlo B j-^igarur'pcipcndiciilarU B G^'&a purHS^o 
F ,'ducacur lihea ad punctum’G 5 ccntro aucemF, intcr- 
ualioFG'dcfcribatiir femicitculus CGKj qui fcniper 
fecabit'ABJ VC patebitinferius.' Dicopunccutp C /cfle 
qiiacfitaniijf. • ' »<' <> i.i 

' Quoniam cnim rccrangulum A B Di & iectanguknri 

...» • h ^ • • «>'«• 


, i' :ci 


cc; 


( 

aua- 
^ Hum 

K BC vcrt xquale rcctangulo ECBj“ ergo tcctangu- 
luin A B D , ell xquale rectangulo .E C B , nempc rec- 
cangulo EB C, Se quadrato C B.^ Sed qiioniam EB, eft 
xqualis AB, ergo rcctangulum EBC/'efta^qtwlerec- 
languioABC. Q^are, & rectangulum AB D , eric 
pcquale rectangulo A BC , &' qu’adr&co Bt^.- ^ 

quadratum A B , ad hxchabcbk eadem propOtcidkijrfll. 
6ed qiiadracum A B',> ad re^ftangUlum’ ABO,‘eft vt 
A Bi ad BD." Eigoj &vt AB ^ad’BD> fic quadrat urn 
/i) B , adireitangulum A B C, CUm quadr4C6' B C.' 
Qi^od eratifaciendum.. ' i i ' 




K. B C , funt xqualia incer fe 3 quja xqualta eidem, 
dratoG Bj &quia'BCEi' feft xqualis'C rectangi 


Quod 
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•,^Qiw4y€r6 afluraptum eft, nempe femicirculutr^, 
C G K , fccarc A B j leu IF G , minorem cfle FA, patec j 
quia, cum D B, fit minor dupla B A > ergo , 6: quadra- 
turn GB*.crreWnus' duploquadrati AB. Ergqqua-^ 
dracum G B, ad quadratum A B , cric in racione minori,' 
quam>g^^^^^ EtqukBF ,cum, fic^dimidia BA, eft 
eiuy^tladratttm fubqdadiiipfura quadrati* A B ‘^Ergo. 
<Rioqua 3 rata GTr^E^rnempp quadratum GF,erit, 
ad quadratum A B, in rationc minori , quam 9 , ad 4 . 
S^quWlratum,AF/eftad quadratum A B , vt 9-ad 4, 
E™ qu^ratttm pt, eft minus quadrato F A.j&con- 
feqe^ter^f fe.’eritr^orFA.j ; j. ;* 

^ * 3 ■' 

PRObIeMA XX- PROP LP ' 

Datis ijfdem ,, quas ip .fuperiori Pro- 
' blerAite i facere eadem / quas ibi- 
-• 'dfem , vt luperficies (phserica pof- 
1; .dpnis E A C i! . fit ad perimetrum 
eoni.>^'in data proporcione ; 

-*f^Artter data ratio fit, quam habet A D, ad Hi quam 
J |7 infra patebit, dcberc eftc maioremfubdupla. Di- 
iiidatur,pecLen)maancecedcns,A Diin F, vtquadra- 
tum'-A’Dv vfic ad Te«ftangulum AD F, cum quadrato 
XDE v vt AD, ad H . Et paritcr, vtfuprafadlum eft, ap- 
teipr apunefto D, D E, jcqualis DF, &:fiant omnia, 

O vt 
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I05 , / . r '■ 

vtin antecedenti Probbemate''&: arguatuf congruent! 
argumcntatione.vt ibidem. /’ : 

Tandem cocludemus , qua- 
dratum-AE, ad redlangulu 
A E G , cum quadraco E G, 
cffe , VC A O , ad H.‘* • 

re paict ctiam ,'fuperfidera 
fphxricam pordonis E A C, 
cfl'e ad pcrimctrum coni 
E AC , vt A Dj ad H. 

“QiVod verb" ratio AD, 
ad H , debcac efle fubdu- 
pla. Paccc , quia. quadra- 
turn A E, ert maius fubdu- 
plo reiSlanguli A £ G/cum quadraco E G . 


S C H O L I V M- 


E X di^is habemus tnodura , quo foiuamus Proble- 
nia , in graciam cuius tradicum eft prxfensi necn- 
pc . Datis ijmem , qux in tribus fuperiotibus Problc- 
rnatibus , Facc^e eadem , qua; ibidem, tc totus perime- 
ter portionis E A C, incus, &extra,demptoconoE A C, 
ad peiimctium coni E A C , fic in data proportions.^. 
Nani peiimcter tabs portionis extra ,conftarct fupef fi- 
de ftihxrica portionis , & circulo bafts iincra verb , fti- 
peihcie conica , fiipponendo ablato cono, remanere ba* 
lim . Si ergo fi^ir, vtexccfl'us A D,fupeiH, ad H, (quit 
in tali cafu proportio data debet efte exceftus) ftcqut- 

dra- 


r 
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dratum E A, ad rc<l^angulum AEG, cum qitadrato 1: 
eric componcndo , vt A D , ad H , fic quadratum A E , 
cumreftanguJo AEG, & curaquadraco EG, ad le-, 
da'ngulum AEG, cum quadratoEGi ncmpe, cSu^ 
perimecer poccioois , vc fupra expo/itie , ad pi^imccruoa 
coni. ^ 


( ..jir . .'AH 
y 7*: I ‘ ^ V.. ^C'k 


PROBD XXl PROP. Lit. . 

/ ' . ! • • ' ' ‘'P ■ ..ti 

Data' fpnJErJE portione quacamque 
rejjerirc conum circa earndeip;a- 
xim cum' portione, i : VC. pdrbo fit 
' ad conurn' in data proportione ,"' 

.:• > '.A' :r'' ^ . .>• j. i\ A , -v ..... . i. •_ 


TT \Icct hmus Problemaris poflic haberi faei -., 

Arc^^^ quia tanicn-a^ 

pKoil'upiuj^ ipi^m (oluece ^ .quamu^.s didiciiiQri.raodo, 
per qua^id^ propriam]proponcionem vniuerralcou-.?, 
q^:^nceqff^lUsaop^p5rncndam j idro cum nefciamus 
aptipri locOCQllocace j ip gratiam noAf£ prpppGj', 
tipnis ,, rpluia[u;f ^qc .Prob)enaf ^prjyi^b facilii^ 
Atchimedc'pofiea pra:miiroproprip^!,einiiw^e y^uerr^ 
fall. ' 

Sic ergo datac fphxra;, cuius diamecer B K, centrum 
L,dacaporcio ABC, cuius axis BD, &daca fit pro- 
porcio ) quam habec KB, adH, & oporceac faccrc:^_,y, 
quod imperacum eft . Fiat , vt K D , ad eandem K D, 

. ? O a cum 
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I K 


O’’ iif- < ■ rf :i?/' 

. <rj z • ^ 


ciim KL‘, Cic D B )’ac{’ 

DG. Ergo, cx Archi- 
fnede i. 'defphxra jSd 
Cylindfoi propof. z. fi 
fiat conds A G C , hie 
erit acqualis portion! 

ABC. FiatergOjS c^ ^ 
fiat , vt G D’, ad iJS, 
fic KB>adMj&fiac, 
vt M, ad H, fic qna- 
dratum AD, ad qua- 
dratumDE. Fad^oer- 
^ ^ono E B F . Dico 
hunc cilc quxfitunw > t-F; 

Natn conus A G C, ad conum £ B F , habet rationem 
compofium ex ratione G D , ad D B , & ex ratione^qua- 
drati A D , ad quadratum D £ , perpr^ofitiodeh) piE 
mam huius . Sed , vt G D , ad D B,' fic ^IB v-^Ii 
M; 6c vt quadratum A 0>~ad quadratum^^D^V^c hfs 
ad H . Ergoconus A G C , fisii poVtio A B C, ei atqiialisji 
ad conum £ B F , habet rationem compofitam ex ratio- 
ne K B , adM^ M , ad EI.', Sed Ube duat ratiohes K B,‘ 
adM, & M‘; adH, faciunt Tationcm KBy ad H.' BP 
goi'Occ. Q^d &c. 1' r ‘ ■ 
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fi t >3 ,“1^ JV .0 a wurosbt 

Quodlibet Conoicles paraboheumj 
velhyperbolicuiti; quaelibet portio 
(phaerq , vel ^haeroidis , & etiam 
conus » funt ad conum ,fuper can- 
dem bafim, & circa eandem dia- 
metrum cum ipfis ( (e6ta diame- 
tro bifariam , & ofdiriatim ex pun- 
6to fec^ibnis applicata linea> j vt 
quadratum ord iriatim applicat? , 
■ cum~quadmo portionis' eiufdem 
brdinatifn applicat? intercept^ in- 
ter pun'btum diuifionis j & laws 
coni, adduplum quadratum huiiis 
intercebt^ . ^ . 


S IT'crgo (?onoidcs pafabolicum io'prima figura, 
1 yj?l hyperbQll^niijryj in fecuoda ypi qua&libec 

quaquc figura, conus B AC, |& diameter" 

uifa, 


JklL i 
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ui(a bifariam in £ , & pet 
fccans A B , laciis'coni i 
ad conum B A C , vt da 
quadrata G, E/rQ 


In conorcsed cuidcns j c^uiacfl proportio xqual^ 
tads In portione foharar, vel fphsroidis , fit diameter 
to:his fphasrx , vcl fphxroidis A H . In conoidc hyj>er- 
bolico, A H, fit diameter tr^(aerfi> &in omnibui ilMs 
fit centrum K . >5 ' D A 3 ^ jtii? ' -s 


1 
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Tunc 
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T tine inConofde p^raibblico. ex prim, conic, 

prop, t o. qu^^ritbm B£>,fcft duplmn quadrati f E,cum 
ntadipfutn> vcD A, ad A£i ^efl quadruplum qua> 
drati G E 5 ergo quadratum F E^.crit duplum quadraci 
GEi &duoquiidraca.FlE4 £G,eruncfexquialcera duo- 
rum quadratorura GEj nempe, viConoidcsB AC,cft 
€oni B A C , cx Archimedc lip. 4 c Conoid. & Sphacroid. 
prop, a 5. 

In Conoide yero hyperbo]ica,,& in porcione 
ixV yel fphxroidu . C^oniam quadratum F£, ed ad 
quadratum B’ D, cx pr^o conic- Fop’*’ * • vc reilahgu- 
lumHEA^ad redangulum H P A j & vt quadratum 
£ D , ad quadratum G £ , Cic xediangulum H O A > ad 
re^langufum rubHDj tndimidiamipGus A£, nempe 
ad retdangulum Tub dimidia HD, in A £ . Ergo exae* 
quali, vcqtladratum FE,%d quadratum G£, Gcredan' 
gulum H £ A >ad re^ahgulum fub dinildia H D , in.^ 
E A, nempe {"propter eandcmalticudinem A E,Jyt H £, 
ad dimidiam HD , quae cfl K.£, vtconGderanti patct\ 
Ergo 1 6c coinponendOjVt quadratum F E , cum quadra* 
to EG, ad quadratum EG. He HE, cum£K,adEK. 
Etadconfequcntiunxfupla. , Ergo, yt quadratum F E, 
cum quadrata>£G^ ad duo quadrata E Q (ic H £)cum 
K E, ad H D i Sed £ H , cum K £ , facit dimidiam.^ 
A H,cumHD^vtconfiderantipateti& ex Archirae- 
de de Conoid. 6c fpbaeroid.prop.3 i .& 53. Portio £ A C, 
vel conoides hyperbolicuro,cft ad con urn B A C, vt di . 
midia H A, cum H D, ad HD . .Ergo portio, vel conoi* 
des, ell ad conum, vc duo quadrata £ G. Qimd 6cc* 

1 « 
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. In Conpide.-enim,hyi)eitplicq,p«e|^,^ 

H'A • m 

^ r’v t .! *\ 1 1. . r. (3 37 , t.,i,-:'!' 1 • ■! 

: :: pkbfiLxxi^^ ' 

' 1 . 1 V.. ..Ojv ^um.n .30 I ’uioTr.ihujft rriLi 

j .XT.' • ■/- * JtJc'nVi- - i’’-o 

.?i .C-. » 



‘duobijs q^uadracis N O/' ' 


ad q(i ad i^tu m ^A- DV fiC ^ ‘ ' ‘ ^ ^ p p- . ^ ^ ^ 

>5 Ls' 


K B ad M *, ‘ deinde fiar, ' 
vt M, ad H , fic quadra- ' 
turn A n>, ad' q'uadratum j> 

D E / vbicunquir cadat ^ ^ >r.-> i-.» 

pnfitSlumE,- & hacc6nas; 

E BT .J-'Dico pbrtidnem ' 

A B Q, clTe 'ad co n • • I 
•EBK'Vt KB,adH‘. •' 
j;-‘ iQ^drilatTl’^riiTn ratio 
^pditioiiis A BOjad tronuP ^ 

'E B F V de “forls' Tuitiptb-codo^ AbC, ’comporiitur 
ex ratione portionis ad co'nuin ABCj&coni ABC, 
;adconunVEBF/& vtportio adconum ABC, fic, per 
propofitioncm antecedentem , duo quadiata P N, S c~ 

N Oy ad’dtio quadraca ISFGj & vc conus ABC, ad co- 
nimfEBF, ficquadratum'A D, ad quadratum DE.‘ 

Ergo 
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'Eigo 'propotiio' portionis ABC, ad conum E B F , 
corappnctur quoquecxproportionc quadratoru PN, 
NO, ad duo quadratk NO, &ex proportioncqua* 
drati A D ,ad quadratum D E. Scd pcoportio quadra- 
toi'um P N , N O , ad duo quadraia N O , e(l cadcm_-j 
cum proportionedaorum quadratorum P N, cum duo- 
bus quadcatis N O , ad quacuoiqdadrataN.O, quii^, 
vcdimidium,addiroidiuai'j He duplumad duplum_^. 
Ergo proportio pordonfs ad conum E B F, CQmponetut 
quoquc,ex proporrionc duotum quadratorum P N,cum 
duobus quadratis MO , ad quatuor quadrata NO, feu 
ad quadratum AD, cisxquale,& cxratione quadrati 
AD, ad quadratum DE. Scd vc duo quadrata PN, 
cum duobus quadratis NO, ad quadratum AD, Tic 
fa£la eft B K,ad M ,• & vt quadratum AD, ad quadra • 
turn Ep,ficM,adH. Ergo proportio portionis A B C, 
ad conum E D F, coponetur ex proportiooibus K B , ad 
M , & M, ad H . Scd ex ijfdcm proportionibus compo- 
iiitiif ratio K B, ad H. Ergo , vt KB , ?d H. Sic por- 
lio A B C , ad conum E B F . Q]^d crat faciendum . 

*SC;HOLIVM- 

C V M'hic buiusLibclli imprimerentuf,6ccafionc, 
qua Propofit.5 3. vfi ftimiis Archimede librode 
Conoid. & Sphxrpid. prop, zy in quademonftrat . Co- 
noides parabolicum ad conum in eadem bafi, & circa_-j 
candem diametrum camipfo , effe in proportions fex- 
quialcera,incidimusio modum hoc idem demon ftradi, 
- P .fed 
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Sed perauream methodum indiuifibilium, quam qui 
afpernantur, aliam non raercncuc pxnam, quam priuaii 
fr u^lu ex tali incthodo-colligendo. Vifuin eft ergo per- 
optimum , hunemodumhoc lococxplicare, quivcique 
eftdiuerfus abhis, quibus vcuncur columna: herculcx 
Geometraruni Icaiorum noftri fteculi , nimirum Bona* 
uentura Caualerius lijb. 4. Gcomerria: indiaiftbilium , 
prop, lu'&i Euangclifta Torriceliius in exemplispro 
indiuifibilibus cufuis,exemplo 14. Ne ergo noftrum 
ordinem incxpcum variemus , crademus hunc modum 
per duas fcquentes propoftciones extra ordinem rum- 
ptas. c . i n , Ci A :i! ■ 

^ I . . ' T’UJ;. 'I'lV "* b' . '** ‘ 

PROPOSITIO PRIMA. 


•Efto parabola B AC^, cuius diame- 
ter D. A. bafis BDC, $c in dia- 
metro DA; fint fumpta duo pun- 
6ia K, 6c L; a^que remota a pun- 
£ti,s A; & D, per qux fintdu61:^ 
.ordinatimapplicatce E. 

. > Dico duo quadrata Ji K, G L;'> 
efle jcqualia quadrato BD . 

* • I • > . % 

Q Voniain. cnira quadratura EK, eft ad quadia- 
tum B D , vt K , ad A D j & paricer quadra- 

rum 
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tutn'G.L^ q«atlratutn,BD>vt L A, tad Ap, cx 
xp.jprii[A.'CQi)if:..;£i;gOi .& ,duo qiiaducailEK GJL , 





crant ad quadratum B D, vc tC A , feii L D , Hmul cum 
^ coca.^.D; «4i AD r Quarc xqua^ 

iitUl >!' 'j 7 .. • ...■' .. / 

ct— rnL;oil-/.j. n‘-r:L ■’ :• — . .• • 

S'C H O L I V M- 


•ni:-- . 

r. ' 


1 l> 


F Acib^! cliiticttv exd^is j quod H A D, diuifa bifa- 
riam^te'M/ ptr^M , ordinacim applkata 
\j M P, m«ncticoncipfainQS)(tuBrbm B O P Q prabo* • 
l«,rocari fupctOP) vciuti Aipercardinem, donee collo*?- 
ecturruperO AP ^ adeo vc B D C j fit inT A 
D M, coogruac A M, & pun<Stuin D> coRgruatipfi A> 
piincta vero B , C congroant ipfis punccis T , V,*‘ 
iaiertur ioquam , quod fi ifi A M , fiimatur quodlibeo 
I . P X pun- 
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pundura K,pcr'qiJod ordmatioi applfectar R EK F S 
Temper duo quaaracii>R erunc aequalia qua* 

drato N M. Res eft cuidens . 

PROPOSITIO SECVlSfD A. 

Sit parabola A B C , 8c ei fit circum- 
feriptum paralldogrammum HB 
C K , 8c omnia voluantur circa 
diametrum A D . Dico C^Iin- 
drum orcum ex tali reuolutione, 
efle conoidisparabohei duplum. 

: • ' • • : . , ^ 'r:;. i ) .ir. . 

S Hcetur AD»bifariam in E, &perptip^UtilE,a^A^ 
cur planum FXE VG, parailelum pianis 
BC , & mente concipiarous fruftum paraboBcaoL^ 

B X V C jlocari , aded vc bafis B D C, fic irrH'A K, pun* 
dkum D, fit in puneftoA, & lineaD'E,fic fuper EA* 
& Tumacur in A E , quodlibec pun<ftum N ^ per quod 
agacur planum O P L>N M QR,£tciens fU Qylindro 
culumycufus radius O N , in porcione conoidis X A V", 
ckculum ) cuiuaradius L N, & in frufto X H K. V, cirou* 
lum,cuius radius P N. Quoniam enim quadracum H A> 
Teu O N , eft arqualt, quadracis P N , & N L > ex Sebo* 
lio Propofirionis aniecedencis. >£rgo> 8c ^ circidus, 
cuius radius O N , crU acqualis cifculis, qupruQOL^ 

I 

I 

I 
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radijPN, N L ; & pundlumL , fumptum e(l vccum- 
que. Ergo omncs circuli Cy lindti H F G K,fumpti iuxta 
H S A T K 




G 


C 

rcgulam planu H A feu F £ G , erunc squales omni- 

bus circulis frufti HXVK, & portionis X A V,suptis iux- 
ta eandem regulara . Quarc & Cylinder H F G fC, crii 
arqualis frufto HXVK , feii B X V C, & portion! X A V, 
nempe eric acqualis coticonoidi BAG. Sed Cylinder 
H£C KjcdduplusCylindri H FG K. Ergo talis Cy- 
linder eft duplus conoidis BAG. Q^od erac often- 
dendunL_i9. ^ 

S C H O L I V M. 



E X di£tis clarcinfertur propofitumj nempeConoi- 
des cfterexquialccrumconi Tuperbafe BDC, & 
circa diaoKcrum A D . Ratio eft , quia conus eft fubr 
triplus CylindrijVnde, quorum Cyliodrus eftfex,^dC 
cQnoides cria. conus eric duo. . • : ' 
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LEMMA XXXIH- PROP-LV- 


Datis duabus re6tis lineis AB,BC, 
continentibus angulum redtum, 
ABC, dataque F , potentia , a 
pun(Sto C , ducere lineaitn pccur- 
rentem A B , etiam protra£ts, fi 
opus fit, in O, VC quadratum F, 
fit ad re<Stahgulum COB, ia 
data proportione . , V , ., 



bxc,.quanihabetF, adGj & inter 
1^ media proportionalis H j & fiat, vt BC , ad H, (io • 
H , ad B poficam in dirc^um ipH A B < 

BC^ 
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B C ) bifarijiiUjin L , & du<5ta LK,- centro L , interual • . 

lo L K , fiat (emicirculus, cuius diameter fit M N ,• & 
fuperC N, ex parte oppofita, fiatferaicirculus NOC, 
fecans A B ,inO. Dico pun<Slum O, efle quxfitum, 
nempe dudla C O , effe quadratura F > ad rcdangulum 
COB,vtF,adG. DucaturON. Q^niaraLC,efi: 
xqualis LB, & M L,ipfiLNjcrgo&MC, cfticqua- 
lis BN. Ergo quadratum B K , eft acqualc redangulo 
C N B , nempc quadrato N O . Ergo , & linea B K , eft 
acqualis N O . Ciim autem ( propter fimilitudinem 
criangulorum COB, NOB) re<ftangulum C O B , fit 
acqu^e redbangulo fub C B , in O N , feu in B K 5 
redlangulum CBK , fit jequalc quadrato H. Ergo & 
ic(ftangulum COB, erit aequale quadrato H. Sed 
quadratum F,ad quadratum H, eft , vt F,ad G. Ergo, 

& vtF, ad G, fic quadratum F, ad rCAftanguIutn COB. 
Qtmd erac faciendum. 

SCHOLIVM. 

L Emma antccedcns reducitut ad Problema Vic- 
•tcum . Data bafe trianguli rc<Skanguli, 6 ^^ 
media proportionali inter hypotenufam, & perpen- 
diculum , inuenire tiiangulum. 

P R O- 
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PROBL- XXin- PROP- Lvr- 

Datis i;fdem, quae in fuperiori Pro- 
blemate, facere eadem , q us ibi- 
dem , vt fuperficies portionis ^ fit 
ad fuperficiem coni , in data pro- 
portione . 

D ^ta proportio He, quam habecD B, ad H, & 
dud^a BA, oporteac facere, quod imperacuin 
clt. Dads etgo duabus AD, 

D B , condnentibus an- 
gulum rectum A D B , du- * ^ 

catur a pun(3:oB,perpto- 
pofitionem ancecedemem, 

B £, VC quadratum dacae 
B A , fit ad icdlangulum 
BED, vt BD, ad & 
fiat cx tdangulo B E D,^ 
conusEBF. Qiwm dico 
efie qua:ficum. Demonfiracio ex Archimede eft .fici- 
lifiima , quapropter ad alia ciaafeamus . . 



LEM- 
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LEMMA XXXIV- PROP-LVH- 

Datam re6tam A B , fe6tam vtcum- 
- que in rursum diuidere in D, 
inter C ^ B ; vt rc(9:angulum 
ADC, fit ad quadratum D B, 
in data proportione . 

* f ‘ * 

» * 

H OC Lenlina tripliccm habec cafum, fcctindum 
quod 'prbpbrtio data eft , vcl sequalitacis , vcl 
exceflus, vcldefcdus.' Si fit acqualicaiis, foluctur fic. 



• ’ DiuidaturB C^nD, vtfic,ficutA B, ad B C, fic 
B D , ad DC . Namcumfic, vt A B jad ,B C,ficBD, 
ad DC j ergo permutandp , crit , vt A B , ad B D , fic 
BC,ad CD. Hrgo, Cz diuidendo, crit, vt AD, ad 
D B , fic D B ad D C . Quare redanguium A D C , . 
crit faille quadrate D B . 

VEL fic. Fiat AB, diameteti'cuiufcutnquc paral- 
lelbgraria^i F E , & per pu'ndum C , agatur H C G , pa- 
ralclla F A , vcl B E, & iungatur K E , (ccans B A , in D. 
Died ptfodtim D , efle qusefitum. * 

^ Qi^niamenimtriangulum A D £, eftfimile trian- 

.gulo. 
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gulo H D B , & paricer triangulam E D B, "eft 
tiiangulo H D C . Ergo , vt A D , ad D B , fic E D , ad 
DH . VcautcmE Di adD.Hj (kB P> ad p 
&*vc A D, ad D B, fic DB, ad PC> Quawr^ai|t 
gulum ADC, erit ascjualc qnadi'aidDiB. / i ... -i 

SI autcm proportio data fit excelTus , fitea,quam 
habet AC,adCE,&fiac, vcAE,adEC,ita coropo- 
fica ex A B, & OB, adBK, pofitam in dire(5kum ip/i 
A B 5 deindefaiSlo femicirculo fuper A B, & a nundo 
C, eredba pcrpcndiculap CL, Sciiindbi nar, vc 
AE,ad EC, fic LB,ad^M, & inter.LB , &M,inuc- 
niatur media proportionalis,’cui fic apqualis B N, ere- 
(Xd. pcrpendiculaijccr fuper A B, a pun(51:o Bj fpdlaque 
BKrrbifanam inO^.d: iun<5I:aO.N,!fi.at Q D, ipfi O N^, 
xqualis ( infra enim patebic, pund,M^iflPr^dcrc^ incejk 
C,B.) Dicopnn^iiumD ,«flcqua:fitum. 

Quoniam cnim duo quadrata N B , BO , funcarqua- 
liaquadrato NO, nempe quadraco OD fquia O D, 
fada eft acqualis N O j ) ■& quadratum D O , eft asqua 
le duobus quadratis DB, BO* & duobus redapgulis 

DBO, 
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^SOi ne^e vnicd re<5tangufo DBK,.J quia K B , 
du^la eft B 0.’)'’Ergo:dao quadraca NB., BO',, cfunt 
ae^ialia diiobds quadratis^D B , B O, 'Si redlangulo 
D B K . Et ooramuni ablaco quadrato B O ; quadracum 
NB,'ncmpe rc<Slangulum fub L B j & M, (quia^NB, 



eft media proportionalis infer L B , & M , ) eric rcquale 
quadra to p B, S c ie(ft angulo D B K . Ergo, quoniain 
facftym eftlupra , vc AE , ad EGT^cLB, adM j 
eft, VC LB, adM, fic quadracum LB, ad redangulum 
(ohLrB , in M ,'fic quadrate L B i eft xquale redangii- 
lum:ABC>* Scjparitcrre&anguIofubLB, SiM , pro- 
batum eft requale quadrat uD B, cum ledanguioD BK; 
ergo eril eciam,'vt A:E,’ ad 'E fie rccftangulum A B C,* 
ad quadracuimpBi^’cnm reddngulo D B K', Sed quo- 
niam fiipra fadum eft, vt A E , ad £ C , fic compofici_> 
ex A'B,BC, adB^ j &vt compoficaex AB, BC, ad 
BK , fic ( fumpea communi.alcicUdineB D, ) recStangu* 
l^mfiib taii coitip>bfica.in £> B jad re^tangulum D B K ; 
&red);angulumfiibcoiT)pofica ex A B, BC, ihBD) di- 
uidicur in duplum redangulum C B D & in re(ftangu> 
:: ' ' cl. a lum 
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lum Tub A C» wi D B ■ Efgo,' & vt re^anguluro ABC, 
adquadracum D B,cumrc6langulo D^B tC,fic red 4 i> 
gulutn A C, O B) cum duobus re^angulis C B D, achc: 
ccangulum D B IC. Cum ergo Bc,vt cocum redaugulum 
A B C , ad totum i nempe ad quadratum D B, cumrec- 
tangulo D B K, (ic ablatum ad ablatum , nempe rectaa- 
gulum AC> DB, cumduobus reccangulisCB D,adab- 
Jacum reccangulum D ; ergo, & vc totum ad cotuin, 
feu vt A £, ad E C, (ic reliqum ad reliqum, nempe ficn- 



ccflusrcctanguli ABC, fupcr rectangulum AC>DB, 
& fuper duo reccahgula C60, ad q^uadracumDB> 
Ergo, & componendo, vt A C , ad C E> he lalis exceffus, 
cum quadraco DB , ad quadratum DB. Sed tails ex* 
ceOfus, cumquadratoD B, facit reccangulum ADC> 
Nam, duo quadrata C B> B D , exccdunt duo rediangub 
C B D , quadraco C D j & recCangulum A C B , excedit 
re£languhim A C , D B, rctCanguio A C D , quod ctim 
, quadraco CD, facitrccCangulum A DO. Ergo,iO 
vt A C, ad C E , fic redlanguium A D C , ad quadratum 
DB. Quod me faciendum. 

Qo^ 
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' Qt^d vcroaflunapcum eft , nempe pundlum D, ca- 
dcrc inccrCjBj pacct cx proccftu dcmonftratiohis.^ia 
non in C. Nam>cumprobacumnr, vc A£, ad£C, He 
redtanguluna A B C , ad quadratum D B, cum rciftaneu* 
lo D B nempe ad rcftangulum K DB, nempe, ex mp- 
pofttione, ad rei^iangulum K C Bi & cum Hr, vc reccan* 
guium ABC, adcedlangulum K GB, flc A B, ad K C; 
eric vt A £ ) ad E C) (ic A B, ad C K . Sed paricer fadu 
eftjVt AE^adE C, fic AB,cum BG, ad BK. Ergo 
effec eciam,vt AB^adC K, ftc AB,cumBC,adBK, 
niinorcm C K . Quod eft abfurdum . £c muhb maius 
abfurdum concluderetur ft punctum D,caderec vkra C. 
EigocadicincerC, B. 

S I Verb proportibdata fit defectus , fic ea , quatn_-.> 
faabccAC, adCE i &fiac, vt E A,ad AC,fic, &du- 

t 


r 



pla C B , ad B K , & £ C , ad 1C M , poficas in dii*eccum> 
turn inter fe > tdm ipfi A B ; & diuila B 1C, bifariam in N> 
fiiperCN, fiat femicirculus, & a punccoB, erig^ur 
perpendicularis B L . Paricer fececur B M, bifariam 
P , & iuocca L P ) fiat ei xqualis P. D , ( oftendecur infe- 
rius punctum D, cadcrc inter C> B,J & ipfiDB, fiat 
acqualis C O . Dico punctum O , efte quameum . 

Eodem , 
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. Eodem enim modo , cjUo fecoai» ©ft ,fo'ftdh<Je- 
tur,qiiadratum L S, cde.acquale qaadrjico D £ , eum_l> 
icccangulo D5 M,ac proradectiamrectanguluC BN, 
cfl'c aequalc quadrate D B, pum rectangulo DBM. 
Sed quoniam factum eft , vt E A, ad A C , fic dupJa 
C B , ad B K , feu C B , ad B N ; vx G B»ad B N ; fic 
quadratum C B, ad riectangulum CB K, eixquar 

le quadratum D B, cum rectangulo DBM. lEfgo 
vt E A, ad A C, Ec quadratuno(C B ,ad quadfatum D B, 
cum rectangulo D B M. Rursum',quoniamfIipra factum 
eft, vt EA , ad AC, fic cam EC, ad' KM, quara duK 
pla C B , ad B K ; ergo eric, vt E A, ad A G , iic4unba ad-^ 
tecedentia adamboconfequentia^ uempe E Cvcnox~a 
duplaC B, ad totara B M . Sed vc EQcutnduplaiB C> 
adBM, fic ('fumpeacommuni alticudine DB,)xeccan* 
gulumfub ECjinDB, cumduplo rectangulo C B D, 
ad rcctangulumDBM. Ergo, 6c vc quadratum CB, 
ad quadratum D B , cum rectanguloHD BM , fic reccan* 
gulum E C, D B , cum duobu^ rectan^lis C B D , ad 
rcctangulum DBM. Ciimergo fit, vttqtum ad totu, 
ficablatum adabiatum j ergo, &; rclidutn a(d 
ciit , vt totum ad tolumi feu vt E A , ad AC.' Ergo , & 

. vc E A, ad A C, fic exceffus quadraci C B V. fuper reciaa- 
gulumE C, DB> 6c fuper duo rectanguU CB D^rad 
quadratum D B . ErgO)& coraponendo,vt E C,ad C A* 
fic exceffus duorum quadratorura CB, B D, fuper tcc* 
tangulum E C, D B, & fuper duo rectangtda.G:B Dy ^cl 
quadratum D B. .Etconuertendo, vc quadratum <D Bs 
feu, vitquadracuuvCO, (quia GO, facta eft a?q|Uftli* 

DB,‘ 
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D'B , ) ad excefluin quadratorura G B ^ B D , vel C O ,• 
fbper recrahgulutniE C , D B , feu E C O » !& fu’per duo 
redtangula C B D , feu B C O , fic A C , ad C £ / Scd,5c 
vrAiC'i ad'G E , fic retStangulum A C O , ad rcifiangu- 
hun ECO. 'ErgOr&vc AC', adCE,tam cftquadra- 
curaCi^yiidiexcefrufniduQram quadratorum C B>C 
fuper rciflangulum EC O, & fuper duo recStanguli^ 
BCO, quamrc<5tangulum AGO, ad rc(3:angu!uni__j 
ECO. Quarci & vt vnum antcccdcntium ad vnum 
confequentium , feii/vt AC, adCE, fic ambo ante- 



U. fi .. . 

cedentia ad amboconfequentia , nempe fic quadratuin 
C O, cum cc(3:anguk> A'G.OJ nempe reclanguJu A O C, 
ad cxc^flura duorum quadratorum BC, CO, folum, 
fuper duo rc£tangulaB CO, nempe ad quadratum O B. 
Qimd erat faciendum n-'i 

• autem affilraptum:c(li">.nerope pundiium D, 

caderc inter G , B,fpaiet<] Qma'non in C,* naniicum 
'probatum.fitjlcfle , VtE A, ad A C , fic quadratum C B, 
kd rcilanguJum M D B ; nenipe intalicafu , ad redan- 
guhjm'M.Q Bp 6£iCiiin<fit ,'vt quadratum CB, ad rec- 
rangulufti K4©B,‘ ira CB, ad CM; effet, &vtEA, 
ad aC, fic C B, adC M. Quod eft abfurdu, quia fupra 
. 1 ; fadium 
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fa(Sl;um eft , vt E A ^ad A C ^ fie C B , ad folam BN . ' Et 
inaius abfurdum concludececur, ft pundutn D,caderet 
vltra C. Ergo patet propoftcum'. • ' : 

SED praefcas Lemtea poteft vnica demohftrationc 
comprehendence oinnes caCus facilius folui , fed pet 
locum (blidum > quam non eric inutile hie fubiogerc . 



D.';j 

$it ergo data A B ^ diuifa in C, vtfupra , Be dataia- 
tio ftj, quam habet AC,ad H. Producatur A B,jn E, 
VC CBjBE, ftntaequalesi &fa(fta A E, diametro femi* 
circuli, crigatur a pun^Slo B, perpendicularis B F j 5^* 
circa aximC B , dkmetfo tranfoerfa A C , per prop.' 5 5. 
primiconicorum , deferibatur hyperbola tranftens per 
pundlum F , cuius vertex ftcC;’deinde fiat, vc H,ad 
A C , lie C B , ad C K , vbicuraque cadat pund^um K , 
& fuper K.B, fiat femicirculus ad eandem partem euro 
priori, aca pundlo C, erccta perpendicuiari C G , du- 
catiir GB, lecans.hypcrbolara in punctoO; deroifla 
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I ^p^n&o^ipl', J)Cr^nd 0 p , Tupcr^A'^B , 

fecante ipfain iii £)/ Dico punctura D, eflc quaefi- 

\ V -- I I ’ n -'.' 


:.i 


•'•1 t 

} ■ . 


.Iii - i • j ' * -I V . 

Etenim , propt(cr iimilicudinelT) triangulorum G B C, 
OId B, eft i vt G C , ad C B , fie O D , ad D B ; &' paii- 
tercft,.,VC quAdratam G C,' ad quadratum C B , fic 
q.uad^ci|ni O D, ad, quadl•atJ^m PB. Sc4> vc qua' 
^atuih G ad quadracuin C 6, fic K C, ad C B , ncirt- 

pe A C, ad H eft enim fupra i'vt ad A C, 

lie B C , ad C K j quare conuertendo, erit , vc K C , ad 
C.B, fic AC ,;ad H . ) 'Ergo, vcA Ci ad H, ficq^ttSdi^- 
jctjm.O P,‘nk?pc re^iangoJum A D C , ( quod ci tftcii- 
^ciurarquaic ) sid quadratum DBV/ Q^d crat facicn- 

4uOV^«{ ■ . .‘3 1 1? vi/ ■ 

Q^d vero recftangulum ADC, fic squale quadra- 
te D O , fic parebic . Nam , quia BC , eft xqualis B E , 
• rc(SkangulumA B C, erit sequale rcdangulo 
ABE, nempc quadrate BF. Sed, ex 
propofitione ai. primi conico« 
rum , eft vc recSangulum 
A B C, ad quadracum 
B F , fic rc«5lan- 
.1 guluoi--' ' ■ - . 

ADC, ad quadracum 
' DO. iQiMrr ■ A' ^ '■> 

. U I : ' patctprqpo- 

^ fitUUI;.^!- i ’/ ' < I w 1 K , - . 5; 

- k 1 ) o:-:U . 'i ^ i '- 

. t...n i 
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LEM XXXV' PROP- LVIir- 


Data bafe trianguli redtanguli , & da- 
' ta media proportionali inter cdm- 
. pofitam , ex hj^potenufa , & pa-- 
pendiculo , 6c iplurn pietpendicu- 
lum^ inuenire tnanguhim i 


D Aca bafis (Ic AB» & <Iata. media proportionalk 
He C , & opoi teat iauctiire triat^uiam . FuR,vt 
A B , adC« He C, ad B D » pofitain in directum ip(i ABi 
deindc data AD, Tecta in B> rursiim fecetui in £, ¥C rt- 



Aangulum A E B, TitacqoaleijuadratoDEjperpropo. 
fitioncm anteccdenmm,Bc fuper A E , fiat fcmicirculus, 
ac a puncco B, crigaturf crpcndicniaris BE, &ducan- 
tur A F, F E. Dico triangulum AFB, efle quefi- 

‘ ‘ OiL®’ 
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- • Qupaiam enkn rectangolam A E B , eft acquafe tam'' 
qi^adraco ED^quainquadraco £Fiergo,& duo qiiadra- 
ta ED, EF,paricer dux linex ED, £ F, eruncxquales. 
Tunciquoniam re<^angulu A £ D,eft xquale quadrato 
C,pcr conftrudlionem ,& paricer eft xquale rediangulis 
A B E, & A B ; E D j ergo , & quadratum C, crit xquale 
rectangulo ABE, nempe ( quadrato £ F,) 6c A £, £ D, 
nempe A B, FE, quia dux D £,F£,oftenncruncxqua> 
les. Sed, propter nmilitudinetn iriangulorum redtan* 
gulorum A B F, 'B F E , rectangulo A B , F £, eft xqua* 
le rectangulum A F 3 . Ergo quadratum C , erit xqua- 
Jc quadrato F^ , & rectangulo A F “B , nempe rectan- 
eulofuBcopapofita, ex hypotenufa AF,& perpendicu- 
loFB, 6c rubperpendiculo'FB . Quarepatec propo- 
fituni—j. 

£Jiicu:ii<;7 rrLil: hi: .. ii. ' 

- XXX t 

Dads ])iclem, qu? m propolmone, j 
facete eadem quae ibidem , vc 
quadtatxim , F I t -^'d re6t ahgulu m 
C O B V-ciim quadrato OB, in 
data proportioiie ; 


S I T data propottio ^}qu^ habetp, ad G, 6c intec 
F , G , inueniatur miedta H . Data autem C, ba<* 
ic crianguli rectanguli , 6c data H , media proportional! 
' B. > iotet 
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inter compofitani, Wbyp6te^fa;6ffperpendicul6 , & 
ipfuaiperpeadiculum , inueniacut rriangulam C O “B.. 
Dico factum eflTc, quodproponcbatur . ; i ^ 





v^niam enimrcaanguiamiuDcompolicarx CO, 
& 09, 6c fub09,eftxquale quadratoHjcr^ qua- 
dratum F , ad haec , habebic candcm^proportioncm-* . 
Scd quadratumF, ad quadratum H, eft vt F, adG. 
• Ergo , 6c vt F, ad G , lie quadratum F , ad reccan^ 

. igulum fub compo(itaiCJt C O, 09, ,i-. 

.. . ' .. inOB,nempe ad rccca^U^m' , , , 

■ j ‘ C OB, cum quadrate OB. 

^ ^ Quod erat fiicien- • 


dum . . 
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PROBL- XXIVPROPLX- 

Proble- 
ibidem 


itis ijldem^qu* m lupenon 
mate^ facere eadem, quae 
vt totus perimeter portionis fit ad 
totum p^rimetrum coni,. in daita 
proportione. r • 

!^Xponaturlinea X; pocens {imul dao quadrau_ji 


E B A , A D } &dau ratio iit' , quam naoec a ju , a< 
H. DacM auctfm duabus A~'D , D B , continentibus an 
gulumrc^lum ADBjduca- 
cur a pundlo B , linea BE, -j' 


vtfic,yVAD,adH, fiiiquaT V ^ JE, 

dracuro K , ad rcdangulum 

B E D, cum quadrate E D, y/^ >y \ f 

per anteccdcntcm propofi- / / \ \ 

tioncm, &fiatcoriusEBF. y / / \ 

Quern dicoefle quasritum. X / \ I 

Qma, vt A D, adH, fic^ ^ jj jr , c 
quadratutnK, nempeduo : 

S [uadrata BA, A D, ad recS^angulum B £ P „fcum qua> 
fOto £ D , nempe, ex Archimedc, totus perimeter por> 
tteois ABC,aatotuniperimetium coni EBFV ^od 
mc^ciendum .' "■ ' / ■ \ 


SCHO 
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S c H O' L I V M. 


Q VamuisPropofition« 57 . propofitura ficLemtiia 
fic vniucrfalitcr , attamcn , vc pacuic Propufitio- 
ne j 8 . noa iadigcbamusipfo ad folutioncm atuec«d^n- 
tis^Problematis, fic vniucdalitcr propofico, fcdtantutn 
m prbportionc scqualitatis . Yctum ad trberiorcai-^ 
fcienciam, &quiaex ipfii dependent alia Probletnata , 
quamuis non percincncia^ nec ad conns, ncque ad Cphx- 
tas y ncc ad fuperficiesoonicasi nec ad Aipetficies (pfase* 
fjeas ; propfuinaus ipfiim vniuerfalicer . c Vtcrgo ca^ 4 * 
tnus ff udlnm eic ipfo mananc^miroliieiiHiis dno £}<|aV^ 
tiaProblemaca. 


PROBLXXV. 


PROP LXI. i 


- ‘ • • -* J*. -t 

Datis circuit cfiame(r6; A B/torid- 
nuata in C» reperire inteciB, C,- 
pundurn D ,yc ab ipfo- du(aa tan-' 
gente D E ; fit h?c ad ©..Cl; 

■ date, proportionc . i ‘ ; • ' . .. . . 

D Ara ratio fie, qnamhabet AB^ail H* qiiatcoQ-i 
tinuctur ad tertium terminum K i deHid«>} per 
Propofitionem 57. data AC >feaa in B,ta licet ftcctur 
in D, inter C, B, vt rcclangulum A D B, fic ad qrmdrv^ i 
I . • cum 


I 
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turn D C , VC A B, td Ks Bcz puivSfcbD , ducatujrtaif- 
gens D £.~Drco €lTe> quodproponebactk^.. 



Quoniam enim rc^kangulo A DB, eft acqoalc qua- 
dracum DEjcrgo, & vcAB, adK, feu, vc quadra- 
cum A B, ad quadrat^ f-|> «a crit quadratum D £ , ad 
quadratum DCi &vt AB, adH,fic DE, ad DC. 
Quod ciac Faciendum • 


PROBLXXVI 'PROP LXIL 


In triangulo BAG, a pum9:o A , 
fine duae linea:;, A D oc~ 
' currens' B C , inter B, G, & A 
parallela B C, indefinita j a pun- 
ducere B G H F , tali le- 
ge, vt quadratum B G, ad re^an- 
gulum F GH., fit in data propor- 

tione . Data 
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rfc^a' BjG -v. JrTD I lursum; fc^ctiK in tsi 
inter D , G,|pcr ptopofitioncm yc rcAin^. 
lum BiC D , He ad quadracum K C| in data proportio- 
ne, qu£ fit caj quam habcc v.g. , BC, adL, & per 
pun6bum K, ducacur KG, parallelaCA) occurrens 
A D,in G,&perpunAa B, G,ducatur lineaBGHF, 
fecans A C , in H, & occurrens A £, in F . Dico lineani 
BF,cflcqu*fitatn. 



^ Q^piam cnim recflangolufii BICD^ ad aoadiatii^ 
K C , habec rationcm edmpontath ex racionious bM 
K. C, ^ p K , ad K. C i ergo , & ratio BC , ad L , compo* 
'nctur cxjftis proporcionibus . Sed vt B K,ad KC,lit 
(Jqb'paTallelasGK'AC,) BG/adGti; & paritcr,« 
K Cj' fit D G, ad G A , 8 c (i^^pb.parauclas AFi 
B Dj) yt DG, ad'G A, fic BG,adGF'. Ergo,&BC, 
proportio ad L, componeturexduplici proportion^j 
nempe B G ,ad GH, & B G, ad GF, quaduacfi»c‘““^ 
rationein quadrati B G, ad reftanguluin F G H » 
patctpropofitura’. ! . ' 

Qs^mnis vero hocProblemaficficvhiucifafci^^^ 

. . . f ■ tatn 
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inen nonerit inutile traderc aliatn propofitionem in.^ 
propottione xqualicacis> qux non fupponec propofi' 
(ionetn 57. 

‘ Dads ergo , qua: fupra , ducatur D H , parallcia A B, 
&per Bj&H,ducacur BGHF. QuamdicoeflTc qusfi- 
tam. Nam (obparallcjas HD, BA,) duo triangula 
AHB, ADBjluntacqualiaj &demptocommuni tria- 
gulo A G B , triangulum A G H , eric acquale criangulo 
BGD. Nunc jquoniam triangulum BGD, ad ttian> 
^ulum^A G babecrationemcomponcam, ex ratione 
triaoguU BGD>, ad triangulum G A F , & trianguU 
iGAF,admapgulumG AH; vtautem criangulum_-j* 
BGD> ad triangulum GAF, fic (quiaiHa triangula 
funt (imilia ob parallelas B D , A F, } quidratum G B, 
fid qiiadratum G Fj & vt triangulum G A F, ad triangu- ' 
lum G A H, ficF G,ad G H.->Ergo triangulum BGD, 
ad triangulum A GH, habet rationem compoficam — j 
ex raejonibus quadrat! B G , ad qujadratu G F, nempe ex 
duplici ratione B G, ad GF, & GF , adGH . Sed 
lationes B G , ad G F, & G F , ad G H, faciunt 
rationem B G , ad H G . Erga triangulum B G D , ad 
triangulum A G H, habet rationem compofitam, ex ra- 
tionibusBG,ad GF,&BG, ad GH. Sed iftacdua: ratio* 
nescomponunt etiam rationem quadrati BG, adrec- 
tangulum F G H . Ergo vt triangulum B G D, ad trian* 
gulumAGH, (icquadracum BG, ad re<!%angulurrL^ 

F G H . Sed triangulum BGD, probatum ell atquale 
trianguloFGH. Quare &cc. Qupd&c. 

*0.1 S FRO- 
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PROBL XXVII- PROP-LXIII- 


Data, fphxrae portione, , conftituere 
conum fuper eamdem, bafim por- 
tionis , vt portio fit ad oonum in 
data proportione'. . ' 


S I T dau portio A B Cy fph 2 rrae> cinus diameter F fi, 
centrum E, 6cdacapropoiciofit,.quamhabec F O, 
adri. Oportec facere Fiat, vcFD, ad FD, cum 


FE, ficDB, adDG, & 
fiat conus A GC , cuius 
axis fit GD. Ergo conus 
A G C , ex Archimede fu- 
pra citato, eflxqualis por> 
lioniABC, Fiat ergo, vt 
FB,'adH.ficGD,adDK^ 
vbicumque cadat K , 6^* 
fiat conus A K.C. Qucm 
dicocfiequatfitum. Nam 
conus G AC, fell portio 
ABC ,.cft ad conu A K. C, 
vt G D, ad D K j feu vt 
F B , ad H . Q^od eras 
faciendum . 



n 


LEM- 
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LEM XXXVII PROP; LXlV 

.... . . . • 

Dato qtolibet triangulo. A B C,;cu- 
‘.' . ttis vertex .B<i'.<Kcere a:,vertice 
B, Imearri B'Dj.occurrenteni la- 
teri A C, etiam produdo ^ vt qua- 
dratum vnius lateris , puta B C t 
fit ad redangulum fuB alio late- 
re in dudam , nempe ad redan- 
gulum A B D , in data propor- 
tione polfibili . 



B C, ad re^ngulum Tub B A , in perpendiculuiDj quia 
alicer B DjnoiieflTec ducibilis^ciime^ec minor perpen- 
( ' /. • ' S z dicu- 
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diculo. DataVatio fic ,'quam habet AC TadH^&fiat 
vt AB, ad B C, fic BC, adK fiatvt AC, ad H, 
fic K , ad aliam , q.uac nQn.cric^minor perpcndiculo 
trianguli , vc patebit ex determifiaiionc Lemmatis, 
ac proinde Hducacura pan<5fcob)OCcuirccA C jbocui* 
rac in pun^o D . Dico quadracutn B C , eflje ^d redan- 



L : 

j. i. 1 

AJ'ji 




cl A. ‘Ui’IJ? 

— I 

A C . . I> 

,, > « f i ^ w f’s • * ^ ^ a 

/ . , ^ Vj 

gulum A B D , in data propdrtion^ A C JaS'ril.' Natf, 
quoniam fadkumeft, vt A B , ad BC, fic S Cj ad tCj 
ergo quadracum B C , ericarquale re<^^nguIo Tub A B) 
& K . Ergo h^c ad rc(dangulu A B D,habebunt eandem 
proporcionem . Sed rediangulum fub AB,inK,adrc- 
(Stanguluro A BD>cft, vcK,adB Di &vtK,adBD> 
fic A C, ad H . Ergo, & vt A C, ad H, fic quadratum-f 
B C , ad rcdiangulum A B D . Quod erat faciendum- 
Quod verd BD, non fit minor perpendiculo , patct> 
vt dixi , ex determioatione . 

. • ' .1 ■ 'I! , . .1 f, 1 •. ..I ■ I " 

■ ! . . . ; ’ I 3 

. i PRO- 
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PROBL-XXyilL PROPLXV- 

Datis ijfdem , quae in fuperiori Prq- 
blemate , facene eadem j quae ibi- 
dem , VC fuperficies Tphaerica por- 
tionis , fit ad fuperficiem conicam 
coni , in data proportione . 

D ^ta porno fit A BC , & data ratio fit, quam ha- 
bet A D, ad H. Oportct faccre, quod impe- 
lacum eft. DucaturB A. Infra patebit oporterc propor- 
tipnem datam rainorcm cffcea,,quarahabetquadratum 
A'BJ ad quadradu0;i AD. ' , ' = > . 

A' vcrtice ergo 'A, dati ' , E : ' 

tjrianguliADB, ducatur 
A E, occurrens O BjTn E, 
vf quadratum A B , fit ad X 
redtangulum £^D>vt'|^'- 
A D, adH', & cx trian- 
guloEA D, reuolutodt-i)’ 
ea £ D, fiat.conus AEC.;. I 
DicQconum.A EG» . , . . ^ 

quxfitum . Patet facili-o'A-.^! ! £iIJDp X 
ter i nam fuperficies por- . , . 

tionis A BC , ad fupcrficiemconi E AC, eft, ex Archi- 
mede fiepc citato , vt quadratum B A , ad re(Sbangulurn 
£ AD^ nempevt AD, adH ^ Quod cratfac»enda«i.i; 
I " . . ' Ouod 



1 
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Qi^d veto propoitio data debeae* efl^ minor eo ^ , 

quain habecquadratmn BA, ad qiiadratum A D , pa- 
tec i quia, all ter cum non po/Iic duci A E , conus £ A C; 
non eflcc conrtruibilis. • ’ ; . 


. LEM-XXXaX- PROP- LX Vi- 
sit portio ABCjCuius vertexB,axis 
B D, diameter bafis A Q, & du- 
catur A B, fiatque yt D A,ad A B, 
ita AB> ad aliarri, quab erit (pfi 
■ A B^ maior, 8c fit A E, occur" 
rens D B, product* mE.'Pjco^' 
quod fi ex niangulo E AD-, fiat 
conus E A C , Tuperficies, cpnica 
talis coni erit aequalis fuperficiei 
Iphericae portionis A'B C. ' 8‘ ■ 

I Nfpiciatur rchemaantecedcncisPropo^donis. >Pacec 
propofipum , quia rciaangulum E AO oftcequale 
quadrato AB. Ergo, cx Archimedc ^up»r^es 
portionis, erit acqualisfupcificiai coni'. ' .nri '-r » 


C O R O L L A R I V M. 

E X di(^is deducicur#iSotum periraemim pa^iohis, 

elTe xquale rati pcEimecco cooi, addica jKmpe bad 

conamuni. SCHO- 

* % 
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V S ,G H O L I V M. 


H 1C eciam non erii inutile notafre,qu^n por- 
tio fit hemifphxrium j latus coni eric aequalc 
diemetio (phacras , quiaxunc A B ^ efl media proportion 
naltsincef A femidiametram fphtcrae, & diametrum . 
Nocetur etiam, H placet, totumperimetrum coni effe 
triplum circuli maximi fphasrx ,• ac proindc fe haberc^^ 
ad circUluoi raa;^inium,teu adruam baGmj vt Cylindrus 
ineadem baG, Scalticudine, ad conum. 

• r » ) 


PRQB^XXIX- PROPLxy II- 

ll ; i:., .:.U . r Idem : : . : • 



D Ata propbriio Gt A D, ad H j & Gat conus AEG, 
- ciiius uiperGcies Gt a:qualis fuperficiei fphacrica: 
pottionis. Patec ereqfa- ' ! '»- 

ciliter * quod G Problema i v 

debct‘folui‘, opoitct ra- i-'- — £r'.. — | 

tionem A D , ad H , efle ' / \ 

minbrem ea , qoatn habet ' y ‘ 1 / ]> \ i ^ • 

ifccJ^aBgalum H A D, ad ^ , . 

'quadratam i^D. Fiater--^ j/y 
goj vt A Di ad H, Gc E A, / \ ' 

ad al jam, qua; ex deter mi- j 

natibde erit maior A D , ^ ' n — • 

ac proindc, 'G diicatur a ^ ‘ I ' < 

pumSto Aj'Occurret DE, occuriat in F>dc Gat conus 
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AFC. Quern aio efle qu^fitutti . Detnonflratio eft fa- 
ciliflima ; quia vc A D , ad H , fic E*A , ad A F, nempe, 
( fumptacorumuni alcicudincAD,Jrc<ftangulu'E\A D, 
'ad rc<^ngulum FAD. Nempe quadratum B A,*qua; 
le recStangulo E A D j ad recftangulum FAD. Nempe, 
fupctficies porcionis A B C, ad luperfidem coni AFC* 
Q^d erac faciendum. . 


LEM XXXIX- PRQP-LXVIIf. 


ii. 


Dato triangulo AB C, cuius vertex 
' B^ ducere a vertice Bi lineaBD, 
occLirrentem AC, produ6tse ( fi 
opus fit ) tali lege, vt duo.qua.- 
drata C B, B A, fint ad recStaft- 
gulum D B A j ’cum ’‘^adrato 
BA, in data ratione.polubili 

E Tiam hie oportetproporiionem dacam non efle ^ 
maiorem ea, quam habenc duo quadraca C B,B A, 
ad quadratum B A,fimul cuinredangulo Fub BA, in 
perpendiculum jaliter B D , non poftec jduci;, quia.ef- 
fe: minor perpendiculo, vc confideranti patet. ‘ 
Data ergo ratio fit , quam habet A C, ad H, & eriga- 
cur a p,undlo A , ipfi A B , pcrpendicularis AE,£equa- 
lis jpiiB Gi & ducacurBE. Tunc fiat, vt AB,adB E, 

fic 
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{ic B £ ^ ad K 5 dcinde fiat vc A G, ad H,fic K, ad aliam, 
quae ex detefminatione Problemads , non eric minor 
compofitacx A B , & pcrpendiculo , vt patcbic ex pro- 
cefiii demonfiracionis . Quare fi ab ipfa auferacur a:qua- 
lis ABV& reliqua ducatur avcrciceB, vtiquc occur- 
ret AC. Occurrac ergo, & fit B D. , 



f ^ ^ \ • 4 i i 

Q^uoniamenim fadum eft , vt A C , ad H, fi^K^ad 
D B ‘^fimul cum B A, 6c vt K,ad D B, cuni B A , fic •( fiim- 
pca communi alcicudine BA,} re<ftangulum Tub K , 6c 
lub B A^adredtangulum fub compoi^a ex D^B, S c a 
B A , inA B,^ nempe adreiftangulum DBA, c;ua;i qua*; 
drato B A . Ergo, 6c vt A C, ad H, fie re<ftangulu« Tub 
K, inAB,nempe quadratum BE, (nam fadhim eft 
fupra, vt A B, ad B E } fic B £ , ad K ad redangulum 
DBA,cumquadrato B A. Sedquadrato B£,iunca:- 
quaiia ,duo quadrata B A , A ]E j 6c quadratoA £» 
puale quadra^tumB C , ex cpnftruilione.. Ergo ,, 6c^ 
VC A C , ad H ', fic quadrata A B , B C , ad rcdangulum 
D B A , cum quadrate A B. Quod, crac faciendum . 

* i * J 

•• • I 1 
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PROBL- XXX- PROP- LXIX. ! 

Datis ijfdem , quae in fuperiori Pro- 
blemate j facereeadem, quae ibi-i 
dem,vt totus perimeter, portionis, 
fit ad totum perimetrum coni, in 
data proportione . 


D Ata proportio fie , quam habet AD, ad H, quam 
pacebic oporcere minorem efle ea, quam habent 
duo quadraca B A, A D,ad duo quadraca A D. Per Lem- 
ma ergo antccedens vni- 
uerfalius propoficum , a £ 

pun(fio A , vcrticc daci 
trianguli BAD, ducacur ^ 

A F, VC duo quadratiU-*, 

B A, AD, fine ad rc<flan-^ j 
gulum FAD, cum qua- 
drato AD, vt A D , ad 
Hi 8c ex triangulo F A D, 
rcuoluro circa F D , fiat 
conus AFC. Quern di-.^ 

CO efic quazficum . 

Nam, VC A D, ad H/fic duo quadraca BA, AD, ad 
re<flangulum FAD, -cwti quadrato AD, nempe , ex 
fxpc diftis , perimeter portionis A B C', ad perimetrum 
coni AFC. Determinatioefteuidens, quia alicerPro- 
blcma efiet infolubilc, vt confideranti fict manifeftum , 

PRO- 
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PROB.L XXXI PROP LXX- 

Idem . 

* 

H OC ideraProblctna roluecur aliter, &facilius. 

Inueniacur conus E A C , cuius perimeter He x- 
(jualis perimetro porcionis A B C . Deindc fiat , vt 
A D * ad H , He £ A , cum A D , ad aliam, qux ex deter- 
minationcjcrit maior dupla A D . Q^re, fi ex ipfa au- 
feracur xqualis A D, reliqua eric maior ipia A D. Ergo 
potcrit duci a pundo A , in D B . Ducacur ergo vbi- 
cunque cadat , & Ht A F i & Eat conus , vc prius,,A F C* 
Q^era aflero elTc quxiitum . 

Demon (Iracio eft facilis s quia vt A D,ad H , fic E A, 
cum A D , ad F A) cum AD, nempe ( fumpta communi 
alcitudine ADO recftiangulum EAD, cum quadraco 
ADj nempe perimeter coni A EC, ad perimccruoL^ 
coni AFC. Q^d erac Eiciendum • 


S C H O L I V M. 

D Vo requeheia Problemata , quoad folida ab ali js 
demonftrantur, acfoluuntur, a nemineveto, 
quod feiam, quoad fupecficiesi quareipfos foluemus 
quoad fuperficies. 


I » LEM: 


<9 V* 

mi 


i; 
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' LEM- XL PROP LXXI* - 

In dato triangulo du6to perpendicu- 
lo ab anguioverticisidbafim; du- 
cere ab eodem angulo aliam linea 
inbafimprotra^tamctiam fiopus 
fit, vt re£tangulum fub dudta, & 
fub perpendiculo vna cum rec; 
•tangulo fub vno latere , ■&: fub ep^ 
dem perpendiculo , fit ad hoc ide 
redtangulum, cum quadrato alte-- 
rius lateris, in, data proportione. 

D Atum triangulum fit A BE, data vero ratio, qua 
habet A B, ad H; & fit du<fla perpendicu laris 
hu. Oponet apundo B,ducerc BC, vbicunqucj_^ . 
occurrentem A E, vcredanguIumCBD,cumredan- 
A B p, fit ad idem redangultirij A'BO, cum quai^fat^ 
BEy/Vt AB.,,ad H-. , {'; , ^ - ir 'ilro'nob »■ 

Facet imprimis, fLemttia’quinque habere cafus , (e- 
cundum diuerfiiatem angoli vcrcicalis , & diuetfunL-dr 
modum cafus pcrpendiculi. Potefienira, velcadere in- 
ter A, E, vein primafigurffi velinipfb pundo A, vt in 
fecunda, quando fcilicec.perpendiculum efi idem, ac 
lacusBAi vel in ipfopuhdo £, vt in teitia, quando 
4 . feili- 
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(cilicct eft idem> ac latus B E j vel extra A E, ad partes E, 
vein quarta } vel tandem extra A £, ad partes A, ve in_^ 
duinta . In prime, quarto, & quintocafu,oportet,quod 
nproportio jfitminoris inatqualitatis , tamen Temper Hr 



maior ea, quam habet redangulum A B D^um quadra- 
te B D , ad retf^angulum A B D , cum quorate 
BE* In Tecundo cafu oportet e(Te maioremea/quam 
habent duoquadraiaB A,ad quadrataBA , 8 c i BE; 
Tadem in tertio cafu, oportet Temper efle proportionem 
maiotis anasqualitatis <. Deter mmationes facile. erunc 
manifcftz^onndetanti $ nam,n aiitere(Tet,quamdetci- 
roinattfm eft^B C > non poftet duci 5 nam^vel eftet atqua- 

lis 
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lisBD, vel minor ea. Hispraehabitis . Fiat, n. pct- 
pendiculumB D) adlatus BE, He BE, ad-F} deind« 
fiat vt H,ad A B,fic compofitacx AB,&F ,, adlC L, 
quara aio futuram maioremipfis ^B,BD, (vtpatcbk 
inferius.) Si ergo a tnaiori ICL,auferaturIC G, xqua. 




lis ^ 6, reliqua G L , erit maiorB D . Ergo poterit duel 
a pundo B , ad aliquod pundlum linex AE, etiam pro- 
du<Sl 2 e , fi opus fit i ducatur , & fit B C . Dico fa6kutn_^ 
efie, quod proponebatur . Patet . Nam, quoniam fa- 
dura eft, vtH, ad/iBjfic^B, cum F , ad K L , nem- 
pe ad duas A B , B C } ergo conuertendo ^ erk vt ^ B, ad 
H,ficilB»cumBC> ad^B,cumF. SedvcCB,cura 
■ ' Ba 
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"BA t adBji j camF , fic' (fumpta communi alcrtudine 
B D, ) re£langulum C B D , cum rcdangulo ^ 6 D , adf 
idem rediliangulum ^ B D > cum rc6i;angulo Tub B D, in 
F , nempe cum quadraco B £, f quia fa^um e(l , vc B D, 
ad BE, He BE,adF. ) Ergo vc A B ,ad H, fieduore- 
<SlanguIa CBD, &ABD,ad idem rcdiangulum_4> 
A B D , cum quadraco B £ . Q^od erac faciendum . 

Quod K.L, fit maior AB, B D, patec ex proceflii 
demonBrationis, & cx Lemmatis decerminacione « 

A S C H O L I V M . 


P Ropofuimus hanc propofitionem adeb vniucrfali- 
ter, quamuis pro foiucione futuri Problemacis, 
non indigeamuscanca vniuerfalicate , ad vberiorem-ii 
feientiam . 

PROBLXXXII- PROP- LXXII- 

Dato fe£tore /phsricojnuenire rhom- 
bum conicum cuius vnus conus 
fit idem, ac conus fedloris , & ba- 
fis conorum fit bafis coni fe£toris, 
adeo vt fuperficies rhombi , fit ad 
fuperficiem fedtoris , in data pro- 
portione . 

• Hoc 
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H o C Problcma triplicem habec cafuro , fecim* 
dtitn qaodfcdor , veUn; maior, vel minor » vel 
acqualis hemi(phxiio, Cciliccc quando Cei^oi d^generat 



' I 


tnhemifphxtium ; &recundum diuerfo$ cafus, Proble* 
ma recipit diuerfas decerminaciones . Sic ergo fphxra, 
cuius diamccec GF ) cenccum C, dc fit fcifior D GEC, 
vel minor heinirphxrio , vc in prima figura , yel maior, 
vtinlecunda, velacqualis, vein cercia^ ( quamuis im> 
propriehemilbHxiium dicatur fe£lor , ficut, & rhom- 
bus inueniendus , non ell rhombus , fedi conus, quia_^ 

hemi- 
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hemifphasrij non eft conus ) Paritcr in fecunda figura, 
fe(^or inaior hcmifphjcrio non habec conuinr fed eft: 
minorportione DG EP, quantitate coni DCE. Intel- 
iigacurcirculus maximus D G E F, oitus ex fcdlionc__^, 
&rcliqua,vcmoriseft j Sc inomni cafu, dudla D G,ac 
infecunda figura,fa<5la P L , a:quali P G , & iundlis DL, 
L E ) acintcllc<5lisconisD C E , DL E, patet iftos e(Te, 
acquales. Data ergo ratio fit, quam habec FC,ad H. 
Oportct,quod ft ha:c fit minoris ina:qualiracis,fic tamen 
in primo, & fccundo cafu, maiorea,quam habet reiStan- 
gulum C D P, cum quadrato D P, ad revSlanguluiiL-j 
C DP, cum quadrato DG. In cercio vero cafu, o- 
portetmaiorem cfreea,quamhabentduo quadrataC D, 
adquadratum CD, cum quadrato DG. Tunc, per ante- 
cedes Lemma, dato trianguloC D G,& du<Sloperpendi- 
culo pPjducaturD K., vt redtangulum C DP, cum re- 
dlangulo K D P , ad redangulum C D P , cum quadra- 
ro D G,fit VC FC,ad-Hr ScinceJligacur rhombus KDCE, 
in priroa,-KDL E, irvPecunda , & conus K D E, in tertia 
iigura. Dico fadlum cfle, quod proponebatur. 

hJam , in prima figura , proportio rcv^tangiilorum 
CDP,&KDP,ad re(fiangulumC D P ,cum quadra- 
' to D G, eft eadem cum proporcione perimetri rhombi 
K DC E,ad fupcrfidemlciftorisDGC E, exArchime- 
de fiepe citato . In fccunda verb figura, eft eadem cutn 
proporcione fuf erficiei rhombi K D L E, ad fupcrficicm 
fe<5toris DGEC. Qina fuperficies fe<ft:oris conftat ex 
fuperficiefpha^ricaportionis DG E, conica coni 
D C £ , cui eft aequalis conica coni D L £ . In certii_^ 

V figura 
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figura aucctn , e(l eadem cum ea , quam habec cotus pc* 
rimecerconiKDE,adcocuni peiimetrum heinirphaerij 
DGE. 

Decerminaciones , reliqua , pecenda func ex ante-, 
cedcnti Lemmace ; nam prslcns Probiema , aliud non 
cQ; , quam ancecedens Lemma . 

PROBL- XXXIII- PROP- LXXIII- 

In datalphira reperire fe6torem^ cu- 
ius fuperficies fph^rica > fit ad fu- 
, perficiem conicamfui coni, in da- 
ta proportione . 

D \txfphacra: fitdia- 

metei D B , ccn- | K ^ 

tru E>&daca proportio fir, 
quam habec B E, ad HF* 

Oportct facerc, quod im 
pcratumcft. Sumaturip- 
fius H F , dupla H G , & a 
fiat, VC EB, ad HG,fic 
HG, adK,* deindc diui- 
datur B D , in O , vt fie, fi- 
cutBE,ad K, fie BO, ad 
O D, vbicunque cadac 
pun6tu O, & per O, duca- 

cur 
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tur pcrpendicularis AOC, ipfiBD, & reliqua fianc,vc 
in fcheinatc j&intclligantur folida, &c. Dico inuentu 
cfle fe(5korem A B C E, fine maiorcm, fine minorem 
hemiiphacrio, cuius fuperficics fphacrica ABC, fit ad 
fuperficicm conicam coni AEG, vcBE,adHF. 
Nam, quoniam fadlumeft, vc EB, ad K, ficBO, ad 
O D,& proportio B E,ad H G, eft fubduplicata propor- 
tionis B £ , ad K , & pariter proportio B O , ad O A»cft 
fubduplicata proponionis B 0,ad O D. Ergo,& vt B E, 
ad H G , fic B O, ad O A . Et ad confequentium dimi- 
dias . Ergo vt B E , ad H F, fic B O , ad dimidiam A O. 
Sed, vtBO, ad dimidiam A fic ( fumptacommuni 
altitudineB D, J redlangulum D B O, nempceiacqua- 
lequadratum AB, ad rcdangulum Tub D B, in dimi- 
diam AO, nempe ad redangulum fub dimidia B D, 
nempe fub A E , in totam A O . Ergo vt B E , ad HF, 
fic quadratum A B, adrcdtangulura E A O,* nempe .» 
fuperficies fphxrica portionis A BC,adfuperficieni_u» 
c onicam coni £ A C . Quod crat faciendum . 

SCHOLIVM- 

r 

V r diximus fupra , hoc Problema comprehendit, 
tarn fediores maiores, quam minores nemifphse- 
rio,& fifmpcrpuniJkumO jdiuidet B D, vtpofliefieri 
conus I prsterquamquod, quando proportio crit diipla> 
quia tunc,pun(^um O, cadet in £ , nempe in centio. 

Dominus Ricardus Albius Anglus, Vir nobilicatc^ 
fanguinis , ac cruditioqc confpicuus , in fuo hemifphx- 

y 2 rio 
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riodifle(5to propof ii. foluit hoc Probrema. Conum 
fegmenci, ad coniim rc(Stanguium) in quacumque data 
racionecondituere. Cutauimusaliquando/oluere hoc 
Problemainfupcrhciebusconicis ,ac animaduectimus^ 
Problema poffe proponi vniuerialius, no foliim in cono 
reccangulo>(edin omnicono, &non folumin hemif- 
phazrio, fedinquocumquefolidorotundoorcoexreuo- 
lutione circa axcrn, cuius bahs fitcirculus i hue talc fo- 
lidum fit quodlibetconoides, vci portio fpha:ra:,rphr- 
roidis^vciiblidumcycloidalc^ vcl quodlibec aliud. 

PROBLXXXIVPROPLXXrV' 

Datoquoliber folidorotuiuio ADB, 
circa axim DC^ cuius bafis fit cir- 
culusj cuius diameter fit A C B, 
vertex eius fit puruSbum D, & da- 
to conoECF, circa eande axem 
CD, cuius bafis fitcirculus EDF, 
tangens folidum in vertice D ; fe- 
care folidum A D B , & conurri ~ 
' ECF , piano GM» bafi parallefo 
,vtfa6to cono G CM, fit hie, ad 
conum HCL , abfcifsum a cono 
ECF , in data proportione . 
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D Ata proportio fic , quamhabetCD,ad P, 6c .» 

fiat VC P, ad DC, ficquadratum DE, adqua- 
dratum DO,&iundaOC, perpunduin G,vbiCO, 
(ecac fuperficiem folidi , 
docatur planu GHKLM, ' “ 




0 E 13 

T K 






, # X V \ 

. . W 


\A \ 

l/c b/ 


m m. ^ ^ ^ , -- 

intelligantur coni G C M, 

HCL. Quos </ico 

quacfitos Ell etMin.vtCP? 
ad P , fic quidratuiu.ClD, 
ad quadracuin D E 5 nem- 
pc(ob parallclas OD,GK. J 
(ic quadracuin GK, ad qua* 
dratum H K.. Vt autem quadracuin G K , ad quadracu 
H K. , fic circulus, cuius diaineccrG M > ad circulum^, 
cuius dtamecerH L > nempe cpnus GCM, ad conum 
HCL. Quod eral faciendum. * - 


fl ^ i 


PROBL- XXXV- ' PROP- LXXV. 

\ 

Datis ijfdemjC|U3E in fuperiori Proble- 
mate, facere eadem , quae ibidem, 
vt fuperficies coni ,GCM , sit ad 
fuperficiem conicam coni HCL, 
vtCD.adP. . , . 

r icelligantur cmnist fedla piano cdfifueto modd;& 
datis duabusrc^h liheis CDa Dl^^ contin^ncibus 

" angu. 
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angulum return C D E , ducatur C O, vt reaaneulum 
COD, fit adre<Slangu . 

lum C ED, in data pro- , Jp - . ^ , j"; 

poriione C D , ad P , per 
propofit. 5 5 . & per pun- 
dtum G , agatur planum , 

& fiant omnia, vtinfu- 
periori Problemate. Dico , 

&c. ’ / '■' 

ob paralUIas OD, , 

G K, facile patcbit , efl'c, 
vt rc£tangujum COD^ad rc 6 i:angu!um C ED, ncm- 
pe,vt C D ,ad P , fic redangulum C G K , ad tedangii- 
lum C H K , ncmpe fupcrficiem coni G C M, ad fijp^r- 
ncicra coni H C L., QucmI era t faciendum . 

PROBL XXXVI- PROP IXXVi 

Dads ijfdem , quae ia (uperiori Pro- 
blemate, facere eadem ' nuje ibide, 
vt totus perimeter coni C G M , 
adtotum perimetrumconi CHL, 

sitvtCl5:'adP. 

' ' •* ' . . ‘ >'' 5 ' : 

A d foluendumhoc Problema, vtemur prdp^^g. 

nempc , ducemus C O, vt redangulum COD, 
cum tjuadrato O p^,fic a^d Jincam potentem rcdangul^ 

& per punt 

. ' . <ftum 
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dum G , ducctur planum , vt prius , & rcliqua fienc vt 
prius . Dico pcrimetrum coni G C M , eflc ad pcrimc- 
trum coni H C L , vt C D , ad P . Dcmonftracio eft fa- 
acproindcomiccicur.i- . • . > > 

LEM- XLr- PROP- Lxxvri-I 

Sic re<5ta linea A B.iedta in Qvel bifa- 
riam, vel non bifariam/ed adeo vt 
AC, fit maior CB. Si rursum 
C B , fecetur in D , & D C , (ece- 
tur biferiam in Ejtria reftangula 
A C B j erunt maiora tribus re<5ta- 
gulis AC> EB.^tribus re6tangulis 
EDB,&duo 

Ipus'quadratisCli. 

■ L.' u3'jf <■ ! > r . . . ... 

Q Vpniamcnira BE, maior eft B D, &DE,EC, 
funtatcjualej^ ergo tria rcdangula B EC, erunc 
' maiora tribus redangulis B D E . Sed & tria qua • 
drata C E , funt maio- >; c 
ra duobus quadratis * . 

CE; ergo triaixectan- 1^"^ — r-j 

gulaB EC, cum tribus A CEDE 

quadratis CE,* nempe 

tria rectaugula BCE, erunt maiora tribus rectangulis 
B D E, & duobus quadratis C E . Sed, ft linea A B, 

fecra 
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fccta cftbifariain C, tria cecungula B C E ,funt aeijua- 
lia tribus rcctangulis AC E,- veto AC,cftmaiorC B, 
tria rcctangula ACE, fuQC maiora tribus rcctangulis 
BC E. Ergo , in vtroquccafu , triateccajngula A C E^ 
crunt maiora tribus rcctangulis B D E , & duobus qua- 
dratis CE. Et cominunibusaddids tribus rcctangulis 
AC, E B. Ergo tria rcctangula ACE, cum tribus 
A C, E Bjqua: omnia faciunt tria rcctangula ACB, 
crunt maiora tribus rcctangulis A C>EB, tribus rcctan- 
gulis E DB, & duobus quadracis C E. Quod crac of- 
tcndendum . 

SCHOLI VM. 

14 

E X dictis clarc cenctur , quod , ciim tria rcct angula 
, A C, E B j vna cum tribus rcctangulis E D 
cum duobus quadratis C £,^/int minora, quam tripli_^ 
vniusrcctanguh ACB;. Si prtiponatur. Datara rcfctain- 
lineam AB, fcctam in'punctoC, rursum fecarc in^ 
piinctoDi ini;cr C, B, vc rursum fccta' DC, in pu'nc- 
to E, bifatiam , tria rcctangula AC, E B , cum tribus 
rcctangulis EDB , & cum duobijs quadratis C E, fine 
ad icctangulum ACB, in proportionc , vcl tripla, vcl 
maiori tripla; tcncturdico, quod Temper A C, debet cf- 
fc minor C B. Et e contra, fi proportiofit minor tripla, 
tcnctur,Problema pofle folui, fiuc AC, fit aequalis, 
(luemaiorCB. 


LEM* 
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LEM XLII PRQP- LXXVIIR 

^ : 1 ‘ ii IIJ.- ^ 

'Sitirefta' leiflaiin piituStis 

CiL)iE.rE,G, Ctc. vt D C, fit 



-fill 


^>Ia A"C }■ D E, fit dupla FBj 
6c l)E^fit duplaGB.Patet.qiiod, 
cumtota^Djfitfexquialtera DF, 
6c DE, <jum GB, fit fexquialtera 
DExtia reliqua EGo erit fexqui- 
aIt|ra'!E3?.V S,i ^ 'j£j fecxtur bifa- 
riam in 'Hy 'tba re^rtgiila C DF, 
1 cum redangiao DEB , crunt 2 c- 
qualia>re6tangulo: AD E:, triplo 
; fei^an^Io C D',‘jfiF.,. triplo re- 
.' .'itangulo H E F , 6c duplo qua- 
' drato D'H-. ,,, , ,.V , 


I— I 1 R 

AC" KF " G 


B 


1 


Voniam <nimiBC, & D H , font at^Uales , quia 

“anguliim ’D r 

H gb. 


C^. :dimidi« «iufdcniE) E trcAanguliim ’p B, ■ 
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GB, crirxqualc icftangulp EDH , fed duobus qua* 
dra^is D H . Comiiiunl addico redlangulo D E G . Ergo 
rc(5langulum D E G , xum se<f^angulo DE, G B, nempc 
totum rc(^tangulura D E B,erit ac quale te<5bangul(> DEG, 
&duplo qliadrato DH. Sed reti:anguIo DEG , ell z- 
quale triplum redangulura H E F, quia <j E, eft fexqui- 
dccra E F > & D E , cftdupla H E . Ei^o rcdlangulum 
DEBjCritzqualetriplorcdUngulo HE E, S^duplo 


1 , 1 - 

1 I - 1 

f r 

...\ . 1_ _f, 1 

I- I 

A C 

1 * ' 

D H B 

t i . t 1 

K P • G B 


quadraco D H . Ec cpmmunibus addicts ciibus re<ftaa* 
gulls C D Fji Ergo C|:ia're£tangula CD E , cum re(ftan- 
gulo DEB, crppt jcqualia tfibus re^angulis G p F, 
( nempe tribus redangups C D H , & tribus icdangulis 
C D, H F , ) tribus redan^ulis H E F , & dupio qua- 
drate D H . Sed tria rcc^angula C D H, quia AD, eft 
fexqiiialcera D C, & D £, eft dupla D H > iaciunt redan- 
gulunn ADE.Ergotria rcdangu]aCbE,cutrircctari* 
gulo D £ p , erunizqualia reccangulo' A D £ , cripio re- 
ctangulo C D , H F , triple rectangule H E F , & duple 
quadrateDH* Quoderatoftendendutx). 


SeHOtlYM L 




I V V 


E X dictis infertur, quod Ci D FjEcmaiorD C,vnde, 

^ , & D'BEfiycqiialaithd I>F , ixaior A D j 

altera CD exD B , 4 ti£cratiu iCB!, zquaiis AD .?Inr 
^ X fer* 
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fcitW hiqufpi, (Juod,;ciim tunc, duo rC^tin^ula A D H, 
& D E , K B , fim xq'ualia ,.U ba:c bint ’;ide .mferantui', 
ctiam rcliqiiarenianebancacqualia- jV,)del, cria lectan-' 
idJaCDF V cum rectarigulo ElC^ crunc acqu^ia. tri- 
bus /ectahgulis'C DV H F ] ttibua Kccangubs H E F , & 
duobusquadratiis DH. - : ' 


, SCHOLIVM II 

I ij4fer(;ut fecun^ quod E impere^r ^ Dacam C F, fe> 
ccam'in piincto D, rursum diu^ere in E, vc diuiOi 
D E> biferiara'in H ,tria rcctangula C D, H F, vnacum 
tribu^i;e(;^ngu|ia|i ^ & cum ddobijs quadratis D H, 

GnVad rcctangufumC Z) F, in data pfoportioq^ maiori,, 
quamtripla. Infercucinquami qudtflVc^lem'aerit de« 
tciminatuni • Et determinatio crit^ vt facta D B, fpx- 
quiaittralU’ E at mfa ablata 6 1C ,T(^xquialceta C Di; 

data, non uc maiot ea^ quam habettripimri 
Md^ng^iUtil^DF ,^ctitt[^'^adraco dimidia: i 5K, ad 
ret^angulumC DF. cum fupra probatum He, 

ilia plana cflTe xqualia.tri^o redlangulo. CDF, 8c .< 
redlangulo" D £ K, patet,.quod ex omnibus rcAanguIIs 
£a^is liub fegikientis D 1C y. diuiEe in pondin’, rectangu- 
lum fub partib^s acqualibus , feu quadratuni. dimidiat,, 


•. > w 
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LEM- XLin- PROP- LXXiX- 


» * i 


Si re6ta linea tafiterfccta m, 

vf A LjiiUG, i vel minor, vel 
aequalis tertice parti G'Bj'&fUfsurii’ 
C B, fececur in D , & G D, (ece- 
tur bif'aria in E . Tria rectangula - 
A C B ^.Caint rniriora''tribiis'G^^ 

■ ctangL ills A.C lEB/tnbus rec- 
, tanglilis E D B , & dyobus quai' 

■ vi . ; iv '‘y If.' ‘ •;. L-J:'.n. .;-t 

Voni^ ^mjpo C , eft vel wipta ^ vet m&hfSXipU 
A'C • ErgQ redangulum BCE, ciip;, veJ.asqua. 
le , vei raaius criplo tec^aagulo^C £ , 3cd re<^ngulu 


Q 




C B D 


y Ji' 

^ L f.'ujn j • 


B 


BCE ^.eft squale rectangulo B O E, &duplo'quaclra« 
^oD„E,ycl C £, vtcoiiildcratui pafct .’i^rgo,^ re'ctimi 
guluiuBDEjCum duplo qiiadracoC E, cricabfdUit^ 
tnaius , tEiplorc(5tangulo ACE. Ec communi addito 
triple ie<ftanguIo A C, E B.' Ergo triplem rectangulum 
AC, E B , cum rriplo re<ftanguIo E D B, & cum duobus 
quadratisCE, eric maius triplo ie(5langulo A C E , & 
^ tupla 
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tripIorcctangub’AC, EB,- qua: omnia facium triu^ 
K^tangula ACB. C^rc pai« propoficum. 

• ' 1 • 

' S e H O L I V M . 

E x di£kis'infcrtur quod fi|linca A B , fecta in C> 
proponatur' taliter fecanda in D , vt fccta C D , in 
E, bifariam,trra reitangula AC, EB,.cum tribus rcc- 
langulis EPB, & cutn.duobus quadratis CE, fmt, 
vel triphi vel minora , quam tripla, re(5tanguH ACB; 
Ihfcrtur inqu’am, quod A C,non poieft c(Fc, ncc minor,' 
ncc scqualis tercia: parti CB , fed inaior . 

Lxxx- : 

Si linea A B, fe6ta bifaria'rn C, rur- 
sum leceair in D> inter C, B, 8c 
C D , iecetur bifaria iri'E. Tria 
're£tah‘gula' A,C B / minus qua- 
t r drato C D cmnc xqualia’ tribus 
■ re£tangul.is A C/ E B, tribus rec- 
:tangulS E D B ,, 6c , duobiis qua- 
■' dratis C E . 


Q 


Voniam enim, tria rectangufa B C B, funt aequalia 
, tribus icctangulis B D E, & fex quadratis D E, 

vcL 


4 
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t ^6 

vciC Ej'vt confideranttpatcti & paritcrfuot atqualia; 
rribus re(Cbngulis. AC Ei ergo tria rectanguU ,AC E> 
eiunr xqualia tribus rectangulis. B D E , & fex quadra* 
us C £.. £c comtnunibus addids cribus rectangulis A C, 


r 

A 


C B b 



*tv 

N . ■ 


£ B. Ergatria rectangula AC £» cum cribus rcccangii* 
lis A iC j. E B , qua: omnia-l^Aciunc cria rectangala A C B« 
' crunt arqgalia tribus rectangulis A £ Biy tribus. rec» 

tangulis EDB , & fexquadratis C £. £c ablatis bine 
inde quatuoc quadratisC Eyquxfuntxqualiaq'uadr^ 
to C D . Ergo cria rectangula AC B » minus quadrato 
C D, crunt orqualia tribus rectangulis AC’, E Bjitr*bus 
rectangulis E D B, & duobus quadratis CE.* C^uod. 
erac faciendum. , ; . ,i 


SCHOLIVM- 

E X hoc Lemmatehabemus, quod tria rectangula-*. 

AC, £B, cum cribus rectangulis BDE> dccum. 
duobus quadratisC £, crunt maiora^ quam du pla rec- 
canguliACB. Nam often fa font xqualia tribus reccaa- 
gulia A C B, minus quadrato CD . < Sed hxcftincraaio- 
' ra qur m dupla reccanguli A C Bj quia quacftatumC D, 
c(t minus quadrato C B, nempe vno rectanguloA C B. 
Vnde habemuS ) quod iiproponatur. Diuiaere lineam 
. A B > (icetam. bii^riam in C , rurswa ia D, vc chuifa C D, 
-bifarkmiaE, tcia rectangula A C,£B;ca cribus BDE, 
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6c cuttt duobus ^adratfs C E, tint ad feccangnlii m .» 
A C B, in data prc^^rtionc ininori tripla ^ hxc tanien 
'propordo debec «uc maioidapla. 

£eM- XhV- PROP- LXXXI- 

<r. . ' * , 

;Sit recta linea A B , taliter fedta in 

t-in CVyt AC> fic tnaiorCB> 6cCF> 

fit feyquialte'ra'G A> Sc FK. fit 
' '' fexqiaialtera CB, quxCB, fitfe- 
^a. vtcumque in M, & CM, fit 
fecta Bifariam in N.‘ Triarectan- 
gula . A CB , minus rectangulo 
- K Me i erunt aequalia tribus rec- 
lu A C , N B ) tribus rec- 

'• tanguIis<NMB> &duobusqua- 
dratisCN. 


-. J xc 


p 


F Jl4t Cp>Caqmakcra BC. Quoniam GC, eft 
1 quails FiCjiquia amba: factx func fexquialcer* C B; 
ergo tcccangulum JF K , C M , eric asquale rectangulo 
G C M , nempe rectangulo B C M , & rectangulo G B, 
M C . Sed rectangulum G B, M C, eft acquilc reccangu- 
lumBCN,quiaBC,eftduplaGB,&CN,cft dinii- 

.‘Lr.: , dia 
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dia G M 5 & rcctan^ulum B C N , 

B MN,&dupIo quadrate CN , 

' & paritcr rectangulum B.C.M.*' 

CM, &rectangulo B2ilC, nempe duplo rectangulo 
BMN. Ergorectangulura FK,CM, crit jcquale tri- 
bus icctangulis BMN, duobus quadratis 5c ^ 

quadrate C M. Etcemmuniadditqrcctai^ulo^I^ C M. 
Ergo duo rcctangula F K , C & K.CM , n^inpe 
rectangulum F C M , crit acqualc tribus^ rktaifgulis 
BMN, duobus quadratis C N , quadrate CM, 
6c rectangulo K C M . Sed quoniam rectangulu F C M, 

1 1 1 1 1— I r- r 

F A K C N- jM G 

•I ;r, . . . > • - 1 1 1 i 1 4.- i ■ ■ 

'' '' * ^ I • 

eft xquaie triple rectangulo ACN,quia FC,eft fex- ^ 
quialtcra AC, &C M , cftdupla CNjfA^ pariter rc- 
ctangulucn K C M , cumquadratoC M , Sqt rectangu- 
lum K. M C. Ergo, & triplura rectangutoda N,cric 
xqualc tripio rectangulo N M B , '"duplo quadrate C N> 

6c rectangulo KMC. Quo abiato hinc inde , & addi- 
tis tribus recrangulis AC, N B . Ergo tria rcctangula 
ACN, cum tribus rectangulis AC, N B, ( qux fa- 
ciunt tria rcctangula A C B, ) minus xwtahguldfcMt^ 
crunt xqualia cribus rectangulis A C , N B, tiibus rfc^ • 
cangulis BMN, & duobus quadratis .CN* .Q^dcrac 
oftendendum. i - ^ ^ 

. : • ' • ■ ’ H ■ 

LEM- 


eft zqualc r^cangulo 
vt cbnfideranti patet j 
eft xquaie quadraep 
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LEMM A XL VL PROP- LXXXH- 

Sic fe6ta linea F'Br feccahin putjcris 
! A, K, Cj vt in fuperiori Lera- jed . 
C B, fitfecta tanfum bifariairi; in 
Mr. Tria rectangula ACB, minus 
rectangulo KB C.. erunt xqualia' 
tribus rectangulis A MB, & 
duobus quadratis C M . . 

F I^ GC,G?xquiaIteraG B. Quoniam F K , & G C, 
funcxquales , quia arable fcxquiaicerx C B jcrgo 
re^angidtim F G B , crit xquale rcdangulo G C B,c‘ 
nerapered^^ulo G B C; ^ quadrato.B C . Sed quia 
rres: G B » B & M C, funt xquales, re€Ungu!uni_J>^ 

. , , . . I & , ■ V *■’ • . ; t 4 • * 

1 — 1 1 i 1 1 

-V F A' K C M B G 

^ • ■ TV " 

GJBC>eft xqualedupIoquadratoB MjVel M C. Ergo 
ite^ang^lu F K, C B , critxquale duplo quadrato C M, 
& quadraco CB; Et communi addico rectangulo KC P. ' 
Ergo duo rc^angula F K, CB, & KCB, ncmpc, rcc- ^ 
tanguIumFGB;‘critxqualc duobus Quadratis tfM, 
quadraro C B , & rectangulo K C fe . Jed rcd^angul u m 
FC B , eft xquale tribiis rcctan^hV "A*C M , qiiia F C, 
eftfexqoiakevaCA, &BC, elldUplaCM,* Scparitcr ' 

T rectan- 
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redbngirfiKn K C B, cum quadrate CB, fecit rffdfcan- 
gulum K B C . Ergo tria redtagula A C M,crunc xqua, 
Jia duobusquadratisCMj ecrc<aaogulo K BC. Qao 
hinc indc ablato, &additis tribus r€(ftangulis AC, 
M B . Ergo tria rcctangula ACM, cum tribus red^ah- 
guiis A C, M B, nempe tria rcctangula ACB, minus 
rcctangulo K BC, crunt arqualia tribus rectangulis,. 
A C, M B, & duobus quadratis C M. Quod crac often- 
dendum . 

SCHOUVM. 

C V'M lincaFB, ftteadem in duabus propofttio*^ 
nibus fuperioribus , & codemmodo ditrifa,] pVsbi - 
terquaen quod in 8a. linea CB,tantum dliiiditur bifeia 
riaro , & in 8 1 . diuidicur prius in poft'ea C M ; bfc 

riam in Nj &cumreaangulum K B€, fttmaius tec- 
langulo KM O, & quocumque alio K M C,'quod ha- 
bcatur Tccando lineam C B, in puncto*M*^ fequitur 
etiam , quod wia rcOanguIa A GB minus rcOangulo 
KB C , fint minora quibufeunque tribus rcdiangulis 
A C B, mious rcctangulo KMC, quod habeaturex tali 
fc(ftionc. Vndcjfiproponatur. Oatam.lincamAB, 
fcaam in punao C,adc6 vt A C , fit mak)f C JR, nusum 
diuidcre inM,inter C, B, vtfecta bifarfemCM/inN; 
tria rcctangula A C» N*B, cum tribus rectagulia N’M'B^ 
&cumduobusquadratisC N, fine ad lecrangtUn m ^ , 
ACB , indata proporHoneminori, quam tripJa j pa- 

tet , bane proppttioncm debctc efle adcp mmor cm tr 

1 
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i|)Fa, vr tamen fit niaior ca, quam habcnt tria rectangu- 
iiaACB, minus rectar^ulo KB C, facto ex compofita 
cx K C , quae fit excefius fexquialtcrae A G', fiiper fex- 
quialteram C B, & cx C B , inC B , ad recta ngulutTL-.j 
ACBi vta>nfidcrantipaPct,aIioquin CB, nonpof- 
(tcdiuidi. 

• • * 

LEM-. XLVIf PROP LXXXni- 

Sit reifta linea F G> feda in punctis 
A, B> 6c C, vt F A, fit minor 
A B > ftd iriaior eius tertia parte , 
6cOBMt dimidiaAB.&GCjfic 
•=:fexquialteraF A^&CB.fit diuifa 
in AM, bifaria in K.Triare- 
ctangula F A B » minus rectangu- 
' lo AMC.erunttequalia tribus re- 
xtangulis F Ai KB> tribusXMB> 
& duobus quadratis AK- 

B . A C K M B G 

Q Voniam rectangulum M A K , eft aequalc duobus 
quadratis A K, quia M K , & K A , funt aequalcs. 

' Ergo communibus additis tribus rectagulis A K, 

T r BM, 
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B M,duoquadra,;a AK , cum tnl^us ieiltangulisBM, 
A K,eruntacquaIiVrcctangu!o M A K, &tiibiisrcctan- 
gulis B M , A ^(^ed re£tangu[pm M A K , cum rc(P::an* 
gulo B M,^A K,facit re<iianguIumB A Kj &duorcc- 
tangula B A K» Tunc xqualia reccangulo BM A. 
Ergo ^uo quadrata A,K , cum cribus rectangulis B M, 
A fC, crunt acqualia rectangulis B.A K , &B M A . Scd 
; rciSlangulum BA K , cB seqgalc re^angplo B G, A M, 
,.quiaGB, eftdimidiaB A, &MA»cftdupiaAK. Ergo 
duoquidrataA K , cum tribus redangulis BM ^ AK) 
feu B M K) erunc xqualia re^tangulo B M A, &rectan* 

t 1 1 1 1 ■‘.T— I ^ 

F A C K M B ;G 

• ' ■ 

V 

g^lo p B, M.A , qua? duo fadunt vnicum redrangulum 
G M A . Sed quoniam G C , eft fexquialcera F A , 

A M ,eft dupla A K •, ergo tribus rectangulis F A K, eric 
arquale reccapgulum GC,A>M . >Sed rectanguium G C> 
A M>eft ^cqu4e reccangulo G M wctagXilo C M A. 
Erg Q ablaco Kiftangulo C M.Ai tria rectagiila FAK, mi- 
nus redcangulo p'M‘A,eruntiC€iilaliare£langul66M A* 
«Sed rc(ftangulo G M A, dftcnCMtunc,#fn|>ra>i flcqualia_j 
duo quadraca A K, & triplum re«ftangulum KMB. 
Ergo tria rectangula F A K , minus reccangulo C-M A» 
eiuntacqualia,duobusquadratis A K,& tribus rectan- 
gulis i\ M B £c communitius.addicis tribus rectangulis 
FA , K B . Ergo tria rc<ftangula F A K , cucp .tribu's rec- 
tangulis F A , K B^ nempe tria redanguia F,A B, minus 
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.rci^tangulo C M Ap'eruntacqualia > tiibus rcctang^lis 
if A } K B; & ttibus reaangulis KL M B , & duobus qua- 
dracis A K . Quod erat oileodcndum . 'oi r ' ' 

’ LEM IIL PROP- LXXXIV- 

Sic refta linea F G, fe£ta in pundlis 
■ A^C^B^vt in fuperiori Lemmate, 
S -.fed AB, tantum iii K, biferiam. 
■ Tria re^angulaF ABj lilihus rcr 
ftangulo ABC, erunt xqualia , 
duobus quadratis A K , & tribus 
'reftangulis F, A, K B., 




N AM eodem modoj^ quo Aipra probabicui* tria 

F A K , dfc acqualfa rectangulo G C, 
A B?,'pcmpe;^&ang^iq,^G C B A. 

ablaco hinciqdev& a^ms^i^SvC^c^olis F A, 

^ :v> -- '••• 

. ’ f • . A ^ ° ‘ 

C; si M' »' \ ■ ■ ■r- 1 ( ! V,". ^ — 1 


A C K 

KB,- patebitjtriireftangula F A B,. minus rectangulo 
CB A, squaliaclTe) tribus rec'cangulis FA,KB,&rc- 
ctangulo GB Ajhoc e(l, (qiiia^cres G'Bj'BKy&K A^ 
font atqualesjO doobus, quadratis A sQupd cratof- 

tcndcndum*^ >u '■ "ca ■ 

I : . ’ < SCHO 
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SCHOLI V 'M'. 


E Tiam in duxabus -fapcriottbus Lttnmatibus, pater, 
Jineam FB, diuidi codcm^acro. pratcrqua quod 
quando^ulfctum Mjcadif mC . ^Vridetfum rtctangu- 
lura C B A , fit maiu5. omnibus , qua: habcntur,quando 
.puoccum M, cadit inter C, B,fequituretiam, quod 
!trla-re(ilanguU FAB, minus rccrangulo CBA, fint 
'fliinoraquibiircumquctribus rectangulis F A B, minus 
rccranguloC A?A, qCiod liabearuf ex tali fectionc_i>. 
Vnde fi jproponatur. Datam rectam F B , fectam in A, 
VI F A, fit minor A B,{ed maior eius tertia parte, & in-* 
C, inter A,B,vtfacta G A,Fexquia]tcraAB,eiiamGC, 
fit fexquialtera F A ,* rursum diuiderc ipfam in M , in- 
ter C, B , vt (ecta A M , bifariam in K j tria rectangula 
FA , K B, cum tribus rectangulis KMB, flccumduo- ' 
bus quadraris AK, fintad rectangulumF AB, in data 
proportionc minori quamtripla; patet hanc propor- 
tioncmaded deberc cflfe minoithi tripk^ rttamcnfic 
maior ea, quam habent iria recMng;uk F A B , minus 
rectanguJo C B A , factotx A B,lti exceffum fcxquial- 
rerac F A', fiiperdimidi'am A B *, ad rectangulum F A B. 
Quod facile patet eonfiderantiTa'lioduin’dbn pdfict 
diuidi. . ^ 





•/.I, 


■ • i‘t . ■ '■ j .f- jr 


LEM- 
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LEM- I'V PROP- LXXX V- 


Datam re6tam I'mearn A B , fe(5ta’mi 
■ . ia C , rursuna -diuidere in >0, . in- 
ter C,B,vt diuifa CD, bifariam 
..in E y tria. re^langula AC,- EB, 

. cum tribus rectangulis EDB, &- 
cuni duobus quadratis CE, fine 
ad reiStangulum A C B , in data 


« proportioite, , : 

• . • ' I 


I 


H og Lemma quinque habec caCi&J Nam» veL 
proportio data eft 'maior, vel acqualis, vcl mi- 
nor, triplai eft miqqr,, vel eft.aequalk CB, 

veJiqa4C)iL,vel minor, ^a po^nibus. lem- 


• • •. « I • 


i 1 ■■ 


- • 


.. f< 



0.6-' ^ ^ A CtD 

<1 ^ , 111 ; . } f- ' ' 

ina recipic aliquas determinatione ^ , quas aftignabimus ' 
vnicuique* Sit ergo proportio data raaior.quam 'trip-, 
la , & fit ea, quam habet O Cyad C’A. In hoc-cafu, 
Lemma recipic duas decerminationes , vnai qus babe- 
* * ' ' tur 
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turex SchoHo [^r6pbntmniS77;efl;, quod A C|(ic mi- 
nor C.B5 alia,qus habetur cx Scholio a.. propof7 8.& e% 
quod fad* FGi fcxquialeeraC B, & ab ipfa ablata FK, 
fexqui^ltcra A tl‘, proportio data no fitmaior earquani 
habet triplum recta ngulum A GB, cum quadratoMimi- • 
dias p iC ^ ad tectangulum A C B . . v hin . 

, Quoniano O C, eft maior tripla C A, fiat G C , , dusij 
tripla, &fuper C K> fiatfemicirculus , & fiat, vt C k y 
ad P p, ficf^ctangulum A C B , ad quadracum C' H , 
lineae erects perpendicularicer a punccoC, Tap er AB. 
Patcbic inferius > hanc non efle maioreth dimijja C K, 




fi L. 





Sicrgo'perpunqcumHjducatprfi L,pattyelf AB, hsc^ 

occutret femicirciilo. Occufrat in 6c dlmietatlirper-' , 
peod|cu laris D . Dico punctqm^,„c(Tc qusfiti^n. j 
S^wr CD, bifariaminE._ rr j 

Quoniam cpirii, con uert^ njjo,fiiccam eft, ,vt O G, ad - 
C A } fic quadratum C H>ad rectangulura A C B . 

6ctribus vici!^compo^ndo,vt O C,-^dC A *<fic qua- . 
dfatuin C H , cum tribus neccanguLsA CB.^, ^d c^ctan- 
gulam A G B. "S<^ qB^dfactfra CIrl»“e]fl: squale^qgil.r 
drato DL; feu r'citangulorCD K. Brgb, QC, . 
ad C A, fic redangulum 'CDK, cum tribus^rectarv. * 
gulis A C B ,ad rectangulura AC B. Sed iiiplum rcc- , 

tangu-. 
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unguium y\ C;B cuip'jectangiUo C D K. , fex SchoK i . 
^.propofit. 78. eft acqudle criplo recungulojAp^ EJi, 
^ iriplo rectangulo ED B,& duobus quadracis C E . Ergo 
& VC OC,ad CAjIlccriplumrcctangulum AC„E B, 
n cuniCfiplo rcptangulp^P B,^ 5 c cum duplo quadrato 
C E, ad rc(^aogulum A C,6i, \ ^ r ■ fuj'; . 0, 

Qupd verb H C i (ii; minor dimidia C K y pacct cx dc- 
terminationc ,alioquin,eodcm progreiTu , probaremus 
e(Tc,vtOC, adCA', fic triplum redtangulum ACB, 
cum quadrato maioris dimidia C ad rctflangulum.^ 
A C B’. Quod rcpugnac decerminacioni . ' 

SI verb proporriodauHc cripla:, ex Sgbolio propo- 
ficionis 77.‘habemus, quod A C , debet efle minor C B, 
fed ex Schojio propofitionis 79 habetur debere efl'e 
maioremcius ceicia parte . Fiatergp B F, squalis A C, 
,fic cx F B, auferacur F D ,«qualis. dimidia: GF , qua: cx 
. ,dcceiminatione potericauferri , Dico punblum D, elTe 
qy^ncum . Seceiur,C D , bifariara in £ . Q^oniam.^ 




1 


r, 


b 


/« j -• 

■ .) 'f! 


— I- 

£ 


-i- 

F 


— I- 

D 


t":. 


AC-i FB,r(biit flc.qualesi &.carum triplae ^unc 
fXquales. 'Vndetres AC, ^r^nc acqual^i'eciam cribus 
vfi 0 , 8c cribus O Fi neropc DC , qux eft cripla D F . 
£c omnibu'sduccis in C Dj cria rectangula A C D, erunc 
,xqualta tribjos reccangulis BDC, & quadrato CD. 
JEc .fubdbplacis omnibus cria reccangula ACE, crunt 
hequaiia cribus reccangulis 6 D£) 8c dimidio quadrati 
;CD « nempe duobus quadratic £ * £c addicis commu- 
j ':j Z nib us 
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• nibus tribus rectangulis AC, EBj tria retflanguti^ 
ACE, cumttibus rectangulis A C, E B, [ nempe tria 
recrangula A CB, ) crunt aqualia , tribus rectangulis 
A C, E B, tribus £ D B, & duobus quadracis C E . £rgo 
' hax funt rripla vniut rcccangult A C B , nempe fotic 
adipfum, vt OC,ad £:AV Qopderac faciendum. 

SI vero proportio data (it minor cripla , fed AC , fit 
rqualis CB. Patcc ex Schoiio propof. So.debere e(Te 

f H... „ | i n j| i i< a ij| M 

G U , . V A - c a D.>B 

iqaforein‘dil^U. Piat’GC, tripla C AV Ergo GO, cx 
dcteiminatibne >cric mim>r A C , Tel C B . 'Si ci-go inter 
' G O ) 6c C B , inneniamr media, crit minor CB» Sit 
h*c CD, Dico punctum D, efle qaaefitirm. 

Diuidatur CD, bifiiriam in E. Qupniam redlan- 
gulum GO, C B,eftxqiia!eqnadratoCD. Ergoco- 
muniaddito recxangtitoOCB, di!io re^angula GO, 
C B , & O C B , nempc totum re^angulum G C B , ent 
xquiileiectangulo O CB ,& quadrate CD. Sed quo- 
niam G C , ell tripla C A » redangulum G CB , eric x- 
, quaJeeriplDfeccangolQ A C B • £igo > & triplum rec- 
, tamgulimi A C B , erit lequalc rcdanguJqOC 
quadraio C D. Q^ohinc indeablaco , tria redaiigim 
A C B, minus quadratoC D, crunt xqualiarectanga- 
tio O CB. Sed yt O C^ ad C A,(*c rcccaaguluui OC B> 
>adreccaiTgulum A.CB* <£igo,.ac vtOCJadC A,jfic 
, uiplum redangtilum A. C minus i^adnuo C D;^ ad 
redanguJun A C B. ^triarectangula A C B, minus 
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quadcaco C D > er propoHcionc So Turn acqualia, tribus 
rc(5languli$ A C,£ B, uibusre^ngulis EOB,^ duo^ 
bus quadratic EC. Erga'',&vt O C, adCA, Be tiia 
rectangula A C ,EB, cum cribus rcccangulis £ DB , Te 
cumduobus quadracisC E jl adreccanguJum ACB. ^ 
S I verb propordo data fit minor tripU, fed AC, 
fit raaior C B . Fiat C G , tripla C A , 5c, fiat C F , fex^ 
quialccra A C, & cx ipfa auferaiur F K, fcxquialtera 
B C . Determiiuciofiuius cafirs eft »ex Scbolio pcopof. 
82 . quod fit maior qa, quam habenc tria rectangula 
ACB, minus rcctangulo KB C , ad lectanguluau^ 
AC£« ^ ,, ^ ^ ‘ 'j ' 



, lat0! Oi; C B i fi( mcdk proporciopalis C H , tree* 
U Poriiulker a pUofS^o fupcr A B,.^diuila K C , bi- 
Brian} A; itin^a cemro L , ioterualloL H, 
fiat retnidtciUi]^ P H Di qui, vt patebit, fecabic C B,in 
t> i^Died Di afic qpgpficuq|c .Sccciur C 

bifiirianl in £• 

^Re^ngolacnlmCOsCBi, dt PCD»&nt arqua- 
lia ifitat (c , quia ambd fuot aequalia eide quadtaco H C, 
fx eoadiructione . Std tcdhuigurum P C D, cB stquala 
tectangulaK t>.C, quia P cfi«qiuaBsC{>.i,Ergo rc* 

ctangwum K DCi, cik rcctangulo GP>C B» 

2 X Ergo 
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Frgo comrnuni iddirbr^ta’n'guIo OC B,duor?cuH- 
gula G O B,«h^pcre£kangulum G’C B» 

erit^quale^eccangulo OCB, & recUrtpuld'K’DC* 
5cd 'cjuid G C j tri pla A G Q B, eft 

jcqiialetiibus rc(flangulis AC B. Ftgo tria rectangub 
A C B j^crunt- acqualiairectangubs-OCB, & K D C.* 
Quo hincindcablatOjtriarcctangula A(j B, minus re- 
diiihgulo KDC, erun^ iequ^Iia leciangulo OC‘B. 
^e4‘^«4^angulum OC Bj eft ad tt^Aangulum A C’B, vt 
<!tc,fad C‘A*J Ergop& vtOGj adCA, fic triplum 
K^Skaugijloiti A G B , minus ridlangulo KDC, ad re(5la:. 
guluin A C B. Sed, per propofic. 8 1 . cria redtangiili 


r' *\ 



'4' ~jji^ p -ucii 


mt^rigUlo' l^WC? ac^ira!iVt^i>u» 
rtaarigulis , J B , Wlbtls r^cdrtlglijis 8^ 

cfuobus qu'adrtti«*t'^V’ Ergo > C Ire 

ina r«€langula*A^Gj $ B,cui)l tfibuk B D 

A cunj^^duebus'^tffcd^il^G JWifogttliftiiA^G 61 
Qimd erat &c. 

•i-'QobdWr^ rcmicircukisTeM'^'B yiA - fiatei cx 
determinatk)6e^^«Hoq^QipYdd‘dm' prbgrwflii dchlehtli^l 
bimus'efte, ‘vc OC/’ adC A^^ fid triplutttT^etangiillift# 
A C B,' tbirtus-i*c(3:attgBlbiC B maloti 

rj^Ungtikm AC aduel 

OiVt i SI 
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S I tandccn propwcio^ata fit minor tripla, ■ fed A C, 
fit minbr C B . |Jn primis; ex Schol . propofit. 7 9. patet, 
’oportcre A' C, efle maiorem tereia parte C B. -'Fiat PC, 
'(exquialceraiCB,^d£!aafer^r F K, fexquiahera AC> 
kim pu(i( 5 bum 'iC , cadet ioccr C , B 5 naiii cum A C, fit 
minor tenia pa'i tc C B ,* «rgo,quorum C B , eft tria , 6c ^ 
iB F , eft vni^m cum dimrdio v A C , eft magis , quam— 



▼nam,‘dceias fexquialceira FK , dft Iriaior vno cura di- 
midio,nempe maioc B F . Facet e^go , his pratmtfiis, 
SeboHo propofit. 84.' oporcefe proportionem dacam^ 
maiorcmcfiVeavqiiam; habetie tria> re^anguta A C B, 
ininlik reBcangulolwB C;adireecah^ulum A C B ; Sece« 
tur ergo C K , bifariam in L,dcinter G Oi ds C B,fic me-^ 
dia proportipoaHs iK JH,iereaat)oirif)aliteriupert'AB, a 
pa netd tCy ficiiiocta LH,cemro imeriiailo L H , de • 

fcribacuc femicirculus PHD, fecans KB, inD , ( feca- 
bit cnim, VC patebic. ) Dico punctum D^cfte quaeficum* 
ScceturC D, bifariam in E . 

Qimniam reccangula GO,CB, &PKD, func x- 
qualia, quia amboxqualiaeidemquadrato KHi Sere* 
dangulo P K O , eftxquale re^fcangulum C D K . Ergo 
retftangulum G O , C B, eric xquale lectangulo C D K. 

, / ; Qaa 
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QiMre,conunuoiacyiiore^ngak> OCB. Ergaduo 
ledangola G O, C B,&; O CB^nempe voicutii<re<^* 
nguh)mGCE» £eil ciiplam retSUnguhiro A C B > <fuia 
GC,cft cripUCA, cticxqtiaie redaoguio OCB» & 
re(^ngulo C D K . Quo bloc inde abUco , rriplum re • 
d^znguluni A C B> minus reccangufo C D K , eric ascpa* 
•le icctangulaOCB. Scd reccanguluni OCB> cli ad 


f L. 

G O 

I 

adicccangulumACBy vtOC $ ad C A«' Ergcii dc rt 
OCy^adCA, fic criplum reccangulum ACB, minua 
teccanguloCOKr boceft> ex pcopadc. 8f.marcdan> 
guia A C,£ B ,ctim cribua rectaaguiis £ DB» & cum^ 
duobus qisadraus£G,adiei^oguiuinACB« 

me faciendum . • . ’ i j , T ■ 

A (Tumptimi patec ex decerminatione ^ Ac ex procef* 
fu demondracionis , Ac ctiam bis , qi» dk^ fiiot in 
aiijscaGbur. ’i*.: v.!. * ; -^i . k 



I ; 


/' J • . 

! * * 



• ^ 
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, LEM- L- PROP- LXXXVI- 

Sit redta linea AB,fe6ta in puntftis 
, : C, 6c D,,vtcumque, ,6c CD, fit 
fedta biferiarri , in £ • Re6tanga- 
liim fub.,compofitaex D'AVAC, 
in fexquialteram O B , cum rec* 
tangulp (ub cbmpofita ex D A , 
6c dupla A C , in .dirradia C D, 
nempc io'CEi eric aequale tritnis 
rcdtangulis A Ci EB,. tnbus re- 

' ftangulis E'DB, 6c duobus qua- 

■ dratis C ^ 

' - ' » • 

N am rectangulura M>compofita ckD a, AC, 
m(cx<|iiialttrratnOB^ x<|u«CQr <kiobt» 


^ I 

- 1 - 


ti ‘ 


' A ' C B. D : B ; 

• > , » 

gull's fiib AC, in fexquialceram OB, &rcaangu1o(ub 
CD» in fezquialc«iani D B. Re^hmguluoi verofub 
dupla A ^ ,in rexquialteiam D fi , .xquacur triple rec- 
tangulo A f , D B . He paritcT Tcctangulum Tub C D , in 
'T^xquialtciam D B /aecpiatur -criplb rcoang-ulo E DB. 

. -Ergo 
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Ergb ric^anj^ulum ful^ cdpipofica c^. D A > A C , in_« 
fexqui'alceram D ITxquatur' criplo rcdangiifoA C,D B, 
^ ^tiiploffctapgjuio El) B ' ; .' ‘I •» 

Paficer^ reccangufumfubcorapofjtaex DA,*|8 c du- 
pU‘A-£^, ill C E , arquatdr trlploteiStai^ulo A © E; & rc- 
^ngo|o O C E , ncrrtpefduplq quadrat^ C .Ergo rc- 
ctangulura fpt^ coi^cipprita ex p A, ^A fexquialcc- 

* xaiTi^D B f cum tcctangiilo lulj c^ompolita eix P A; & du- 
' pla A Gy ift C £ , xquacuricribiu recranguli^ A C*, D £, 

tribuf ipccangulisfipB^tribu^ .recungalisA^£« Hue 
fi.C, £D/^ duoDUs quadratis'e E. iSed tria recStao- 

• gala A C‘> t) B y cUm cribus rcccangulis* ;A' Cy £ 0 , fa- 

, ciunif tecta oguiaj AC, ££. <^are patet propoH- 

turn . ‘ ' ! ' • ' \ * 

i ■ . ; • ■ • ; 1 

• I • • t • » ( ‘ ^ 

PROBiL XXXVrt- PROP; iLXXXyil 


Datam Iphaeram , cuius diameter fie 
, A B > fe6tam piano D E F , cui 
'iirtdiaiineter perpendiciul,aris, 

rursum fec'are piano GHLi pla- 
no.'DEF, parallelo, vt facto co- 
, no, cuius bafis. DEF,.axi.s H E, 
IK-. 'axis ■ eciani/ (egmenti . interrnedij 
GB FH'' 5 'legmen'tum';fit ad co- 
num DHF, in data proportibne. 

Dttam 


•j' 

rti 
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LEM LI PROP- LXXXVHI-; 

Sint duo trian^lareftangulaABD, 
ABC , quorum angulus re<9m, 
qoi ad' B . Dico DB, ad D A , 
hypotenufarh minorem habere 
niinorem proportionem , quam 
habet B C, ad C A, hypotenu- 
fam maiorem . . 


Q Voniam enim quadrarum BC,maius eft quadra^ 
to B D , ergo quadratutn A fi, ad quadcaeoai^ 
’ B Djhabebit maiorem pro- 
portionem , quaro ad quadrafcum ' 

B C . Ec componcndo , quadraiu’ 

A B, curn quadrato B O^nenipc 
quadratum A D , ad quadratiMn 
B D, habebit maiorem proportio- 
nem , quam'quadratum A Bicura 
quadrato BC,nempequadtatuin 
AC> adqnadratumCB. Quarc, 

& Hnea A D , ad litieam D B, ha- 
bebit maiorem proportioneoL-.», 
quam AC, ad C B , Et oonuer- 
lendo B D, adiD A, habebirmi- 
norem‘ptoporcionem ,quamBC,-»dC A. 



fiCHO- 
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SCHOLI VM. 

E X di^Uscolligitur , producatur C B, inEy 

minoc Cfk pfoportio rectanguli fub £C> in D B, 
ad redkangulum O A B, pioportiooe recranguli EC B , 
ad rcctangulum C A B. Natn,pr©portfo rectangulr fub 
EJCr inD-B , ad rcctanguiuna= DAB, componinif ex 
proportionrC B, adAB^ ^ B DvadD A;,&:pcopc«tio 
roctangui^E C B, adreccanguiuin'C A B , conaponitor 
ex eadem proporcione £ C , ad AB, 6cBC,adCA. 
Scd propoFtiofil), ad D A 5 ©ftenfa eft minor propor • - 
ffone £ C tisdC A ^ Qnarepacec propcdicum. 

LEMMA m PROPLXXXIX' 

Data re£ta linca AB, & data D C^ 
ei perpcndicalari > ducere a punc- 
to D. D E, occurrentem 6 C, 

■ inter B j C ^ yt redtangulum fub 
BA, in EC,fit‘ad recraifgulurn 
JL D Lf > m data:prDporcioiie . 

H oc L«fnmt eft ditfietmioacum , & decerrmnatio* 
•ft , rniod dneta {^ropoitio^dacavftc minor 

•t, ^puazrbamer f cccangnlma A 3 C , mi ndungalam 
BD C . Qi^ determinacio pAtsu§sii^tkxdSt&U(x ■ 

Aa^ 2; Sie 
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Sic crap pro portio data , naDet rl , ad U x 

fuper L) C, fiat femicirculus aj ^ " 

,partes'2? C , fccans 5 Djinpuncto 

.F , & iungatur F C Jeindc fiat vt } — jj , , | 

B A, ad fie D C, ad aliam , qux ; . , / T . 

dnfira oftendetur minor C Fj qua: . ;i>», / . . < r 

aptccurapunctpC-, (^fic CG,& i/. . . - vE 

tpcr. puQcra.Oj G, duoacur.'Z) (S B, . . . : / \y^ r 
voccurrens B C,in E. Dico factual) ^ * ‘ ’• 

cfl*e,quod iraperebaturi. , • 

C^qniainicnim proporcip.DiCj, d 

ad H, compoai^uccx piopoctipne. W . . ' " >> 

O C, ad A B ; & A B , ad H . SedD 
vcB A»ad H,ficfacta eft J^C, ad , ^ ^ . 

C Gj& propter fimilitudinem ma • < ■ . 1 'i 

gulorapn OCG. & DECj.vtDC, "7. 

ad etj, fic eft D E, ad E C . ^ Ergo proporcio D C, ad H, 
r 5 >n>ppneE'urqppqueex proportionibus DC, ad AB,& 


D H, ad* EC . Sed iftac duJe.raciones^ corapouunt quo- 
que racionem rcctanguli EDC, ad rectanguium fub- 
AB, id.C E. £rgo,8(:v£j).C, adH, fi< rcccangulum 
li D ,C, ad recfangiilum fub ^ B itvC E# . Quwe , 
cbnuerccoddjVt H, ad D ficrectaiig6iruii ({jb B A,m 
C E, adrcetimgtfrum EpC^BQuod cratfildeiidum. 

Quod verb C G, minor fit C F; pater, quia fi eflcc ac- 
qualisi, vei maior, eodeiti di&urfu-’probaceiufrffefl,^ 
I>C,velHn rqualijV-^l in iT5'al6ri|)ropc»rioncifcctabguli 
A iB <3 iiad rccungulum B: fi) G r-iC^od eft. co&c» pi;o- 
poditam dctchninacioncm. ;; ’ if/ . ' < 

. i;A ' ' PRO 
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PR OB L- XXX VIII- PROP-XG- 

Daris ijfdem , quae in antecedenti 
Problemate, facere eadem, quae 
I. ibidem , vt (upbrfidesifphsri^a.rc- 
gmenti G D F Li fit ad luperficiem 
conicam coni HDF,in datapro- 


pornone 


/: 


■ i/:-; 


E Tiatti hoq Prpbleitia..e(l determinatura, eadem dc- 
tcrminationc/quadecerrainatum cfl: Lemma an- 
tcccdcns, nempe'.efl neceflc^quod proponio data fit 
minor ea, quam habct rectangulum A'B E,ad rcctangu- 
lum ^DE , prius ducta^j , 

B Sic proportm data^ 
quain habet A B , ad K , 
datis'duabus reeds lineis 
A B , & 'p E , fibi inuicem ^ 
pcrpciidicularibus, ducatur 
a punctoD, linea D H, dc- 
currens EB, inter E, B,per 
antecedens Lemma, vt fit , 
ficuc A B , ad fic rcct^nrj 
gulum fub A B,in H E,ad 
rectangulum H D E, & per 
punctum H, agacurplanu 

GHL, 
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GHL, acffiatoonns DHF. X)ioo cfTcy q^ocf 
irapcrebatur. “NamiVcreccangulum (lib A S, in EH,ad 
rectangulum H D E, feu vt a , ad K , fic fnperficics 
‘^phacrica fegmctiti G J)tLj ad' fuperAcietD coniram 
GO ni D.Plf vt citci iiir eic Archiraede lib. t . de fph«ra, 6 c 
Cyliodro proppde. 40.&4£. Quod erac Faciendum. 

Quod vera dcrcrminaiio (Tc ea , qnar aflignata eftj. 
ipacer^iaprxfens Problema>.nonc{laliud » quam ati> 
ceGGdciK. Lemraau 


LEMMA LIII PROP XCL 

Uacis tifdcm , qux in Prdpofit. 
Dico , quod B D , ad D A, cum; 
A B ,'habdbit minoremproportio- 
nem, quam B C> ad. G A , qum; 

AB. 

N am, cum proJbatunrfi'r 
B D, ad D A , haberemi^ 
norem proporiioticmproportio- 
nc B C, ad C A j Srpaiiccr >Gwn^ 
minor BD, ad B A, habaac tnt- 
norem proportioncm , quani-i» 
maiorC B, ad B A - Ergo D"B , A 
ad vtrafqiic finml D A, A B; ha- 
bebic roinoicm proportionrm, 

quami 
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<|uam C ad vtrafqac fimul C A, AB% Qgpd’ tr» 
o(lendendum« 

S C H O L I T M 

E Tiam tx Lemmatrpirfirfwiri ^ickut’ , fe^angulura 
fub E C, in D B , ad ac€kangulum com pofic* cx 
D A, AB, inAB,nempeadrccungulumDAB,curQ 
quadrate A B , habere niinorem proportioncm , quara 
re^anguli]tnECB,adrc^anguium CAB, cum qua* 
draco A B . Ecenimeodem modo, quo fa^bum cH fu- 
pra , difeurretur , & pacebit propodcuen . 

LEM LIV- PROP XCII 

Data hypotenufa trianguli re<5i:an- 
guli , & data, proporuone vnius 
Jateris ad aliud lams frmul cum 
hypotenufa, inucniretriangulura, 

D Ata hypoteouCafit A B^fuperquamfiacfcmiciri* ' 
cuius, data ratio fit , quam habet H, ad AB^ 
quam pacet opotterc efTe minoris inxquaiitatis. Fiat«iw 
go, vt A B, ad H, fic H , ad B C ? poficatn in difctJlum ■ 
ipd A D,cui ABjHacxqualis BDi dcindefiat,vcAC, 
ad C D , ita A B , ad B E 5 & a pun£bo aptccur AF^ 
ae quails A E , & ducacur F B . Oico tnangulum af F 

efle 
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D \ta proporjlo fit., qaainliabet A B, aJ K, ^ data 
A B'fediain puncto E , riirsum fccctur in H, in- 
ter- E, B, vt fecta E H; b>fariara in C, fit , vt A B, ad iC, 
fic triplum re<fiangulum A'E > C B , enm' triplo C H B, 
&cumduobus quadratis. C£>ad rectangulum AEB, 
per propof. 8 j. &pfr punctumH.agatur planuGHL, 
piano D f F,' parallelum, & fiat conus D H F. Dicb fac- 
tum'^cfle,quod proponeba'tur.- iv 

Nam, per ab ali js oftenfa, prarcipue a Caualcrig Jib. 3 . 
Gcometr indiuifib. propof. ‘ 

3 proportip fcgiwnci ifuer ■ * 


i - 


1 






medij GDFL, ad conum . 11 . 
D H F, eft eadem, cum pro 
pottione rectauguji compotn 
f\ix ex H A j Sc A E , in-.®, 
fexquialccrain BH, vnacuit.. 
rectangulo compofitafr ex') 

H A , & dupla A E, iaEC.f 






.. r 


/• / * 


h^hV.yA/ r . 

UnC; 

\ ■ ' ‘A 

':oo 1 J \ y 




tern , hsec pro porno eftica-');,. o 
dem cum proportionc tiipli 


» ^ ' 

ii iplo rectangulp C HB, &cum-dupIo quadrato C E, 

ad rcjftangutum A E B Sequitur ergo, quod , vc tripjii 
redlangulum A E,C B) cutrt triplo re<ftanguIoC HB, 
&cumduplo quadrato C E,ad rectangulum A EB,fic 
lit fegmentum intermedium G D F.t, ad conun^ D H F, 
&"A B , ad K . Vndc cum pra:fens Problofna non fit 
aliud, quam propof 8 5. fcquicur rccipciecardcm deter- 
minationes cum ipfa . Quare &c. 

A a LE M‘ 


Digitized by Google 



LEM-LI PROP- LXXXVffi-; 

Sint duo criangularedtangulaABD, 
ABC, quorum anguj us re<ftus, 

qoi ad B . Dico DB, ad D A , 

hyporenufarh minprem , habere 
iliinorem ptoportionem , quam 
habec B C, ad C A, hypjotenu- 
fam maiorem . . 

*■ « ' 

Q Voniam cnim quadraram B C , niafus eft quadra' 
to B D , ergo quadratum A B , ad quadcacaou^ 

’ B D,habcbit maiorem pro- 
portionem > quam ad quadratiim 
B C . Et componendo , quadratu 
A B, cum quadrato B D , nempe 
quadratum A D , ad quadratum 
B D, habebit maiorem proporiio- 
ncm , quam'quadratum A B^cura 
quadrato B€, nempe quadratum 
AC > ad. quadratum CB. Q^re, 

& Hnea A D , ad lineam D B, ba- 
bebit maiorem proportioneui— 
quam AC, ad G B » Et conucr- 
tendo BD, a<iD A, habsbirmi> 
norem’ptoporcfonem quam B C, ad C A. 

SCHO- 
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SCHOLI VM. 

E X di^Uscolligitur , producaturC B, inE^ 
minor «rkproportio reccanguli fub £C> in DB, 
ad rc<^angMluro D A B, pioponiooc recraogulr EC B , 
ad reccangulumC A B. Nam,proporcto rccunguJrnib 
i^C> inD^Bf ad rcctanguium D AB>, componituf ox 
proporcionrC £, aciA Br Si B l>» ad JD A}.dc pcopoitio 
recranguir £ C B » adreccangulum CAB, cotnponitor 
ex eadeni projiofiione E C , ad A B > Sc BC , adC A . 
Sod proportio BD^ ad D A j ©fteofa eft minor pfopoc * - 
fione B C V ad C A ^ Qaare p^ec propoftcum. 


LEMMA LIIPROFLXXXIX- 

Data re£ba linea AB, & data DC^ 
ei perpendictilari ^ ducere a punc- 
to E, occurrentem B C , 

' inter B.C, vt rc(ftangulunr fub 
B A, irt E‘C,fit*ad recrahgulum 
JCL D > m data proporcione . 

H oc Lemma eft diecemiiiMCiim , Sc dccerimnatio^ 
>9$t ,■ qaoddneta 7 D ^ pfoportk>;da<a),^ ftc minor 
ta;, ijtunr babec f cccangniiim AB C., ad irdeangBliiiii: 
£ D C . Quae decerminacio patxcejErnpefimdSdaolia - 

A a> X. Sic 
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Sic crgp pro portio data , qu-^TJ habet H ,*ad D C, & 
rupci D C , fiat femicircuius ad ' ^ ' 

^partes'23 C', fccans B i ) ,li>pjtinGCo 
.F , He iungatur F C j,deindc fiat vi>- 
B A, ad H;fic D C, ad aliatn , quae 
dritra oftendetur minor C F.,*^ qua: 
aptetura-punctoC’, ^ lie GG,& 
iper> pu Qccjt. Pj G , duoatur ’O G 1;, , 

• occurrens B C,in E. Dico faccupi „ 
clFcj-quod impcrebatuii. , 

C^qmaimcnim proportip.D;C>. 
ad H , componi^iu cx pioportipne, 

DC, ad AB, & AB, adH. SedP' 
vcB A>ad.H, lie facta eft jp e, ad 
C Gj& propter fimilitudinein ma - 
gulorqmDCG. &DBC,.ytDC, 
ad etj, fre eft D E, ad E C. ‘Ergo proportid DC, ad H, 
t^rappnecur qppqueex proportionibus DC, ad AB,& 
D E, ad* EC . Sed iftac duac.rationes^ corapouunt quo- 
que racionem rcctanguli EDC, ad rectanguium fub 
A B, irf.C E: ErgOjSfvcD.C, adH, Ik rectanguium 
I: p ,C, ad recfangulum A B ,j iivC E, . Qu$re\8^^ 
cbnuerccodojVt H, ad D C, litrccfangillum (iiB B.1 a,u» 
C £, adreetingtfrum'£D6x.<^u6d erati^cieiiduhi. 

Quod verb C (j, minor fit C Fi patct,quia fi efl'etas- 
qualisy vet maidr, eodetd difciwlu?prcd3ac^ufje(reP,d|^ 
I>C,»filftn jrqualijV^l iri tr^c^ipropabtiDnedeetafigu^ 
A £ <3 j lid leccangtikMn C iC^od sft. coitf la pip- 

poditach- detchii^iciorttin. •' ;■ f iC ' 

3*2 . liA ' PRO- 
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PROBL- XXXVIII- PROP-Xe 

Datis ijfdem , <Ju2e in ancecedenti 
Problemate^ Facere eadem, quae 
. ibidem, vt luperfides.fpjhxricafc- 
gmenti G D F L, fit ad luperfidem 
conicam coni HDF, in data pro- 


portione 


» . 


j / 




E Tiam hoq Problema.eft determinatura,cadcmdc- 
cerminatione, quadecerrainacum eftLemmaan- 
teccdcns, ncmpe'.efl neccflc^quod proponio data fit 
minor ea, quam habct rectangulum A B E,ad rectangu- 
lum'2?DE, prius ducti^ 

B i>;' Sic proportio' data , 
quam habet A B , ad K , & 
datis ' duabus reccis lineis 
A Bj&'P E, fibi inuiccm..^. 
perpqudicujaribus, ducatur 
a puncto D, linca D H, 6c- 
currcns EB,iilcer£y B,pcr 
ancecedens Lemma > vt fit _ 
ficut A B ,.ad Kj fic rcctanr 
gulum Tub A B,in H E,ad 
rectaivulum H D E, & per;; 


i WTl 


rectat^uium rl Uli, ocpci"; hr 

punctfim H, agaturplanu . . . v i 

GHL, 
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GHL, &ffiatc»mis DHF. Dico^icttMii cfTcy <^o(f 
impcrebatur. 'Nam,vcreccangu1um (ub A B, in EH,ad- 
reccangulum. H D E , Ccu vt a B , ad K , fic firperficics- 
‘^hxrica (egmcnti GD 1 ?L» ad! fupefikien) conicam 
CO ni D-PIf > VC cl id t tir eic Archinacde Ifb. i . de rpha;ra,& 
Cyliodro propofic. 40.&41. Qopdcratfaciendum. 

Quod verb- dererminatio (ir ea , qiiar aflignara eft 5. 
^acet^iapcadensProbUnu^nomcdaliud) quam an* 
tec£dcB6 Lemnu:. 


LEMMA LIII PROPXCr- 

I 

Daiis i;(clem , qux in Prdpofit. SR 
Dico ^ quod B D ad D A, cum; 
A B ,'habebit minorempKoportio- 
nem, quafiv B C, ad G A , qum; 
AB. 

i 

N A M, cum pjoJbatum fit 
5 D, ad D A , habere tni- 
norera proporcioiiem proportio- 
ncBC,adC A j firpariter ,cum 
minor BD, ad B A, haboat mi- 
no rem proportionem, quafn— 
maiorC B, ad B A . Ergo D'B , ^ 
ad vtrafquc fimul D A, A B; haa 
bebtc roinoiem proportionvm, 

quam< 
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<|uans C ad vtrafqac fiinul C A, AB^. Qttpd* erac 
oftendendum. 

S C H O L I V M- 

E Tiam «xLemnratrprficCefift^ickuK=,rc^:at^ulura 
Tub E C, in D B , ad aeifiangulum com poficx ex 
D A, A B, inAB,ncmpeadrectangulumDAB,cura 
<juadrato A B , habere rainorem proportioncm, quara 
redlangulum £C B, ad rc<£iangulum CAB, cum qua- 
draco A B . Eceniraeodem modo, quo £a 6 l;um eft fu* 
pra , difeurretur , & pacebit propofitura ► 

LEM LIV- PROP xen 

Data hypotenufa triaoguli reiiian- 
guli j & data: proportcooe vaius 
lateris ad afiuj latus frrrraJ cum 
hypotenufa, inueniretriangulura, 

D Ata hypotcoufa fit A B, fuper quanv fiat femicir» ’ 
cuius, dc data ratio fit , quam habet H , ad A<Bv 
quam pacet opotcerc efte minoris inaequalitatis. Fiatcr*> 
go, vt A B , ad H, fic H , ad B C ? pofitam in dire<5lum • 
ipfi A D,cui ABjfiacatqualis BDi dcindefiat,vcAC, 
ad C D , ita A B, ad B E 5 5c a pund^o apteturAF^ 
aequaifs A E , 5c ducacor F B . Dico mangdlum ^ F 

efle 
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cflc quacfitum j & in co cfle , yc H , ad A B , fic B.F , ad 
compoficam cx B A, AF. t' : : . 

(^oniam enim eft vc ^B, ad B E, He ( fumpta edm- 
inunialcicudineAB ,) qiiadracuin AB,>ad rcctangu- 
lum A BE, & VC quadratum AB ,'ad rcctanguluni—i* 
ABE) (ic duo quadraco ^ B , ad duo lecrangula ABE. 

I 


A & tv . . ^ . C 

• ■ I » I ■ ' * * 

Irgo, & vt A B,ad BE,ficerunt duoquadiataA B,ad 
duore6langula A B E Sed pariier vc A B,ad B E,fic (su* 
pta coiTJunialticudine A Ejeft rccSbangulu B A E,ad rec- 
canguld A E B; & duo r^ccangula^fj A E, ad duo A £ B. 
£irgo eric VC A B , ad B Eificcamduo^quadrata AB, ad 
duo riKtangula ^ B E,quamduo reil.inguU B E, ad 
duo rcct'anguia aEU. Ergo erir , vt vnum anteceden- 
lium ad vnumconfequentium , vcl vt A B, ad B E, fic 
amboancccedentia adambo confequencia, ncraMdi|o 
,quadrata A B, cumduobus rcccangulisB A E,aS duo 
rectangula A B E,cumduobiiS rectanguiis A KB.‘ Sed 
A B j ad BE, Fa<fla eft , vt AC, ad C 1) . Ergo , &c vc 
AC, ad CD, fic duoquadraia A B , cum duobus rec- 
tanguiis E , ad duo ret^angula /I B E , cum duobus 
redangulis ^£B. £c ad confequencium dimidia.^. 

£igo 
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FrgOjVt AC, adC B,' (Ic duo quadrata A B, cum duo- 
bus rectangulis B A E, adrecftangulum ABE,cuni__j 
rectangulo A E B . Ec diuidcndo , vt A B , ad B C , fie 
cxccflus duorum quadracorum A B,cum duobus revftan- 
gulis B A E, fuperrciflangulura ABE, ScTuperrec^.m- 
gulum A E B , ad re<flangulum ABE, cum rectangu- 
lo A E B, fimul. Sed talisexce(Tus, cB sequalis vno qua- 
draco/^B, vno quadraio A E, & duobus rectangulis 
B E ; quia vnicum quadratum A B, excedit redlangu- 
la AB E, E Bjipfoquadrato A E. Ergo, & vt A B, 
ad B C, fic quadratum A B, cum quadrato A E,fcu cum 
quadrate AF, quia A E, &AF,fa«51:x funtsequales, 
&cum duobus rectangglis B A E , feu B AF, ad rectaii- 
gulum ABE, cum rectangulo A E B . Sed quadratum 
A B , cum quadrato A F , &cum duobus rectangulis 
B A F, eft acqualc quadrato compofitx ex B A , & A F. 
Et parirer, re£langulum A B E,cum rectangulo A E B, 
eft a:quale exceffui quadrat! A B, fuper quadratum A E, 
feu A F , cui etiam excelTui , eft acquale quadratum F B. 
Ergo, & vt A B, ad B C , feii vt quadratum lineac A 5, 
ad quadratum linear H , fic quadratum compofita: ex 
BA, A F, ad quadratum lineaeF B. Quareconuer- 
tendo , vt quadratum H , ad quadratum AB, fic qua- 
dratum F B,ad quadratumcompofitiexF A , &AB. 
Quare, & vt H , ad AB, ficFB, ad compofitaracx 
FAjAB. Quod erat faciendum. 

Bb SCHO- 
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I 

E X hoc Lcmmatcpoccftctiam folui fequens Problc- 
raa i nempc triangu lura rcftangulam confticucrc, 
vt cotus pcrimecertriaguh , fit ad ynurnduorum latcru, 
in data proportioned vt confid^ranti patet. Sed hoc 
Lemma poteft faciliaj foliii prxmiflb Lemmate fo 
quenci . 

LEM LV- PROP XCm- 

Quodlibet larus trianguli re<5tanguli, 
ell: medium proportionale , inter 
■ compofitam ex hypotcnula , & 
ex alio latere ^ & inter difFeren- 
tiam eorundem- 

S IT triangu lam redlan* 
gulum A B C, cuius an- 
gulus rectus , qui ad B. Dico, 
quod V. g. A B , crit media 
pToponionalis inter compofi- 
tam ex A C , C B , & inter dif 
feremiam carundem AC,CB. 

Centro C, interualloC B, dc- 
fciibaturcirculus fccans CA, 
in D, & A C , produda ei oc- 
cur- £ 
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eUirat inE. Qiioniani ergoAB,tangicdrculiim,quia 
angulus A B C ^ ed redlus i ergo quadratom A B, eHre- 
equate rcccanjgulo BAD. Sed AD, eft diffcremia inter 
A C ,C D,(ed inter AC, C B,* AE, eft compofica 
cjt A C , C E, hoc eft C Q|ure patcc propofitucn. 

i 

LEMMA LVI- PROP XCrV- 

Datis ijfdem facere eadem , quae in 
Propofitioiie 102. 

P Racmiftb hocLemmate, fofuctur antecedens faci- 
lius . Data ratio /it, quainhabet K L , ad K H } & 
hat vt H K , ad K L i (ic K L ^ ad K M ^ & M K , pro- 
ducaiurin N, Vt M N, fttdupla M K. Pariter BA, pro- 
diicaturinC, vtCB,ftcdupla*2f A, A:hac vc H N , ad 



N M j fic C B , ad *3 D i &D B , Tecetur bifariam in Ei 
& fuper A B, fado fcinicirculo , in ipfo a punAo A,ap- 
Uiur AF,a:qualis AEj &iungaturFB. Dicotrian- 

B b a gu- 
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gulum A F B , cflc quxdtum , & in ipfo efle , vt H K, 
aci K L , fic B A , cum A F , ad F B. . 

Quoniam enini facllum eft , vt H N , ad N M , fic 
•C CB , nempedupla A *2 , ad *2 D . Ergo & diuidendo, 
vt H M, ad M N, fic B A, cum A D,ad D B . Ec ad con- 
fequencium dimidia . Ergo, vcH M , ad M K , fic B A, 
cumAD, ad'DE.^ EccomponcrwJo, vt HK.,ad KM, 



fic A B , cum A E ,ad DE , feiiadEB. Sed A E, fa<5^a 
eftacqualis A F . Ergo B E, erit differentia inter A B,& 
A F Quare erit, vt H K , ad 1C M , fic B A , cum A F, 
ad £ B , differenciam inter hypotenufam, 8c latus , Sed 
H K, adK L , eft in fubduplicata ratione H K , adK M , 
quiatresH K , KL, & K M,funt continue proportio- 
nales,- &c pariter , ex Lemmate antecedenti,B A , cum 
A F , ad F B , eft in fubduplicata ratione B A, cum A F, 
ad E B Ergo , & vt H K, addC L , fic B A , cum A F, 
ad F B. Etconuertendo , vt iC L, ad K H , fic FB) ad 
*2 A, cum A F. C^^d&c. 


LEM- 


Digitized by Google 


.201 

LEM* LVII PROP XCV- 

Datis iifdem, quae in prqpof 

cere eadem,quae ibidem/acleo' yt 
re6tangulum lub ABiin CE>ad 
rcdlangulum E,D C '/ fimul cutH 
quadrato D C :, fit- in data, pro- 
porciqne . ^ ^ 



O C eiiam Lemma eft determinatum , & deter 
'eftj'cjdod proportio data fit minor ca. 


Jl^ minatioelc, qdod proportio 
(]uam habet reftangulum A BC, ' 
ad re<aangulumBDC,cum qua- 
’dtaioDC, vc'conftat cx,SdbdIio j 
propofit.9 1. Data ergo proportio 
fit, quam habet H, ad DC. Data ^ 
ergo' DC, hypotcnufa trianguli 
redanguli , & data proportioftc, , 
quam habet . A B j ad H , inuenia- 
tur triangulum rectangulu DCG, 
vt fitj fieut AB, ad H , ficcdmpo-' V 
fita ,cx C D,, D G ,.ad G C , <]uae_. 

• " r • 'n. _ ' T> 


ihferius oftendetur minor F C , & 

DG, producaturvfquead E. Di- . .a, 

CO fiidum effe , diiod inapcrcBa- ^ ^ 

lur; ^ » 2t 



com- 
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Ifit 

conTpdtiiturtxproportioneDC ,adA'B,'&A B, adH. 
Scd vt A B,ad H, Cic compofira cx CD, D G , ad G C v 
6 j vt<X)liipofica<* CDyDG.adGCjficpropter fimi- 
licudincra triangulorum CGD,&EDC, compoHu 
ex E O, & D C , ad C E . Ergo proportio quocjue D C, 
ad H , coinponctur ex proportions DC, ^ A B > 
sxproportionccorapofitaeex ED,DC,adC E. ScdiUa? 
durrationescomponunr qnoque rationent reccanguli 
ED C,cumquadracoD C, ad rccrangulura A B,C E. 
Ergo, & conuertendojVt H, ad D C, Cic rc(flanguluni_^ 
fuBA B, inCE, ad reccangulum EDO , cum quadrator 
DC- Quodcrac faciendum. 

Quod veioC Gj(irmk»or C F. parcrjalioquin,codera 
difcurfu , concludereruc contra determinal ion cm . 


PROBL- XXXIX- PROP- XC Vi- 

Dark ijfdem j quae in fuperiort Pra- 
blcmate , facere eadem , quas it>i- 
dem , VC fupcrficics Iphnerica fcg- 
menci raterniedij , fit ad perime- 
trum coni , in dataproporcione'. 


E Tiam hoc Problana eidefctminauijfl.&cleftniii. 

natioed, quod proportio d ata, fit minor ea,quain 

,ii»bet rccta^iumA BEj^^wcttqgiiJum.BO 


Digilized by Google 


qnadtacoDE. QuacArtw* 
HTifutio pacet ex ruperto^ 
ribas, ficuc eciamcondru- 
^io Problemacis. Nam^ 
proporcio fnpcrficiei fphx- 
ricx fegrocnfi incermedi|, 
G D F N , ad periineuunL:^ 
coni D H Fjcftcadcmcutn 
proportione revflaguli A 
H E ,ad rcctangulu Ff E>E, 
cum qnadrata J) E,* vc de- 
ducictir cx Aidiiincdc fu- 
pn citato. • 


ao5 


% 







cV 


E y 




LEMMA LVIIIPROP XCVir- 

Dafam re<Stam Jincam A B, feftam 
in puncta C > rursum diuiderc in 
D , inter ' C , B , vc reftanguktni 
A C B, fit ad reitangiilum ADB, 
in data proportione. 

D Ata proportio fit, (^uam habct AB,ad H.'Li- 
nca autcm A C , tefpc^Fu iincxC -B, fc habct 
tail pa<^o, vt fit, vclea minor, vt in pimafigura,’v«l no 
mmoFjVt in fecunda . in primis patct , Temper oporre- 
rc, proportionem A B, ad H, effe tails conditionis, 

non 
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non fit minor pa , quam habet rc(fiangulum A C B , ad 
quartam partem quacirati AB. Reseileuidens , quia 
ex omnibus rciSlangulis, qua: pofidnihabcri exfciiio- 
nc A B, iri*pun(Slo‘, fadiis (ubduobus fcgmentis , maxi- 
mum eft.quando linca fccatur bifariam , & tunc talc: ^ 

led^angulu efi azquale quadrato dimidiar, nempe quartx 
parti quadrati A B . Tunc paict, quod ^ A C,fit minor 



CB, Lemma poceft folui in quacumque p.roportiohc 
vniucrfaliter , practer. quam quod in qualibec propor- 
tione dcfedius j quia in proportiorie dcfedus , Lemma 
eft coarctandum , ‘vt non fit minor ca, quam habet rc- 
dlangulum A C B , ad quartam partem quadrati A B. 
Si verb AC, non fit minor CB, time Lemma nequic 
folui nifi inpropoftione maioris inxqualitacis , quu_^ 
femper redtangulum.A C 13, c-lt maius qaocumqu!:^^, 
redlangulo A D B, vc confidcrauti patet. His prac- 

npifil^‘1 I-.., -• r 

M. Sdp«r A Bf fiat fcmicirculus , & a pundtoC, eriga- 
tur perpepdicularis C L} tunc fiat, vt AB, adH>fic 
quadratumL C> ad quadratum lineaC} quam exdeter- 
paipadoriibus fupra expofitis j patet nunquam eft c j 
. . maio- 
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maiorem ditnidia A B i quare in C E , fumatur ei a;- 
cjualis, fine hxcfit'fcmper minor EG, vcin-Tccundoca- 
fu, fine fir minor, fine xqua^is,liuc maior,vt in pritm fi.- 
gura , ( quanvuisponamus in fchcraare minorem, ) que 
fic C F, & per punctum F, ducamus F G , paralleiaoi^ 
A ^hascfcmperoccurreccircumfcrcntia;. Ducatur er- 
go , & occurra'c in G, & a puncto G, demitcatur perpen- 
dicularisDG- DicopuncShim DjefTcquarfrcum . , 
Resefteuide'ns , quia cum fadum fit, vc AB, ad FJ, 
Ec quadiatura E C, ad quadratum C F, feu ad quadra- 
turn D.G ,ciacquale, & quadratis E C,G D, fintazqua- 
lia re<5tangula A C B, & A'D Bjalterum altcri. Ergo, 
& vt A B; ad 'H^fic rc(5tauguluni AC B, ad re£langu- 
lumADB. Quod erat faciendum. 

I 

t i 

I 

S f vice femicirculoruconfiituerenrur fuper A B, fe- 
micllipfcs , nihilominus^bodeho tnodo fiofea pro- 
polltum ; quia quamuis in .cJHpfi,iquadfato v? g. C E, 
non fit aequale rcctangulum AjC B,aKamen; ex propof. 
a'l. ptimi Conic, eft , vt quadrahim CE, adquadratum 
I>G, ficrectangulum A CB, adretftangoi«m:A D B. ; 

Parker Ti (ocdfcmicirculoru j vei (Iwiiidfipfiuiii vea- 
murduabusquibufeunque parabqlis-,- .nihilominusfa- 
ciliter habebimus propofiturrj , fiijjpoiaendo A B ,’cfte 
vnam ex otdinatim’ applicator ad'aXcnijt vcLtiiainctru 
Nam , fi per pundiial C, ducaturC Ei paraHela’axi.yel 
diamccro , & fiai vt A Bj adJi, ficE Cj ad CFj/&fiatic 

Cc leliqua, 


SCHOLI.VM 
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rcliqua, vt fupra j PunAum D> erit qujcfftutn . Nam, 
vtalijoftcndant,(cdprscipue Cauaierms lib 4. Geo- 
nccr. indiuifib. propof. vc EC, ad G D , fic fift rao- 
caogulum ACB, ad reccangulum A D B. 


PROBL- XL- PROP XCVni. 

• « • 

Datis i/fdem, quae in fuperioribus Pro- 
blematibus i facere eadem , qui 
ibidem, VC faiStis duobus conis;,ne- 
. pc D H F , fuper bafjm.datam, 5c 
GEL, fuper bafimnon datam, 
quorum communis axis fit E H. 
fine in data proportibne - 

Q Voniara cnim ' duo- ^ 

rum conorum eftca- 
dem alticudo-, ergo 
funt inwnfi: , VC bafes .* <5-^ 

Quarc wnusD H F , crit'ad 
conuGEL; vtbafis DEF,ad 
bafimGHL,fcil vt quadratu 
DF,aid quadratu GH,fcu vt 
rcd^golu A£B,ad redlagu-I^ 
lu AHB**‘Qaatc coftac prx-' 

(cn& Problecna redud ad in. > 

' ■ tecc- 
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tecedonitemma , & habebhnua intently , vt Tnuf- 
quifque' faci Ic poceflcognofcere! 

SCHOLI VM. 

' • • • . > . , 

' / 

H I C foluenda venir^nt Problemata circa fuperfi- 
cie$ horum conoruiu, ipGu rcferuamus ad 

aiiudcempus, ficut etiambxc. hexiipe. Datain Tphae- 
ram, vt in faperioribus Problematibu^ fcif^m piano 
D £ F, rursun^ (ccare piano G H L , piano D £F, paral- 
Ido , VC fa(SI;ocpno G £ L, fuper baiim non dacam 3 vel 
fegmentum imermedium G D F L, ad conum G £ LiVel 
ruperHcies fcgmenci ad ruperficiem, vel ad peri? 
mecrum coni. He in 
Sed ha:c, vt 

feruamus pro 
alioOpe- 
• , ic, _ 

^uod, Deo fauence, 

' ' ,j unprime- . 

. ' . tiir . ^ . 

. - 1 ^ •' 

‘*1 f • • , ' . » ' ^ 

. V * • . X . • ^ • 

' , ^ . . . * 

Cc 1 LEM- 


data proportione . 
diximus, re- 
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LEMMA LIX- PROP IC' 

• • « ... t 4.» -/I. 


• ') 


Efto triangulum A C B , cuius an- 
gulus C, (ecetur bifariam a linca 
C D, & larus AC, fit minus la- 
tere^C B, vnde»,& AD^ fit mi^ 
nor* D B;cui AD^ fit fa6ta sequft 
lis D F , & fit du(9:a CF. Si (u- 
per bafim.D B^ fiat. triangulum 
; ‘xquale triangulo^F G B, peiperi*- 
diculum ipfius dudtufn a vertice 
Gj, (emper, minus erit D F feu 

Q Voniam C B, maior luppbnicur C A, fiat ipfi CA,. 
acqualisC G > & ducafuv PG . Qjjoniam trian- 
guli AC D-idUoMatcra A C , CD, funt squalia 
duobus latcribus D C , ti*i^nguli D C G , alcerunv 
aheii. & angulus ACD, efr^qualis anguloDC Gj er- 
go bafi's A D,erii;*qualis bafi D G , & triangula crunc 
.xqualia . Sed ctiam criangulo. A C D , efl acqual c trian- 
guliim DCF. Krgo iriangulaD C F &DCG,erunc 
xqualia . Quare addito cominuni triangulo A C D,^to- 
tum triangulum A C F .eritaequale trapezio AC GD. 
Quaic« & reliquuiT) FCB. erit aequale rcliquo DGB-. 

• i sedi 
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Sed in hoc > dhriifTo jperpcndiculo G H .patet ipfum mi- 
nus efle j>ypotheijula D^jhoccft ipia DAifcd DF. 
Quarepjnctpra^pofinim."" ■ . 

Vel poftquam fadla func omnia, vt fupra > & conclu- 
fum cdangulum D C G arquale'efTe criangulo D C F> 

fiauf^catar commune criangulum D C K 6c ^ addacur 
commdne trapezium F, KGB) nihilbminus faciliuscpn*' 
cludeturptbpontum. Resedclafa. • i .V ; 


LEMMA LX- PROP- C- 

Sint (zAa. , & oftenla eadem , q 
in fitperiort 'Lfemmatie , & fit di 

A k 1 . t 
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Q Voniam fupra oftcnfum e(\y tri^galum G D B,*- 
quale, cflc criangulo F C B ^ criangulu B G D, 
eft arquale rc(SlanguIo cotkcmo fubD B , in di- 
midiam G H , & pariter triailgttlun)l ip C B , eft xqualc 


ic(flangt2lo conrenca ftib F B, tn dhsidkrar C E * E^gdy 
kre fecraD^ola^ &s ilkKifm dap La ereme aeqaa)^,nem» 
pe ftiBD in H G ’em nrdangti^ 

to fubPB, inC E. C^fe> vtOB,adp By.fkiCEy'afl 
G H. Quod erac oftendendum. 

» : V . ; 

4 ' ^ . I ■ 


LEM LX r- PROP- Cl- 


Data bafe , perpei 


& pro- 


portione laterura trianguli 
, inuenire triangubrn . 

S I proportio data fit ataualitaats, res eft adco facilis,. 
vt pudeae in hoc verba profirndere. SI aucenL-j» 


fit 
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l>f J 


Gc iorqualitatisi.tunc Lemma ,Hcbet deiftcaiuiari ^ 
•rgooft d«fc6tus,ytiofiracrcndXuppanimu5^<ifii«imi- 
nadotalis Oportct propordon«m daicam,& pec- 
pcndiculuraiaJiscfTc coiididaais , vc foSta jbafe i» dafia 
pa»pottione< 3c £a.^o iwiBaiusfcgm^wwm 
tcips fi^ra minus ^Gcpcrpcadiciuuin adAliain>ba;c At 
minor minori fegmcnco. Dctcrrainado patcc ex pro- 
poGti on i bus ant e c e d e nii btta-. Nam in p r ^ o fife 9 9* of- 
tenfum ell H H, efle mlnnrem , 4ei Cr A . In i o o. 

verb ojflenfum eft D B , ad B F , cfle ad G H . 

/ \ 


Sic ergo eWa baGs , A B > 3c ddta.pro^nio Gc , qnam 
habecA B,, ad.H.k pM^ndiculuni'Vero datum GtrBC^ 
ereocuiq nQrmabtecCuperAB>a|punccaBj Diuidacur 
A Bj iaF, yjc.Gi, Gcuc AB ,Adid , :Gc A F, ad P B , fiat- 


que 
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Ill 

que F GiScqualis A F , & fupcr F G , fiac.feroicitcubi, 
inarquc VC F B ^ ad B G / He C ; adajiam.. 'I^cerex de- 
cerminatione,hanc cfTc minoiem F G.' Ergo pbteric ap- 
cari in (emicirculo ) cuius diameter F aptetur , & fit 
F Dit'iiatque ei aequaiisF K. yatqn«^pbii(fit'o iC^cxigacor 
K L,‘ hormalis foper A B ; qua fit iqualis D.G;, *Se pec 
r .’j . c'.'-.t/rr*')! hor.iff. rcj ;.'i 

fi. 

i • , ■ 


punduihC, duefa C M , indefimea , &c parailc^a AB, 
perpunctaB, L, du^atur B LM,occurrcnsCM, in M, 
( occuircc enim jCumangirii M CB,CBM, fine duo- 
bus recSlis mi nores ,•) tunc ducatur.iM A . Dicotriangu- 
Jum A M*B» c/l'e qucftwm-. Namfeftfuper bafi A'B,& 
j'uuin perpcnd4culum C B'. '‘Qubd yerofic, vt AB,ad H, 
fie A M',adM B,'ficpatebic.'. Ducantur M F> M G, & 
FL*. Patetdu’otriangjula A M F,T M G, eflea:qualia. 
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<propccr b^es A F>F G /itcpales , & propter ea ndom al • 
•trudinem Gmn autentfadoian^c. vltiFB y ad B G , (k 
C B, ad D G , feii ad K L ; ergo rcdangulum fub. F B , id 
K L eritacquale rcctangulo facto fub CB,in B G. Ergo 
& illocam dimidia, imnpeiriangulaF LB, G M B.crunc 
acqualia (^ua'recofnmurii'ablatotrapczio LOG5>ac- 
que addicocpmmunitriangulo F MO, trianguluriL^ 
FM L, edtsequaUtriaAgub F M G, fed A M F . Gum 
auteoifupdreandcmtbafihi MF ^neduo triangub ^ 
M L F, &: M G F, ar’qualia , du»5la L G , eric parallcU M F. 
Er^angulusF L G, crit at^ualis alccrno M FL , 8^ 
angaius exyernus A ,F M , ctir ajqoalis intefno, & oppo- 
fito F GL. VcrumcdmduarFl^, KL, fintxqualw dua 
t)QS Fpij D 8^ ai)guu*F K L,'F DG, ab ipn^ contenci 
firit apqualcs, quia . ' Efgo,^ F I. , er1c aequalii F G, 
feu F A . Curii autem in tf iangulo L F G, d uo Jatcra F L, 
F G Cntacqualia.- ErgoanguTi quoque adBafim,nem- 
pe FLG, F G L, erunt acqdale^.’ Sed angulo F L’G, eft 
arquaJiseialternuaM F L- .& angola F G t/oftenftis eft 
a:qualis ci externqs , & oppofitus A F M k Ergo habe- 
mus ^uotriangul'a MF A, & M FL','qu«habcntduo 
lacera aequaliaduobuslaceribus, altentiti altcri , 8^ ^ 
angulus AFM, cotentus fub aequalibus Jateribus vmui, 
«(l ^quaiis angulo contchtb fub aequaiibus latcribus ib 
tqrius . Ergo bafis A M , crit aequalis. ball. M L ,itiian- 

gulum eric aequalctiiangulo^& angulus AM F,etit *- 
qualis . angulo F M L. Ergo, vtiAF, adFB,fcuvc 
A B ad H» He A cM , ad, M B«. Quod crat facien- 
dum. ' 

Dd Si 

« 
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Si proporda daca (k ^xccflui jfoddctut Lcmcm^ 
faciliter^;fac^do«.i^fn:iit)s^ex alia ^KUtc,. &‘jcohuflfr- 
ftcndo, ’/ r • • ; ‘i - u '] ■ S/; ,il : > '■' 

\ .T;?!. ,l\' , > u. .•, * { I iili ■• -»j, irn J J-.? 



f 

• ^ 


■ : PJIOBL- XL^f PI 

.1 » . k • t i \ » i , 

' ' il ' ;•; ry* ■V'i 

IJata. A D y ma^iniaine»i &’po(itati- 
' ' ise , Sc ^ata ^1); ei 'paraUdaiWtt- 


turn 



otie i inuenire in CD; 


r ;pun6tumi E^-vr- iunSiis A liy EB^ 
• "St'dUcSta' peipehdiSiilari'B.iftf/S^ 

circa. 'A B ; Vc'fianc coni'; fuperfi- 



cies conjcaconicx trj ^ 

aidtifuperfrciern 'conicarn • conl^c 
triangdld ,F E B,j,fif In'iJata.prp- 
'portione;'!*^ 


• J.i 


J : > , ‘<1 • 


J/ 


D Ara ratio f%qoam habet A'B,'a4lH/’Pf^^rt»4 
, iaciliter ! folactut l^x^ant«cbd»helbua LemftVi^d^ 
bus. Narncum duie ‘AB^6dCDi fine data: pofitionc, 
dabiiur etiam EF > magnitodine, per Propof. 5 i.daco- 
rum. DataorgoBa^iA ByiStdato perpenaicolo £ F, & 
data raiione laterum > qu^ He propordo data A B, ad H, 
. C: inue- 
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mtrcnmtud^tinabgub a£ B ,;iiod eft dtkrirf^gofl 
A.F Eg £FB»t VC, ucficptAB^d H,(ic A E, ad E Bi pi^o. 
quod n ex ipfisrcuolucis circa A£, 'fiani^cofii>c]uoa 
erunequ?(iti.,f^ameftvtAB,adH,ficAE,adEB,nc- 
perecc*i»gttlu|pj4-£F^ad reccangulamBEF^ncmpe* exrr 


AjpBi{^cU%peciCato^riq7C>^qcic$ CQiiiu conioru ex 

. teuolutionc triahguli* A F £9 ^ca A F,.ad ruperficieqi 

conicamconi orci exrcuolutione friangnli E F B, circa 

FB»i Quo4efftt (acifendiito^ ' ^ ^ • 7 

'J.'. i ^1. V 

; JLEMM A LXU- PROP- CIII- , , ] 


Sphxra ad rhombum fibi infcriptum, 
eft vt quadratum-Jinfcriptibile in 
-imCircuk) i£ta.xj.t^o > <adi,><^^atu^ 
’’ radii' dfculi/<3ta':eft bafis'rhonjoi 

Dd 1 Sit 
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T’ in ipliaei-a pcdinsfiefittum 'E )tiiujinbusiiii^rv 
pcds B F 0 G. 0ico &a^iac rhixntiui B ADC^ 
cuiuslatcra'fintchnrd^ac ( ^ k|.' x‘> !: ;< . 
quadrans . Quod autc. ! /> j / i . 
f^xra ad i*horabuaaLd! >i | 4- -i j 
BADCj^it VC quadratu ^ 

B Apid q^adracum A q \\3\ ^ 

patcc i quia ,' cx Archi- * ' W f 


mcde i.de Tphxra, &: 

Cylindro propofit. ja. j .A r ^ \ 

^h<cra eft ulis rbomhi \ |\/ 
dupLa, ficuc etia 1 mqua> 
dratum B Ajcftduplucn: 
quadraci A E, Tunc 5 . ^ 

quonia rhobus BaDC^ 

eft ad rhonabum B F D vc quadracuns A E.y\ad q;u«» 
dracum F 1C . Ergo ex aequali fphxra ad chombu:n_t» 
BFDG, edt;vcquadracum fiA> adquadtarum F 
Qi^d crat dftendenduTri.' ' ^ ‘ 


PROBL XXXXII- PROP Crir- 

In data fphira-inuerard rhotitfjurh 

/•I * ta •_ 


t Iphawa fit ad rhajnbura ,. in 

.. data :ration.e poffibjli / j , . 

* ? • 

Acio dft i vrprd^Alb ^aca 

nordapk,.qui^9aidi^s jbfoi^ i^riptibi 

r : lium 
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liumin fphxra) t(V «qui^Iacerus ^ qui'ed fphxrae fub* 
duplus'. Data ergoTphacra (ic A E C D , cuius diamecri 
fe fe decufsamesad angulos re(Slos in E, Gnc ACi BD} 
& Gc du(^a B Ay 6c data ratio Gc,qua'm habet B A, ad H; 
& inter B A , H , iiuieniacur media proporcionalisi 
qua: vtique non ctic maior A j^,fed vel minor^vel ^qua* 
li$ vtpatebit . "Si ^qualiff f;a€l6 ihombo B A D C, crit 
quseGtus. Si aucem He minor A£» Gch^c EL,&per 
pundtum L y ducatur L F , parallela ipG BD, occurrens 
ipbaerx ).vel ex vna parte j velex'alia in F> punc'- 
cum F^ a(Slo piano F KLG , cui diameter B D , ni perpen- 
dictilaris , fiat rhombus B F D G . E>ico hunc ene qux- 

Jn primo cafu , res cB data ; nara cH;, vc A B,ad H,Gc 
quadratumB A, ad quadratum A£, nempe Tph^ra^ 
ad rhombum B A D C> per anteccdcfiS Lemma . 

in Tecundo veto cafuj res cflclarifCma. Nampariter 
eB, vt B A , ad H, fic quadratura B A, ad quadratum^ 
EL, nempe ad quadracum F nempe Gc Tph^ra ad 
rhombum B FD G. Quod erac oBendendum . 

^lOpod veto media proportionalis inter B A, & H, 
maior A £» pacet ex determinatibnc i quia cum B A, 
non Gt minor nojda ergo ncc quadracum A B, eric 
minus dupid quadrato.LE, Ted F K. 





PRO 
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dtitum fcraidiametri fpbacr*, quia- quadf^abi^ 

radij bafis dati rbombi , ad (juadratumr fcmid»tnWi 
foharrad , eft pToportw:-; ^ ' 

rcicHiibi da ci adrhombu?' * . ’ 

maximum infcriptibite) ‘ f- - K, J i>* 

in rphcEravcTgO'Hon pd>< i • ‘ 
oeftednaninoT t«a. ' 11 :< • : ^ O' ^ 

.i.ikvcgoDboiTibus da'^'i ‘ F \ * ' 

rus FBGDyiadaca^pb«> . p . , I ; 

F^riAi B e DV cniiisaciiAfr ^ 

misua fcrccamesadatt^w . ^ f- 

gidos -re£tos>/inft: i f V ' ' » <g>^* 

AC, & data ratfb iiev#' 
quam babet A B, ad K,. 

&fiat vtAB,ad K, fie 

quadratuF H , ad qua'- -t -5 

dratum alterius linear , qua: non eric maior A E, Crd vcl' 

ci xqualis, vel minor. Siacqualis, rhombus B A D C,, 
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j^rirqwcfitas*; 

« aut <« vna,44tt tx altera pf- 
diotnbodM B OJD , ipfc 
'ouiclciis ^ lYt iiop RiiH’eaaii’ 

Ac/otem diftujfiim M-tU. J I r- I. . [ • '.'••.'^D 


r,>? 


.1 >■ 


or 


V <VJ 


I o .> > 


OVI- ' ’ 

* 7 * • I **'*’,* j C . . • > J . ^ ' j * • * ‘ I 1 4 * - ,.i.- t 


III data ^fanera jafpribere rhobum:,vt 
luperficies conice conorum ^ 
t- fihbad^inuicem^ in da- ‘ 


ta propgrcione. 


D Atac fphxrx dia* 
meter -fie A D , 
& data proportio flc;<jua 
ha bet D A^d H. Diui- 
daturlDA, i^lG, vt5c, 
fiettt quadfatumDA,ad 
qdadratuarH , fic DG, 
aihG A j &pcr pun^um 
G,\a«5lo planojE GC,cui 
diameter DA, fit nor-' 
malis ^ fiatimombtis 
A E D C . dico 

cflcquxfitum". 

Quonia cnim vt DA, 
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, quadratum, iu] quadratuM H, Jtafafta eft D G,'ad G M 
veaute D G) ad G A; ftc (sapea eoinun^ alcicudin^ E>A,) 
• re^bangiilu ADG,DAG,& red^agolis ADG,DAG,'funfc 
squalia quadraca DF,AG,alceru aiterf^ Ergo,^ 
dratuD A, ad quadrataHj/icquadracu D E, ad quadra,- 
turn A E . Ergo, & vt D A, ad H, ftc D E, ad E A . Sed 
vt D £, ad E A', ftc re^apguiuni D E G, ad re^ogulu 
A EG 5 VC aucdm redlanguTum D EG, adredangulum 
AEG, (icruperficiesconicaconi E D,C,, ad fupemciem 
conicam coni E A C . Ergo&c. Q^d 6cc. 

PROBLXLV- PRoKcVII- 
Idem . 


I Dcm Problcma foluecur 
aliter,& fb<:nca ^cilius. 
Sine data omnia, qu^ fupra, 
& data proportio (It , qua 
hab^ A B, ad.H . A B,F G, 
fint diametri fc fc decufsa-r 
tes ad angulos rc<flos in Of 
6: diuidaturB A , in O', 
fiificucB A,ad H, (it B Ci 
ad‘C E 5 dc per punAa G C< 
dueafur linea occuritns 
circumferejneiat in L •, 8^^ 
a pun<5^oL,ducancur L A, 
L B,&perpcdic ulai'is LD K; 


■ - .r* 
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& intelligatur rhombus A.L B K . Qui vtique eric qu«- 
ficus . Cum eoim duo anguli A L C j B L C, Hnc 
Jes, propter xqualicacem circumfcrentiarmn A G, G‘B, 
quibus infidunc. £rgo vcBCyad CA, feu, vtB A>ad 
H, fic B L , ad L A j nempe rc(5langulum B L D, &c. 
In reliquis fcquacur przeedens demonilracio. 

t 

LEM- LX I II- PROP Cvm- 

Sit quaelibet portio fphaer£e A C Bj 
diamcKf totius fphaerae C D , cen- 
- trum E ; ,F, fi cetrum bafis porcio- 
nis,& dulSto qaolibet piano GHK, 

bafi A pB^parjiJlplo, fit^trliombus 

infcripcuS ixi portioneCGFK.Dico 
portione'm A C B , ad rhombum 
CGFK;e{se,vcre(5tagulum DFC, 

cuiT) rectangulo ECF , ad reftah- 
gulum D H C . 

F !qt, vt D F , ad D F, cum 1) E, fic CF, ad FOj & fiat 
conus O A B. Ergo,cx Archimedei. de fphxr. dc 
eylindr. fupra citato, conus O A B, cricsqualis portio-’ 
ni A'C B. Qi^oniam verb conus O A B , ad rhombum 
C G F'K\ habet propoicionemcompofitam ex propor* 

' E c done 
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none OF , ad FC» & ex proportione quadmd A F, ad 
quadracuraGH. £rgo,&porcto ACB, adirhombum 
F GO K, habebit proportionem cocnpodcamex racione 
O F, ad FC,&.ex racione quadraci A F, ad quadratum 
G H ; nempe ex racione redanguli O F G> ad redan* 



gultim D H C . Sed vt O F, ad F C, fic E D , cuin D F, 
adDFjCxconftrudionej & proporcio reccanguii D FC» 
ad rcdangulum D H Q componicur ex racionibus FD, 
ad DH, & FC, ad HC. £rgo, & proporcio porcionis 
A C B,ad rhombiim CGF KjComponecurex racionibus 
ED,cumDF,adDFiDF,adDH,&FC. adHC.Scd 
d uac rationes E D, cum D F, ad D F, & D F, ad D H, fa* 
ciunc rationem ED, cum D F,ad D H. Ergoquoquc^J 
proporcio ponionis ad rhombumcomponecur ex racio- 
mbus£D,cum DF*adDH,^&FC, adCH. Sedida; 

dux 
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dux ratTonrs comporvunc quoqa« fationem retfibagulo* 
furo DFC,&ED, FC,reuECFjad rcdanguIuraiDHC. 
Quarc pacct propofitum . 

Vel inccllfgaiurconus A C B, Toper eandem bafim^ 
- & circa cundem aicimcum portioiic, qua; (it A CB. Er- 
go portio A CB, cx Archimede a. de Tphaer. &Cylin. 
propof 7 . eft ad conutn A C B> vt D F,cum D E,ad D F; 
led vt D F, com D E, ad D F , (ic ( fumpea eommuni al- 
ticudincF C,) rcdangulum D FCjCumrciftanguloD E, 
C F, hoc eftcum red^angulo E C F,ei zquale^ad redan- 
gulumD F C j VC auteni conus A C B , ad rhombum— 
C GFK, fic (propter eandcmaltitudinera CF ) eft qua- 
drat um A F , ad quadracum G H , feu redangulu D F C, 
ad rctftangulum D H C . Ergo ex squall, portio A C B, 
eft ad rhombum G C 1C F , vt rciSlangulum D F C, cum 
rc^angulo E C F, ad rc^ftangulum DH C . Quod crat 

oftendendum# •' < 

* , . ... - ■ . , • 

SCHOLI VM 

F Orfitan non crit inutile notafTc , proportionenL-.# 
fpbsrXy & hemifphanij ad fuum rhombum , efle 
candetUi proportioncm veromaioris poitionis ad fuum 
rhombum , efle is maiorerrt , rainoris veto minorem . 
Quod pater, quia, ciim portio AC B, fic ad rhombum 
G C K. F, vt rcdtangulum D F C , cum rectangulo E C F, 
nempc cum quadrato E C , ( fi portio fit hemifphsriu^ 
ad retftangulum DHCj pacct, quod in herailphsrio, 
tctftangulum D F C , feu DEC, feu quadracum E C, 

£e a fqnia 
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( quia hnec omnia funt vniim , & idem ) cum quadrato 
E C, eft duplum vnius quadrati E C . Quare hcmifph^- 
riumad rhombum fibi infcripcuinicft, vc quadracum in- 
fcriptibilc in circulo maximo , ad quadracum G H, qux 
proportio eftcadem cum pioporcionelphxrx adfuum 
rhombum j per propoiic 103. Quod etiara faqlius pa- 
ter, fupponendo portionem ACB, c(rehemirphaErium> 
& mence incelle^o rhombo C G D K , cuius bafts eadati 
GHK. quia cum duo rhombiCGFK, & CGDK,ha- 
beantcommuncm baftm GHK, erunc inter fe , vc alti- 
tudines. vndccum in tali cafu,altkudo CD, ftc dupia 
alcitudinisC F, ficut ctiam fpfaaera eft; dupia hemifphx- 
ri j i patet permutando, fph^ram ad rhombum G C K D, 
die vc bemirph^rium A C B, ad rhombum C G F K . 

Quod verb proportio maioris poxcionis ad ruura rho- 
bumftt maior his, & minoris minor j pateCi, quia recra- 
guIumDF C,inprimocafu,cumre<fiangulpECFj eft 
maius dupio quadratoC E, nempe quadraco in- 
fcript^ile |n circulo in |ec]^- 

doverbeafu eft minus /vt elpc-' ' 
ricnii patebit. 

Resenim 'I 

^ ;■ 'eft ; .. ; ; ■ 

Beilis demon- . 

: ftram. 



LEM* 
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LEMMA iXlV- PROP-CIX 

.1 : r-f * 

1 

Datam A‘ B i vtcumque ie6tam in 
C, rursum fccare inO,interC B, 
vt reitan^ulum ACB.vna cum 
redlangblo ’dimi^iap' A B,, in C B, 
lie ad reitangulum ADBjin da- 
ta ratione poflibili, 

t L’ A C» efli non minor (T^, vt in prima figura, 
vcl minor ,.vt jm f«cunda t Jn quolibec cal'u fu- 
pei A B. fiat fcrtiicircuius, cuius centrum^fic P, &(, data 
laiio (ic , quam habcc A fij ad H > qua: in primo ca(\i,de- 


V 



betede maior’prbporaoncrdftanguli'A CB, ‘cj^iA.^6C- 
canguio fub efimidia A B , nempe fub P B , in C B , ad 
re(!iangulum A CB,'qdra furnJitb'HcuinqtfeplinftoD, 
Teniper re^guliim A D B, minus eft tci^angulb A C B. 
]h Ttcudo verb cafu^[i6ceft efte ^qualis/ 'maior/& minor. 

' Nam 
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Nam.fi fiacipC CP/xquaTis Q^fcdlangulam AC B| 
eric jcquale re^ngulo A QB. Si veropuniflum D, fu- 
matui inter C, Q^cctangnJum fedlurn'cx calibus feg- 
mencis,eric maius rcccangulo AC B. Secuseric, (i punc- 
turn I>. fumacur inter Q^Bj nam fcmpcr talc reccangu- 
(utti^it miniis ce£i;an^tt}o ACB,vtconfidcranti patet. 
Si veraproportrodatacB minor ea,quani babec reda- 
gulum ACB, com rcdangulo P B C < ad rcccangulum 
ACB^ficoipe C rcccangulum inueniendum^nt inaiuf 



irdaij^l'oiA G F, pd^ t non oocf^ri? lilroncin^F^ 
minorem efie ea , jrabet r^rangulum A C B, cum 
reciJjntulolP fl|C ,adj rcc|:ang^|ilum A Pp j quia rec^an- 
gul(j|ixAy^,~g^^ip5 Qibnibijii . ^is i ilftife ExpiQna' 
tur linca L, potcnTainFo icdangula AC B, & P B C,& 
A^B,;ad,]^I,,fic L« & inter L.,.K ^ inueniaiur 
jne^ial^, qu^in gripioc^^ minor RC.jercda i>oi> 

rcpp)iidot4#Um eifuk 

q* frc|nuff/JMa.©awr A Pi 

c.o; 

' * . ^<^ua- 
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x<}ualis T, & tk(kxO F , B , ducat»r F O^tior- 

wli«lufcr A 3 Di«orpur»aum D, effc <pra:fiwcii_ir. 

In lecundoaucccafu/i t,fica:qualis Ee, a«Eor EF, pa- 
ralle la A B , & ducatur F Q_ , pcrpcndicularis , & punc- ‘ 
nira ^erit quotum. Srautem T, fitqnidem> maior 
X A Pipunccum P, crit quaefituni . Si vc- 

l o T, fit quidem maior C E , fed minor A feu G P 

crcaa: normaliter puWcto P,3dc PC, xcjua'lis f,.t * 
ada O Zvpapallda A B, vei ex ?rm parctf , vcl ex alia 3c 
dcmiffa perpendicular! Z R,puna:um R,cric quarfiiura. 

Si candem T, fit minorr E C , fa«aa ei xquali C6 & per 
pundtura 0,ductaparaIlela AB, ipfa OX, &apunc- 
ro X , demifla perpendiculari X D. Dico punctum D 
eflequadlcuni. ' v . ' ^ 

Qupniam enira factum eft vt A B, ad H, fie L, ad 
& VI L , ad K<> fic quadrartma L ,.ad qoadr^unt T , & cu 
T, fit afqualis in priraa figura ipfi F D^in fecawdaaUtem 
P G P, vel ZR.yclXD. £rgo,& vt A B,ad 
H. fic quadratupL.ad q«adracumFD,in prima %ura;: 
in lecunda v^ro, ad quadratum iinearura arqualium ipfii 

T. Sed auadratumLjcftarqualcrectangulo ACB, 8c 

rectangulo P B C, & quadratis lincarura arqualium ipfi 
T, in priraa figgra,cftaquale cectangulum AD B, in fe- 
cimda yero funt cis squaliaf^cca fub fcgm«ntis A Bi di. ■ 
uifx’in punccis vbtincidunc perpendicu lares . Quartf 
& vc;AB adF^,fic rectangula AC B, 6cf BC,ad re- 
ctangula inuenija, 3c fupra expofica. Quare pater pro- 
pofitum .01 ' r .• 

Qupd vero. Imea T audaaBus figuns IwbeAt 

con- 
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condiciones priiis expofkas , patet cx decerminatione 
conerucntc vnicuique cafiii , qux detcrminationes fu. 
pralunc expodrx. 

PROBL XLVI- PROP-CX- 

J t • ' ' ‘ i 

Data qualibei: (phaer^ portionie , in- 
fcribere in ipfa rhombum, vt por- 
tio fit ad rhombum, in data pro- 

< . < ,1' ‘ i - _ 

D Ataporiiofit ABCi &DB, fit diameter fphx- 
tx , cuius e(l portio, E, fit eiuscencrum,&; data 
lacio fit, quatn habet B D , ad H . Ciim ergo cx propo ’ 
fitione centum, & i . ' 

octo,pateatrationc ^ ■ o ^ ^ ^ .-H.- 

oitiqnis ad rhora- - . . i , 

urn fibiinferiptum 
efle eandem cum 
ratjone rectanguii 
DFB cum recta n- 
gulo.EBFj ,ad rec^ 
languid v.g DKB, . 
inueniatur, per an 
tec^dens Lemma— , - 
pu net urn K, fccun 
d^mjhanpcpnditionena . vt ilia duofcctangula fint ad 
/< ) rectan- 



portione 
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tcctangulumD K E, vtB D. ad Hi’ Si per puncttfm K, 
igatttr planum G ICL , paraliclum A C, & fiat th^bur 
GFLB, hictiic qua;ncus. Res eft eiiidcns.' 


PROBL XLVII PROP CXI. 


In dataportionedatorhpmbo inferi- 
pto , inferibere alium rhombum; 
vt rhombus prius infcriptus:,fit ad 
hunc, pofteriorem , in. data pro- 


portione . 



Vl • . 


H OC Problcma eft faciliflimum; quia cum illidua 
rhombi fintincademalticudinc.erunc inter fe 
vt quadrata bafium, Sequadrata crunt vt rectangula 
contema fub fegmentis diametrii vnde adbibita con- 
gruenter Propom. lop. habcbimus intentuin* ' 

LEMMA LX V- PROP- GXIf- 

L)atarn rc6tam lineam FB, fe<5tam 
in puncto K, rursum iri'Cj-diui- 
dere inter K, B ^ vt re<5tangulum 
FCB^cum quadrate Kp.fit ad 
reftangulum FBCi in data pro^ 
portione. Ff d«- 
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D Ata prof OFtio dcbct- cflfe talis conditionis, yc Ci 
fiat in data pioportione H K , ad aliam , k^c 
minor totaFB.Narafi efTecarqualis.eflet \{tFiIC,!ad ill^ 
alia,hoc eft ad FB,ica rcdagulu FtCB,'ad rcccaguluFB K, 



F A K C B G 

: ' ' . . : 


* - ’ ■ . • V • if 

vndc KB, no poffct diuidi'in data proportioncj & mul- 
to minus poflet diuidi,fi ilia alia elTet maior F B . Sit er- 
go proportio data ca, quam habet F K, ad F A, vbicura- 
quccadat pun^lum A, inter F, B, & fiat vt K F> ad F A, 
fic K Bj ad B G ,'ei pofitam in directum j deinde K B , 
talitcr feceturin C,vt fit ficut G B, ad B A> fic BC , ad 
CK. Dicopun(ftumC,eflequa:fitura. 

Qimniam cnim factum eft, vt K F , ad F A, fioK ^ 
ad B G , & vt K B , ad B G , fic ;( communi alrttul» 
dincKC j ) rectangqlum B K Q/^drcciangulu tb K O’, 
in B G . Ergo, & vt KF,'ad F rectang^lum B KC, 
ad rectangulum fub KCjin BG. Pariter vcKF,adFA,, 
fic (fum*pta communi altitudine C B, ) rcctangulu F K, 
CB,^a^1:ec6angi|Ii¥pPA,CB. .Ergo,&vtlCF, ad FA, 
tarn eft rcctanguluni B K C, ad recrangulu’ra Tub K C,in 

B e,:qMamlicctang^lqm F K, q B, ad reccangirkim F Aj 
C B . Ergo & vt K F , ad F A , fic ambo antcccdcntia ad 
ai^>b'i confequentia , nempe rectangula B l<. C , & F K, 
G Py ad ;ecr4i-guia C K, B G , (ft F A, C B . Sed rcctan- 
gulaB,KiC,&-FK-,»CB, ^aciunt tcctangulum F ^ B, 
cuin*quadratq C K ) quia fcctangulum BKC,diuiditur 
in tc'Ctangulum B C K , &in quadratum K Cji& rcctan- 

gulum 
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■gutum BC K> cam reccangulo F ft, C B , facit rcctan- 
gulum F C B: Ergo, & vc K. F jad F A, fic rcccangulum 
-FCB, cumquadraco KC, adrcccangula GB,KC) & 
FA,CB.. 

Quoniam vcrc^' fa(Skum cftfupra, VtG B . ad BA, Ctc 
B C, ad C K . Ergo rcctangalum fub G B', in K C . eric 
xqualc rcctanguTo A B Q. Et conHiiiini addira rcaan-^ 
'■gulo F A, C B / Er^go“rcctahguIura A BC, cum rcctan- 
gulo F A, C Bi quxduofaciunc vnum reccangulum«^ 
F BC,'eruncjc«jualiarcctangulisGB, KC.&FA, CB. 
Sc4'rupra probacum' eft e/Tc vt K F. ad F A, fic rcccangu- 
lura C B, cum quadraco K C , ad duo rectangula GB, 
IC fc F A i ;C B . Quare & vc fC F, ad F A , fic eric rcc- 
cabguIa'nfrF CB, cumquadraco K C, ad rcccangulum 

F^C. Quod crac oftc^endum. 

% 

proHlxlvih prop cxiii- 

1 ^f'*»**- I 

• iai *. .,-•*1 ^ .• 

Data qualiber fph^erae portione in- 
fcribere in ipfa rhombum , vtfu- 
pcrhcies coniGx conorum irhom-: 
bi:,Tint in data proporcidne. 

D Ata portio fit A C B, cuius axis fic B F , & B D, fit 
coca diameter fpha:r£e, data prqporcio fic, quam 
hahcc P F, ad H, & fiat vt D F, ad H,fic H, ad O . Dico 
in'primishoc'Problema cffc dcterrainatum , & determi- ' 

Ff a natio- 
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nacipnem etTe>quo(i proporcio data fie calis condiciotiif» 
vc(ttifiac mdaca proporcioneDF^defcctusaxis partio- 
nisadiaiBccro.fpnxrar^ad alia in, quae He & propo'rcto 
D F , ad H,connnuecur ad tcrcium cermitiurn O ; 0,fic 
minor diametro fphaerac, vc paubuinfecius . 

LincacrgoDBjdi- 
ui(a in F ,.rursii(n dt- 
uidaturmKjiruerF, 

B, vt.rlecrangnluni_i> 

D IC B;, cum quadra-* 
toK F, fit ad fciflan- 
guluinD BKjVcDF, 
ad O, per . mcecc dens 
Lemma ,, 6c per pun- 
^lum K., acto piano 
G K. L piano A F C, 
parallelo , inxtlliga- , ^ 
tur rhoinbus. BGFt,. 
inferiptus in portionc-Dicohunccflcquacfitum. Qtio-' 
nianocnimiactuni eft, vt DF ,adO, uempe vc quadra- 
turn D F,ad quadratum H, fic red^angulumD K B> cum 
quadrato K F, ad rcd^anguluni DB k, S c rcctangulo 
DkB , eft aeqiialcquadcacum G k, 6c paricec cciiJan- 
gulo D RKjcft .'cquaiequadratunvG B .Ergo 6c vc qua- 
dratum DF.ad quadratumH, ficquadratumiG K,cum 
quadrato k F, nempcquadiacum G F,acqualciftis duo- 
bus quadratis ,ad quadracum G B.. C^are , 6: yt linea 
D F , ad lineam H, latus F G , ad latus ,GR.. Sifd Vt ‘ 
FG, ad GB, Hcdi)jppca communi alcicudine G iC,) 

' ' ccctan- ' ' 
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reilanguluni FGKj ad redtangulum BG k,* & vc rec- 
tangulutn F G k ,ad I'cdiangiilucnB G 1C , fic Tupcrficics 
com G F L,ad fupcrficic coni G B L, ex Architncde fcpc 
citato. Ergo,& vt DF ,ad H, fic fupcrficicsconi GFL, 
ad fupcrfKictnconi G JL. Qimd crat faciendum. 

Dccerminacio paiec>quia cum hoc'problema omni- 
modc dependeat a Lemmate anceccdeaci , 'debec forctri 
cum ipfo eandem decerminationetn . Quare paccc pro* 
poficufTi^. 


LEMMA LX VI PROP- CXIV- 

/ 

Si fph.xra , cuius diameter B A , fe- 
cetur tribus planisGHL, MON, 
& 0‘E,F , parallelism quibus dia-' 
meter A B, fit normal is^ & infe- 
gmento intermedio GDFL, in- 
Icribatur rhombus H M E N 
Dico , quod fe6ta H E, bifariam 
in C , fegmentum G D F L, erit 
ad rhombum H M EN, vt tria 
re£tangula fub AE, in CB,cum 
tribus rectangulis CHB^ & cum 
dik)l>us^ CE,.adrectan- 

gulum A O B. Nam 
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N n *vi luper Damn ut.t,oc circa axim i 
; inccrmcdij H E, facto cono DH F , fog 
ad rhombain.dcforisfumpcocoDo, habet rati 
compoficam cx ration e fc- 
gmcntiCDFI^adconum 
’DHF,’& ex ratio nc coni • . . . 

I>HF,adrhDmbuHMEN. ( . ! i > 

Sed fcgmcntutn GDFL, eft i- 

adconum D H cx Caua- 

lerio fupra citato % vt tria ^ ^ rV 

r.ectanguk E, in CB, ( 

cutriijns rcccanguIitCHB.js \x X ’ 
& cuip‘ dupbus quadratis ' , . E 

C £,adrcctangulum AEBj ^ 

conus verb DHF,ad j horn 
buoiHM EN', quia funt > , k , 

circ^ cundemaxim H E , eft, yt fciafis ad bafim, 
vt quadracuinD E,adquadratuin MO.fou vt 


N .diuerfp'njodo probatemus, fegmi?ntiinL-.». 
5 D F L, eftc ad rhombimn ^ M E N , v.t tria tec- 
3 H, C A * cum trib^ rectaogulis C E A', 5^* 

f ^ ^ r ♦ * • ' • - 

« ' > ' ‘ »ciim 
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cumJuobus quadratisCH, TeuC E, ad rcctangulutn 
BOA. Quare, cumrcdangulum A OB , ficidcm, ad 
quqd ifla plana habcnc candcm deccrminationcm ,pa- 
,tcc«flc acqualia » pempe tria rcdlangula A E, C B ', cu'm 
tribus redangulis C H B, & cum duobus quadratis C E 
cflc jcqualia tribus rcdangulis BH, C A, tribus rec- 
tangulis CE A,.& duobus quadratis CE, vcl CH. 
Quibus hinc indc ablatis , & fubtriplatis omnibus,- vnu 
rcdangulum fub AE, in C B, cum vno rcctangulo 
CHB, crit jcquale vno rcctangulo ‘S’H, C A , 8 ^^, 
vno rcctangulo C E A . Vnde cx didis habcm us , quod 
fi quacdam reda linea B A , fccetur in duobus puncris 
E, El, &rursum’ fcgmentum intermedium H £, fece- 
tur bi^riam in p ; redangulam A E, C B,cum*rcd%u- ' 
lo“C H B,eritacq‘uaIe rcdangulo SH,C A, cum redan- 
guIoCEA. Quod ctiara patet facilius, quia bxc rec- 
tangula (uneeadem plana, Mdiucrfimodcdeoamina- 
ta . Nani redangulum fub A £ , & 3 EE , eft idem cum 
pectaiigulofub BH*; E A'i redirtgulum' v^i^qfub A E, 

C H(, fcftacquaJc;necrai|guI<sCE Ai«^idluoifccifangu- 
la Tub A* E ^ B H, & fub A E, C H, nempe rcctangulum 
fub A;E,CB,eufaEquaIc rcctangulo fub BH, E A, & 
rjEctabgulo tC jEA. Ee'eommuni addito rcctangulo 
C H B , cui eft acqualc rcctangulutn /fub H C E. 
Ergo rcctangulum fub A E,C B, cum rcctangulo CHB, 
eiit acquale rcctangulo BH, E A i rcdangulo C E A; 

& rcdangulo B H , C E . Sed redangulum BH, E A , 
cum rcdangulo BH, C E,facit redangulum B H, C A. 
C^arc paictpropofitum. , ' 

■ " - Vnde " 
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Vnde habcmus cx di<^is, quod (i propooatur,vc pro- 
ponccur in Lcmtnatc Tequcnri • Dacam rediani A B • 
dam in diiobus punctis E, Hfrursumfccare in O* inter 
r,H, vt diuifa H E , bifariam in C ^ rtfdangulum (ub 
A E, C B, cum rccianguloCH B, & cumlcxta pane 
quadtau E H , (it ad rectangulum A O B , in data pro- 
portione 5 eciam (i fiat in data proportion e ex alia parte 
rectangulum fub B H, in C A , cum rectanguloC E A, 
6c cumfexta parte quadrati H E , ad idemrectangulum 
B O A ^tainen habebirous intencum . 

LEM LVII- PROP Cy- 

Datam reilam AB>fe<5taminpunC- 
tisC) 6c D> rursum diuidere in E, 
inter C, D, vt diuifa CD, bifa- 
' . riam in F, re6bngulnm fub' A C, 
; ! in FB, vna cum rcctagulo FDB, 

' & cum fexta parte quadrati CD, 
fit ad rectangulum A EB> in data 
prc^6rtione . , 

H OC Lemma poteft habere duplicem cafumi nam 
vel AC, DB, funtarqualcsjvel inatqualcs. 

Si finta:qualcs , parct, quod proportio data debet e(Te 
tails condicionis , vt Temper fit minor ea , quam habet 

rectao* 
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»reiSUngaium(tib ACj in^B , cum rectangulo F DB, 
, &'tiRn fcxu parte quadraci C D , ad alcerum rcctangu- 
iiorum ACB, A D B. Quod patcc, quia in quocumque 
.pun(^ E , Tccetur C D, fcraper re<Slangulum A E B.crit 
.tiiaiusre<^anguIo ACB, vel A D B . Debcc tamcn_-» 
:prop0Tcio data adeo e(Te minpr , vc fupra expodcum ed, 
vtcamen.non.nc minor ea,jquam haoenc pra:di(Sta ilia 
• pUna ? ad quartam partem quadraci A B; quia reccan* 
gulum a:quaie quarcx parti quadrad A B , ell maxima 



omnium , vc confidcrancipatet'^ -Si veto A C, D B, fine 
1 nxquales , oportec , quod proporrio data fit minor ea, 
quamhabenc przdic^a plana ad rectangulum fubmi' 
nori illatumA C , I>B, in rcliquamtocius A B . Debet 
tamen taliccrefle.minor, venon fit minor eay quam__.> 
habent praedi^a? plana , ad quarcam' partem quadraci 
A B. 

Data ergo ratio fit , quamhabcc A B, ad H, & fuper 
AB, fiat fcmicircuius ,'& exponarur linca K’, potensfi- 
mul rectangulum fub A C, in F B, cUm rectangulo 
F D B . & cum fexta parte quadraci C D, & fiat vt A B, 
ad H, fic quadratum K , ad quadratum alterius linese, 
■ Gg qua: 
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quae ex decerminationibas rupra.cxponcts , tnt aotiaj 
maior tncdietace A B , fed (einpet maior , lineis C L, 
DO, ere<5tis normal jeer fuper AB, a pmicds C,D,ki 
primaBgura; Sc in fequnJa figura, femper eric maior 
.ODjfupponcndoDB, elTcminorera AC, fed poted 
.edealiquando maior ,abquandoxqualis , Scaliquaodo 
minor ipfa CL , isc hoc (ecundum diuedasdetermint- 
ciones, & habitudines lineac A C , adcotam A B, vt coo- 
Bderanci pacec j Temper camen eric non maior mediecate 



Sit ergo hare alia C G , & per puntdum G, ducatur G P , 
parallcia A B, qux Temper occurrec, ex dererminacio- 
nibusfupra poTiciSjcircumferentiae inter puncta L,0. 
Occurratergo ve in P, & a P, dimilTa perpendiculari 
P£. Dico pundkam £, cTsc quarficum. 

Cum enim fit , vc A B, ad H , Cic quadratum 
K, ad quadratum C G , nempc ad quadratum P £ ; 8^ , 
cum quadrate k , line xqualia redtanguluin A C > F B, 
rectangulura F DBjCura fexta parte quadrati CDi Sc 
paritercum quadrate P£, fit xquale rcd^angulunL-i* 
A£ B. Ergo» i5c vt AB, ad H jfic ilia plana ad rcdlan- 
guIumA£B> Quod crac faciendum* 

PRO- 
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PROBL I L PROP' CX vr 

In date fegmento intermedio inferi- 
here rhombum.vt fegmentum 
fie ad rhombum , in data 
proportione . 

■ » 

D ^tum Cegmeficumintermediara fit G D F L, ki-<» 
^tio iolcribenclus fit rbombut&c. Data ntio 
(k , quam habcc A B) ad k . £c fed^a £ H| axis (egmcnci 
bifariam in C , diameter 
A B jfphasrx talker diui- 
datur in O , vt reftangu- 
lum fub AE, CBjCum-j* 
jc^ angulo C H cu m 

fex ta panc'quadraii E H 
fit ad rc^anguluttt AO£,> 
vt teitia pariAB,ad fc,per 
antecedens Lemma. JEt, 
per pundlum O, agatut' 
planum^M Q N, priori- 
bus parallelum , & fupet 
ipsu fiat rhobus HNi £N. 

OjKm dico efie quxfitum . 

, Sed anecquam procedamus ad’ demoaftrationeiiiL.jd% 
(ciendum e(t i quod cum prx&ns.^iobIema dependeat 
ab aDtecfd^nti Lfwmate» vtpawt, Ct ytmagjis patebit, 

Gg X debet 
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debec cum ip(b (brciri ei^em 4etermi^ioti«s , quas 
rcpctere eft ruperuacaheum'. 

Qtjoniamcnim, VC ccrtja pars A ad tC> fic reftarif 
^lam A E , C B, cum re< 9 langulo C H B',' & cum lexta 
parte quadrat! EH, ad rciftangulum A OB. £rgo,&: 
vt antcccdcntiuratripla j ncmpc vt A B, ad K,Gc tm_j 
rcdlangiila A E , C B , cum cribus rc<fiangulis C H B, & 
cum tribus fexris partibus quadraci’$ H, nempe cum 
dimidio quadrat! E H , feu cum duobus quadratis C E> 
ad re^tigulum A OB. Sed 6c vt ilia plana, ad r^iAai^ 
guium A O B, fic fegmencum G D F L > ad rhomb&tp^ 
H M E N , ex Pro|^tio. 1 1 4. « Qtuire pacet propoft- 
tum . 

LEM LXVIll- PROP ex VII- 

Datam rc(5tam lineara F G. fedtam 

' in jpub^is . K> B/ rursurn. feca:- 
reonC^ inter AV.B, vt re6tan^u^ 
lum F .K G / ftt ad recStangulum 
F C Q, in data prpportione ! ' ; 

A * ' ■ ' * -J. 

I ^— 1 1-: — I r- 1- • 

F A K C B G ; . 


H Oc Lcmitwirn ditcr nondiferta Propof.i'i 5> niG 
in hoc, quod terilninus anteccdens proportionia 
eft dii^eiiruai , {caconfequens eft idem , nempe re<f^an- 
■ ' - ■ ■* guium. 
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gulum ortum ex fcdionc linex F G , inter A, B . . Qua- 
rcrecipitetiamcamipro eandem decerniinatioaecn 
eandem explicacioaem , vc condderanti patet. Quare 
non efl amplnis immorandum • Solum merainendum 
c(l, pro huius folutione ^ pofTe adhibeci, circulum 
Paraoolam, & Eiiiplim , vt di^um eft Aipra in Scho<‘ 
liopropofit. f 7. 

' J ’ 1 .1 ; ■ . I ; ; 

PROBL L PROP CXVIIL 

4 > 

I / * . • ' 

In dato fegmento intermedio fphasr^ 
infcripco rhombo, inferibere alium 
rhombum, vc rhombus infcriptus, 

' Tk ad .rhombum„qui inferibetur^ 

, 'ifi data proportione. 

H Oc Problema dependec ab antccedenti Lemma- 
ce,t& omnia ab explicacis in (imili propoftto; 
c^aie ex fuperioiibus, facile patet eius conftru<ftio, Sc 
demonftratio. . 

SCHOLI VM. 

I ' 4 

H Ic e(Tec foluendum Problema . In dato fegmento 
inteimcdio, inferibere rbombum , vt fuperflcies 
conomm ihpmbi ftot in data proportione, iteaquia^ ' 

hoc 
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hoc Pcobrcms e(fi qaoditm pitocuktc comcmitm ihk 
vniuer^ali , quod ftatim propoi>ecur , omiccioK. 

t 

LEM LX IX- PROP CXIX- 

Inuenire circulum (ecantem datam 
reftam lineam magnitudine ^ 6c 
pofitione ^ talka:; vt ab extremi- 
taribus datac lineae inflexis lineis > 
quie vniantur in quolibec puncto. 
circumferetix inuenti circuli^ fern: 
per retineant imperatam rarione.. 
Inflexis aurem'talibus^ Hnds , & v-^ 
nitis extra periphxriam^ iitipoffibi- 
k fit retinere eandem rationem . 

1* i. 

H O C I.cmraa, vel pet mpdura ProBIcmati^ vet- 
per niodum Theorematis’ (blutum fuit a diuer- 
fis . Nempe , ab" Eutocio initi»ComencaHorum fupec 
ApolloniumPcrg^um . Poftca aliqualirer a Barcholo^ 
m.ToSoucFoJib. 3 dere(Sti>acc(iruipropordone,ni'faU 
Iqr. Deinde a Galileo in poftremis Dialogis pagina, 
apud nos 45. T^nd&a P^Bonauenmra Gauaferic^xcih 
ciratione PropoT jj. Et.^ditan ab^ah/a-, quoljictt^ 
vidimus . Solucmusi^m^i&oosyquamiiis'Conftt’oc-' 

tionc. 
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done, 8c deniondradoiiepaniin diucr& atradica ab £u< 
.'coiioypntdpu^cam ipdb vcamur in icdudonaPf oyexna- 
• cutnalicuiusconiideudonis. < , . . , 



Data ergo rc(^ Itnea lit A 6 , & data proportio (it« 
quam hab^ C, ad Oporcecinucnirecircohim ieca- 
cem'A B, inpUfi(3:o G, vt abesttemicaxibus A , 5, 
iaflexis iineis A H, H'B , ad qnoeUibec punccuttieiicum- 
fcrcniix , fempcr A H, ad H B > fit vt C, ad D. 

Si dau proportio fit xqualttatis , Ldnma, vtpropo- 
nttuT. nequit folui ; quia, vc ibidem ait Galileos, nocad* 
mirabile tunc accidic , quodcircalusdegeneret in recta 
lineam indefinitam,pnpendiculaficerei-edtam fuperda* 
cam redam lineam A B , a puncto eius iraedio . Nam ab 
extremicatibus A, B, inflexislincisad quodlibec punctd 
iliius perpendicularisifemperhxretincbuncproportio- 
nem xqualicatis , quia femperconfiituenc criangulum 
xquicture. Si verb proportio data fit inxqualitacis, 
temper Lemma potcficonfiruii Sc eiusconfirudio calls 

eiic. 
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crit . Data ratio C . ad D, continuctu r ad certium termi • 
num minorem > hoc eft ft C, fit maior D» fiat vtC| adD, 
fic D> ad £ i & fiat vt exoeflus C, fuper E, ad E, ficAB> 



ad BF, ipfiproduiftamin dire(ftum j & inter A F, F B, 
inueniatur media proportionalis, quxfit FG. Tone, 
, Centro F, intemaUo FG , dcGrrihatur.circulus. Dico 
hunc efte quxfituni', himirihn, quod ft in periphxria_^ 
ipfius fumatur quodlibet pun^dih vniamur in 
ipfo A H, B H , quod Temper A H, ad H B. erit vt C, ad 
D. Ducaturper pundium B, lineaBK, paiallelaH A , 
Quoniam cnim FG , eft media proportionalis , pcr con- 
ftrudlionem,inter A F,FB. Ergo vt AF,adFG,fed 
ad FH , ficFG, feu FH, ad FB. Quare habemus duo 
triangula , nempc A F H, H F B qux circa communem 
angulum F, habent latcra proporcionalia , Ergo funt fi- 
iniiia^, Ergoangulus F H B) ei’itxqualisangulo H A F. 
Sed propter parallclas AH, BK, etiamangulus AHB, 
eft xqualis aiternO'HBK. Eigoctiam duo triangula 

AHB, 
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A'M 3-, H B'K , CTunt fii'oilia .• Frgo yt A H,ad 

Ftyj.quadracu»i A HjadquadraivH B, 
(4lK'A Hya4 Scd VC A.H, adB K, fic ( olyparatlelas 
A H, £ K , ) AF, ad F B, vc auceiij A F, ad FB, fic C, ad 
F, ( quia cum fupra fadtum fit, vt cxcefi'us C, fuper E, 
ad E, fic A B',ad B Fr^ Frgo, & vt C » ad E, fcii , vt 
quadracuiti C ad quadratiiml>,ficcfit quadratum A H» 
ad quadratum H B . Erga, ^ vt C, ad O , fic A H , ad 
H B Q[uod crat oftendendiim . ' ' ' - ^ * 

• Quod vcro extra circunaferciitiam circuli inuenti no 
fitrcperibtiealiud puncciim, vt ad iiludinBexis lineis a 
punctia A^ B, infi^aE babeant piopdrribriem C,ad D, 
pacec., Nam tale pubctuui , di dat'ur,L, vcl'intra,vel 
ex^a cirpuiumf & fint dudbe L A, L B, L F per pun- 
dtum B, fit dufta B O , parallcla A L . Quoniam , per 
hypothcfim,vt C, ad D.'bc A L, ad LB. Ergo&vt (^ua- 
di atuin L A, ad quadraftmiL B, fic quadratum C^ad D, 
quadratum,nempe ficC ad E. Sed vtC, ad E , fic , ex 
p xo rtep fis A ! F, ad P B , . & ob, p^ralleks B Q , d A,.vt, 
A F, ad F B , fic A L , ad B O » E^o , & vt quadratami^ 
L.A ^ad quadiaturaL B,fic AL, adB O. • Ergotres AL^ 
LjjB, BO^ funt continue proportionales. Cumveioan- 
gplus A L.B, fitxqualisalternoLBO. Ergo triangula , 
A L-6.L BO,crunt fimilia. Vnde angulusL A B, crit 
xqualis angulo'BLO. Cum verb angolus ad F, fic co- 
munis duobus triangulis A F L , L F *3 . firgo hxc duo 
triangula cum fint xquianguia; erunt fimilia . Vnde 
ecrt vt A F, ad F L, fic F L, ad F B . Quate F L , erit rae- 
d^apropoitionalisinter A FjFB. SedetiamF H, eftme- 

’ H h dia 
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diaproftortionalisinrereaCJc^aasA F, F^. Ergb^tuc 
FL, &FH,«ninta?qualcs. Quodimplicac,ifil^>pune' 
wim Ljfomatur extra, vc in’ fchemacc^ flucimrack^ls;' 
Quarcparec prop6(itiitii*-;- ^ ' i * . - H 


• )» r 


} ■ <1 


ROBILIPROPCXX- 

■ I-.. 1 • . ■ • 

in ' clat6 quolibec folido rotundo bitdi 
' cx reudutionc circa axin>,- Hue in 
dato quolibet'eius fegtnentp » feu 
' ad.vercicem , feu intermedia , in- 
fcribere rhombum , vt fuperfi-' 
cies co'nica conomm rhombi,ifinc 
in data proportione . : - 

' ' i . - 1/- • ; 


S IT fo lid amqttbdh&et rotund urn, vel fphaera , vcl 
fphacloidcy, vcl-ftdidumcycloidalc, vci quodlibec 
aiiudbttiifuex rcuokitione circa ax im, inclufum 

a curua tanium raperficie , quod nobis rcpiacfencacur in 
priroafigura t Vel quaelibec portiorpharra:, fphxroi* 
dis, vel quodlibci conoides , vel conus, vt in fecunda ; 
vel quodlibet (egmentum intermedium pracdictorum 
f<yMdoru’m,vcin tertia,&omnium fobdoiufit axis AB, 
oportet facere, quod imperatumcll&c- 

Dataproportiofit quamhabetC, ad D; qua: G fit ‘ 
arqualicatis^erubefcimus verba piofundere > ciim lesetia 

carcu* 
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ttDcutiendbus fit fplcndidiflima . Si'vcro proporcio da- 
cafic inacqualicacis , vcl eft cxceflTus , vcldefc<ftuSi fi eft 
cxceftus, 5c data ratio « 

C, ad D, concinuetur 
ad tercium teriTtinutn .,£ 

£,& fiat vt exceftus C, ?. 
fuper E, ad E, fic A B, . 
ad BF^ poHcam fibi 
in dire^um. Sc inter t 
A F, FB, inuenta me- 
dia F G, pct)tio F,in-. . 
tcruallo F G, deferiba- 
car pordo circuli fe- 
cans fuperflcieni dad 
folidi in H ^ ( in pit- 
ma enim > & fccunda 
Egura Temper fecabic } 
in ceidaverb.no 
per , fed quando 
fccac, Problema eft in- 
Tolubile, VC patebicin- 
Terius,) &perpunc*. 
turn H, ducacur planu 
H L IC ,perpendicula- 
re axi A B } & Tupra.^ 

HLK, inferibacur rho* 
bus A H B K. Dico 
bunc efl*e quaefitum. 

Nam, per ancecedc- 


tem 


Ditji. ' 


Gi jglf 


' tiiw ad 5 D,'(i'i$-A Hi^'lcf MB V SeB 

:vt A H, aci W 6 , ric^i(tifia^eacoilnyi:>anvalfk«^4f^^^ HLJ 
rcccaaguluiii A H L , ad recta ngirium B MLj autcm 
itfctangulu A H L,ad rectanguluiti'B M Lv^ic e!x Archi- 
racdcjUipcrficicsconi M A K , ad4bperA<Ji^c6«^i BH*K. 
£rgoV& vt C,adD , fic Tuperficirt eoni A H K,'a«tf^ 
pxrrficiciti coni H B K. . Quod erati Facte tvdum ~ - * ' - • ^ 
vcro, qoandoin tcrtia figura i circulas n6)i-<» 
feat fuperficiern, Problcma fit inlFblubii^,* pac^f,'quia, 
ex fecunda parre Propof. antec. extra periphxriam ch> 
cull, non daturpunctuin, adquodducrac A H,hl 
in proportioneC, adD. -ir .- , I o!l£CJ7-it 

Si verb proportid data fitdefe<3rds ,'tutic fieret'^^tlH 
niaiotad C, minorem, fic C, ad & producta BA, ad 
jiartes A, ficrcnt relrqua, vcfljipraJ Sed carte 
circulus ductus non Fcrapef fearet fu pei> ' 
bciem feundat figurx.; Anquandd^ 


' 1 




inconilruibilf y-' ? 

' i * 

J 

Res eft 

• r. . • / 

4 ' >1 1 .. . ■ 1 1 
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:ftII"PRGPGXXI- 


Data rel3i:a hnea’^A B/a cuiiis extre- 
mitatibus A., B, fint ereitae per- 
' pfendiCulateS' A 'Dy .^,Cj quae pa- 

rjter fmt dat» rKepcrirasini AiB', 
pundlum E,vt iun<Stis ED, EC, 


J5c-^wan 



D E ^A 4 G E-B, re- 

uolutis^ circa A Bs ^:oni.C E F, 
D EG!, brti ex tali reuolutibhe, 
' fint in data propprcione . ^ 


, A ta ,propomo’ fir , H 
_r qu«Q^ habet ^ 
iJn , & fit r vt quadratu 


' f 

A. « 


I< 


.4 . A c l.\ 

a 

^ j 1 -i* 


-I_A • 

~T 

<> ^ 


fic B A, ad K,& B A, diui- 
dacar,ia 

m£i;pt 

ad fic lov ?A^h^. 

ductis E p, £C 3 rj 

gancuccqniEC F>DE ^ ) rf j/;q 

fim v,\ii r ^ 

5*'lWB?5?r hP^9r a /v ; j Uv V: 

T (fruaf' T.up - . < 


:|r\ . gl.’fi-.xb i. 1, 
!i\4o;r)tuJq : 
; / ,V f rjllLO 


i.-; ‘t 
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« prp|sj^qDnc j , & 

cx proprfrtiOne'B fe, ad A. Sed vt'quadirac'um B Qacl 
q^’^dratumD A, ficBA,*aci K,^ 8^:; vc BH, ad E A,fic 
‘ ad H / Ergopt^dportiqCon’iC EF ad cohniuDEG^ 
^^jppoDSW qooque txpcoporiione^ B A , ad iC> & K, 
irtard^ puropoitior^cs coirtponuD^qiioque 
faiwn^iitB A , aa rf. Ergo vt B;A,'ad fic conus 
tC £F/ addinuiliDEGv Q^dciat facwtidu^ivv 

r J i t A .w-in / ;J ,ri • 

-:ri liEMCltXXrPRQP^^XX^ 

' ' tafifeu^‘*ere6t:Ls nornialibus B C ^ 
A D, c]u<x- parker fiat dat.Tj'repe- 
nrc inter A, B..pan^tuii!i 
ductis re6tis lineis C E> 
in daca rationepoflibili. 

' Jj. :’y, •'. t.. i :-.ii 

D -Ataiatio fit, quam habetCR'ad W ; Vbl ‘dt 

I zqualicacis, vel cxccffaf^'vcrdfefcCkui*. - Siill ai 
qualiiacis . OucacurDC, &diili4'acur^farhWin F. it' 
a puncco F , filpcv D C , crigatdr nonmlis F‘ E,quxoci 
cuirec AB» vc^ inter A ,B ,. vt in E', 
lorum vcl A v<il extra B AP,*Vel ad ^afteiA,/ 
parc^ B . Viiicumq^ic occurlSftj^l^^icri^ 
erit quxfituro , nempe fiducilfiBtt^Hfddp^cAiffFI^^ 


nsx 
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^punctis.DrC’ iftir femp^* ci^unt aeqtfales . Scd 
quando Vtt in puhtdls A ' Vet dciiz ' y 

L«mnm nrir>^(l 4 otu!yiles vt pVoponitur^'Qt/lkhdTo 
oceoti'ftiBiRr;teHi E,‘ dutftisD 
«quajcs. Naii^ 'eum- dU*D^", ’,'ffnt'ac'qUaKi'd|ia'' 
b«s B F,’ F C, & angali D F E,- C, firtt 

bafis D E, eritx(philis^b»'fi*G E'i* i 'a* I 

Si verb ratio data He ex* 

ceflus , fiatyiTC Bj'ad|H, ^'f ) — [-- I ^ 

ficH,ad Ki^&produca^ur t— 

CDyiaGj vtuc&ctiipGB>*'^'^'“‘'‘ ^jK'i.ir j \ 
ad KvBcCG^aki'GD^: :& ■ 1 >^ 7 tV 7 - A 
inter C G , G i>,'inuedM>' 
tur media G L , &_ccniro_ . 

G, interuailo C defeu- ' j 
batur circulus occurrens 
A;Bi interfA;fi>‘iii punctorMi.^ 

Dicopun^umi^eiTa .J 
q naafituiii . if! . fi T i 
: £>t«oanear CcE \ ,D E jiirvu 
Efgp peter^ quat babita* ' 
funti prop. 1 19. vt G B,ad ; ^ 

K, fell vt quadratURi Cfir ' [ 
ad quadratum H, fed vc quadratum C Gyadquadratiim 
GL, Ocquadraturti C£» ad quadniium £Dj <Quartf» 
&vt.CB.adH, ficCE,adED. 

,Si verb circulus nonoccorrerct B A', inter B* A, Lem* 
ma vtproponituTcdcc iniblnbile ^ vc pater ex i^ndat 
parte eiufdem propof. 1 1 p.- quia extra€jrcumferenriain> 

inuenti 


li fTiftTimr.) 
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ipuenri circuli non eft reperibile puTKCtm^ ad 
ftexap.lineacrecincAnc imperaMii) p^oWD99!i i Mp 
; Si verb proporfiqC B,ad H * fitdcfc^|js,irfi« Pf^ritcfi;/ 
yt,C B , ad C> pcp^u^atur yt 

eft prius , fed ex pirtcO. &,fianc reliquaj ycpr ius .viNau^ 
modern ddcUrfu conclodenras pcHmcrcendopropoftcurn.! 
Fadlum eft ergo, quod ftfiep^um crat . r. )m» , ■ ( f i \: . d 

> j * •: 1 . !> ''n : 

SCHOL I VM.-^ 

’ r » • ^ 

E X hocLemraatehabemus rnodutn , qaofoluamus' 

alias duas propoficiones.rquoiftibluetxlmateconti* 

nencur , camquam particularia ftibgcfterali i > , > > D i i 

1 our ^ -y. t •’! : ibj.n i.jJ 

N ’ i 1 1— I — r--r-» . ; ■> 

A C -B 'D B ' •' 

2 . ' " ‘J.'U i 


Pr imum eft . Datam reAaiir v.g. A Bj Gr<ftani in^pu n * 
^lis C»Df rursumdiuidere C D,io %vc duo;qUadrata* 
AC, C E, fincadduoquadracaBD, DE, in dacaipf-o-] 
portionc. Nam fi intclligamus AG,I^BJ elleoawwjpra 
CD, perpendiculariter‘, & iniieniamus punctum 
ductis A £, B-E^fintin fubduf^axa racionepropurrio* 
nisdatx , puneftum E , erit quacfiftin. . v!; 
*r.Secundji|rti2eft^ Daeamde&tun'/A fi ,llcd;am in dpo* 
bus pun<ftisiQ, D^-nirtunidtujdcre CfDjin E,vc reaan- ' 
CTiiluiu A CB, cum qiiadratoC E,fitad rcctangulutnll.* 
AD B, eum quadraco D E , in data pioporrione . Nam 
itapuDctis C,D> intclligamus creiftas iperpendicolan- ‘ 
tor medias propottionalcsimer A C, C & inter A D, • 

■ DB. 


• i* 


Digitized by Google 



*'5 3 

DB. £cinCD,inucniamusnttncttimE,vc dudiis li- 
ndsab extremicacibus^normalium ad punccutn E , qux 
fintin fubduplicata rationc data, fadumeric,' <|uod 

proponebacur , vc cotiddcranci paccc . 

* « ^ * 

PROBL LUI- PROP- CXXIII- 

Datis ijfdem , <\ux in fuperiori Pro- 
blemate , facere eadem , quae ibi- 
dem, vt {uperficies conicse cono- 
rum, fmt in data proportione . 


D \ia proponio fit , 

• quam nabec B A,^ 
ad^H, & fiat vcCB , ad 
D A, fic B A, ad K, Sc^i 
inter punda B, A|inue- 
niatur pundlum E, vt du- 
als CE, DE.fit vt K,ad 
H,ficCE,adED,pcrpro- 
pofitionera antccedctcm , 

& ex triagulis EBC EAD, 
reuolutis circa AB, fiant 
coni C E F 1 DEG. Dico 
hos quxfitos . Nam 
BA,ad H.habei rationctn ‘ 
compofitain ex ratio nc A B 
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M , VC A B ad K , Sc eft CB>, ad D A , f? 

Kt ad C El ad 6 D . Ergo rax to B A . ad H<> c(Ma<> 
ponecur cz ratiobibu^ C ad O A , & CE » ad £ I >4 
Scd iftacduac radoiies coioponanc quoque. rationentu^ 
rciStanguli EC B, ad reccangulu E D A, & vc rectagulu 
ECB^ad rectangulu E DA,;fic firperficies cxtnka coni 
EC Fj'^ad fup^rticicm conicam coni E D C. Quarc , Sc 
vt B A, ad H, Tic fupetficics conica coni C E F> ad Tuperfi* 
ciem conicam coni E D G . Quod erac faciendum . 

LEM LXXI. PROP CXXIV- 

* 

Datam re6tam lineam A B, feftam 
vtcumque in duobus pundtis C, 
D, rursum diuidere in£, inter C, 
D , VC reftan^uium A E C , fit 
ad rc(ftangulum BE D, in data 
proportione . 

L Emma duplicem habcc cafum , recundiim quod 
proporciodaca eft acqualitacis, veUnx(|ualicacis . 

I 1 1- — I r 

A CEDE 

Si fir xqualitatis . Diuidatur D C,in £, vcfic ficuc AD, 
ad C B , fic D E , ad EC. Dico punifiium £, cfle quaefi- 
ttin . 'Q^nnrfa enim, vccoca A D,adcocainC£, fic 
h ‘ ^ < ablaca 
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•UttaiD ablatam ECi ergo& rdiqoa AH, cot 
ad rcliquam E J, vtcota ad toum i fed vt ablaca D E, 
ad ablacam EC^-Ergacectatiguium a£C, eric xquale 
K^ngulo fi£D« 

S 1 verdpropoftid data fttinazqualitacis, determine<i 
fvx rectanguluiti > quod debec cfTc maior cerminQS dacai 
propoftionis> fi^ncbocreccangaludi AEG. Oatara* 



♦lo fitj quam.habci*'A C, ad Gt*, & fiat, vt AF,ad FC, 
ficCDrad DG, &fiiper A G, fiat fcmicirculus, dci 
pun<^o Dj trigafuriblotcir AG, nctrcftalisD H . Sutwatuc 
aUtetn • iplius D G ^ dBpia DK ^ Ja paritep fiat vt A F , ad 
FCjfic AC ) )ad AC>.p(>fitia«iin dhfedUjm; « 

tandem’fiat vt A F,»d A C,H*c D B! id iuOikidan A 4^ 
pofitam indice^^aiti; & (edavD O , brfariathio M. 
4uo^a M H»centro imcruiiio M H ,'fiat fcil)ieiiwtt4 

iuS) qui vdque icc^c CD, in6eiG> D,vcportcacdl«nt 

dettiti fo0et igitUT caroin pondoBl Dieo punciuni £i 
efie Quoriiaia eftliti pPcLatigolaADG^ 

ftini^qbalia,qiita aurd»oaeq»aliaeideini qaadiatOiDilA 
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tc pariter rectahguIo'N DE, efl zqu'ale re£tangoliHi!«jr 
O E D/quia N O , vt&cile patet , eft xqualis ipfi D E, 
& 0£, eft xqualis ipft N D. Ergo rcctangulum ADG, 
eric xquale re<ftangulo O E D . Ergo vt AD\ ad £ O, 
fic E D, a<J D G. Sed vt A D ^ ad E O , fic f fuH)pt3L-j 
oomrounialtitudiacAF,)re(ftangulumDAF» ad re- 
£iangukim£ub ,0.£« in AF. Ergo &.vt E D,<ad DG, 
fic rcdiangulum D A F,ad rciftaugulum fiib O E, in A F. 
Quoniam verb , fupra fadlura eft , vt A F i ad F C, iic 



i ; 


C O, ad D G . Ergo, & permutandov vt A F , ad .G D 
fic FC , ad‘ DG. Ec conuercendo vt C D , ad A F > ific 
D G , ad' F C . Sect ft G D , ad A F , He ( fumpra’ coni^ 
muni alcirudihic A D .drcttaogulum A /-) G ad rectan* 
gulum D A F . Ergo,' & vt D G , ad F G , fic reetangu^ 
Ju in A D C, ad rciftangalum D A F. Sed quoque fupra 
probacum eft", vt ED , adiZ) G , fic rcctangulum DA F,. 
ad rectanguiuin fubO E, in A F. Ergo exxquali ,*& in 
pcrturbaca anaiogia , vtED»ad,FC) fic rc^angulum' 
A D C,acLredangulumrub O E., in A F. Sedjre^an- 

gulum 
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gulum Tub O E , in A f , cliuicfitui:' in ri(lJangulum-i» 
fubD E, in AF , in rc(flangulum TubD K , m A F, inJj 
rcAangnlum fub K. L > in A'F , &c in rc<tianglilura fiib 
LO, in'AP. Ergo & vtED, adFC, Fc rcdtangulufti 
A D C, ad rc^langultrm Tub D E , in A F , cum rcdan- 
gulis fub D K , in A F , fub K L , in A F, &: fub 1. 0> nu^ 
A F . Sed re£%angtiluni fub D K >in A F, cfticqualedu- 
plo redangulo F C D, quia fupra faiSlum eft , vt A F, ad 
F C> fic C t) > ad D G vel dupla C D , ad duplam D G , 
quae eft ipfaDK. Ec pariicr rc^angulum fub A F iO— * 
K L , eft xquafe rtcftangulo A C F , quia fupra faeftum 
eft, VC A F> ad F C , Fc A C, ad K L. Ft tandem rcc- 
tangulum fub L O , in A F , eft quale redangulo fub 
A,C,inDB quia pariter fupra fadu eft, vtAF, adAC, 
ficDB adLO. Frgo&vcDE,adFC^fiere^^angu- 
ium A DCx^dquinque rcjftangula , nempc ad rc6lan- 
gulum fub D F, in A F, cum duobusrcCFangulis F C D» 
cilm reCtartguio'A'G Sccura rcftangulo lub A C, in 
DB. Quod ferueiur. ■ • ' ' ■ >. 

■- Rursum , quoniatn vc D E, ad' F C , Fc ( fumpta_^ 
communi akirodine O £0 quadratum ED, ad rectan- 
gulum fub EDj inF C • Ergo,& vt D E'ad F C,iam eft 
lectangulum A DC, ad rlla quinqueiectanguia, quam 
quadtatom DF, adipcctangtflum fubD E,in FC . Ergo 
& vt D£ ,'ad FC, Tk ambo amecedemia ad ambo con. 
Tcqiientia, nempc rectangulum A DC, cum qiiadrato 
D£, ad fex rectangula,nempe ad Tccrangulum fub E D, 
r inPC, cam rectangulofub ED, in A F, cXirtl ddobu« 
lectangulisFC D , cum rcctaiigula A GF j & com ^eiJ- 

langn- 
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tangulpfub AC'in DB. Sed rectangaIarubDE,iiL^ 
•F C» & fub D E, in A F, facium rcctangnlutn fub D E,in 
C A . Ft pati (er re<Stangulum Tub A C , in D ciim re 
4Eingu!o Tnb A C , in £ D. facit rciSbngoIucn Aib A CJn 
E B ► Ergo* 5c vt D F, ad F C, fic re^fianguluna ADC, 
ciAin Quadtaco p.£, ad recrangulum fub AC» in £B^ 
cum Quobua te^angulis F C D , 5c cum rcaangolo 
A,CF. : 



I . Tandem' vr D E , ad F C» Ctc ( fumptacommuni a!tis 
rudine corapofita cx A C , 5c ex duplaC D, ) K^angu- 
^fn Tub E O, in talem compofitara , ncmpe rcdangulir 
ibb A C,in BDvCum duobus rectai^dis CDE.iad 
rectangubim ACF,cuiivduobus'^c<ctangdifiii^ F. j 
Quarc, & vtrcctangulmn A O C , cmu quadraxo' P Br 
«d rcctaijgjjiiunfab A G ip E B j jcoun^duobus 'lecianT 
gulis H C,73<i 5c qum rectangulb A C F,Tc tectanguliuii' 
fub A C > ift Ei^i^cuitr dupin lectaogulo CD E , ad €«cn 
langrtldn A C F^eum d uubus r« ctangulisFC Di-. <Cum 
«f^o fit, Mt rcrumad cofuiti^ liaablacum adabJatuaoLij*; 
£(gQi 5c ieligoauvadrebquiin) ccic vc tacumadcocum^ 
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flue vtD E.adpC. Quate& vtDE,4dF,C, fie ex<^ef- 
fus recVanguli A D C, cum quadrate IM), fijper rcctan - 
gulura AC/ED,&faperduo rcctangulaC D E,adccc* 
tangufum Tub AC, in E B. Sed cxceflus rcctanguli 
ADC, cum quadrate DE, fuper ceccangutum Tub 
AC, in ED, icfiiperduo reccangula C D£, ed rcc< 
tangulum AE C. Quia cectangulutnA D C,diuidicuf 
in rcccangulum A C D , & <n quadracuniC 0 i due au • 
cem quadrata C D, D E,cacedunc duo rcccagula C D E, 
quadrate C E, & rectangulum A C D,excedit rcctangu • 
lum, AC, ED, rcctangdlo ACE, quad cum quadrate 
C E,‘ facie reaangulum A E C . Ergoj & vt D E, ad F C, 
fic rectangulum A E C, ad rcctangulum fub A C, 
inEB. Sed VC AC, ad E D, fic rectangulum fub AC, 
in E B,ad rectangulum B E D. Ergocxarquali in per* 
curbataanalogia,vt AC,adCF, fic rcctangulum A EC» 
ad rectangulum BED. Quod efj 
Quod verb affumptum eft fupra 
caderc inter C> D jpatcc. Nam,fi 
cadet vcl in C, vcl vlcra C . Non in C » quia eodent^j^ 
pro^reflTujdemonftrabiturcflre, vc D £ ,ad FC, fic 
cert'us rectanguli ADC, cum quadrate D E, fisuieje hy-- 
pethefi, cum quadrate D Cy fupcir rectangulum A C 1>, 
& fuper due rectangulaC D E, nempe (aper duo qua^* 
drataCD,qui excefius eiet in tali cafu nihU, ad rectan'* i 
gu)onrfirb A C, in C B ^ nempe ad reetangulum A C B» > 
Qiiipct hnplicac . Et roukum maius abrurdum concilia 
dercour, fi punctum E,caderet vlcra Qquiatuncminiis^ 
nihilb,cn>t ad rectangulum poficiuum, vc £ Dt ad FC^ 

LEM- 


t &C. •! 

r neitipepuiKCilii)! 

noncadit incetCyD, 
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LEM LXXIL PROP GXXV- 

Datis duobus femicirculis extra fe p(> 
fids, nec fe contingentibus , quo- 
rum diametri fine fibi in dire6tum, 
. reperire in linea .intermedia inter 
■ duos femicirculospunctum.aquo 
' ductis tangentibus , 

femicirculos , iftae 
fint ad, inuicem,in 
data proportion e. 

I. . ■ '• . 

D Ati duo fcmicirculi fint, . 

quorum diametri B D, 

C A fi nt vna linea continuaca, 

&DC, fit linea extra femicircu- 
los, & inter ipfosinterceptt_^. j 
OpoKct autem faccte, quod im- 
petatuihfcft . Data proportio 
lit, quaiia babec AC, ad H, & 
fiat vt /4C>adH, (icH,ad Pj 
dein de per Lemma antegedens, 
jnC.Dvinueniatutpunctum E> 

Vcrc cangulum E fitad re- 
u'AnguJufln 13i Dr .vt /i C, ad P, 
tv. i J. ‘ ■ ■& 
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&apuncto Ejducanturtangcntes E F, EG. Quas af 
fero cfTejquxAtas. Nam>quoniam vcAC, adP, tarn 
e(l quadracum AC ,ad quadracucn H,quam rectangu- 
lum A EC, ad reccangalum B E Dj & rcccangulis AEC, 
& B E D } Tunc acqualia quadtaca cangencium E G , £ F , 
alcerura alceri . Ergo, &; vc quadracum AC, ad qua- 
dracum H, Hcquadiatum EG) ad quadracum EF. , 
Quare vc A C , ad H , He £ G , ad £ F . Quod erac 

faciendum. 

PROBL LIV- PROP CXXVI- 

Datis i;fdem , qiijc in fuperiori Lem- 
mate^ inuenire in CD. Punftim 
R > vt du£tis ta.ngenribus E F , 
R G, 6c a centris M,8cN>femi- 
circulorum ductis.MG,' & N F, 

. duo triangula reftangula MGR, 
F(IFR, fine in data proportione. 

Q Vbd criangula M GE, & NF E, fine rcccangula, 
patcc ob cangenccs, & (cmidiamccros. Data er- 
go proporrio fic, quam habcc A M , ad H , 
inC'D, inueniatur punctiimE, inter C,D, vcductis 
^ tangentibus E G , E F , cangens G E, fit ad tangentem— 
FE, Vt N Z>, adH,&iungamurF N, G M. £>icotrian- 

K k gula 
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gula M GE, NpEj eflc qoaefita* Dimittantur apun- 
dis G, Fj'pcrpcndicularcs G K, F L. Tuncarguitiw (ic> 
Pr6porcio A M^^ad H, coponicur cx proportiooe A M, 
adND, fcuMG.adNF, & ^ 

cxproportioneNDjad Hjhoc 
eft, cx fadis , ex proportione ■ ' / 


LEM- 




k 
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LEM- LXXfll- PROP- CXX VII- 

* • * ■ • ■ ' ' f ‘ \ 2 1 k < i ■ 

Datam A B, feibam in C.'mrsiim 
diuidcre in D, inter C, B, -vc rec- 
ungulum A B C D , fit ad rcc- 
tangulum ADj.GB, in data pro- 
! porcione . , ■ ’ ' . 

P Atct proportionem datarai oporcerc eflc derctftus, 
quia rcdlangulum A B> C /> ,' minus eft rectan- 
gulo A C B t VC facile pailebit confideranti . Propor- 
tio ergo data (icea , quam habec A ad £, & Bac vc 
cxceflus £ , fuper C B, ad C B , fic A C,'ad CD. Patet 
puniSfum DjCadere inter Bit'qu^ia^ioAroIum 
maior A Cjfi^erram A B. Dico piinctun) Djcfldiqua^ 

ricutn.’ Quoni^entm factun^eft»vjc.exce(rtts M , fupec 


* t ^ 


C B, ad CB,ric'AC^ad (io Ei^Sc c6pon«ndo,fc coa- 
uercendo , vi C B, ad £ ^' fic OD/ad PA* - Tone, qaa^ 
niam/acioAB) ad E^de'fbris /topta C ^>iCc»lnpo^U 
eftr^ionibus AB,ad C £cC B|adS,|.(Ss vc C B>.ad 
^dcCJD^ad b £rgotitioA.B»a^ £ve<>Qlp^«? 
tareiea€k>hibui AB^.ad CD,.ad 0 Ar. $pd 

~ • : b K. k z cx 
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ex ijfdem rationibiiscc^ponitaFratio'r^cUnguH A B, 
CD, ad rectangulum AD, CB. Quarepatec factum 
cfle, quod proponebatur. 


PROBL‘LV* PROP- CXXVm. 

Dads duabiis Parabolii ABC, DBG, 
in eadem bafi BC^. & circa ean- 
. dem diametrum A E, insequalis 
. ’ taraen alcitudiais. Ducere FHG", 

- ordinatim applicata, vti F G, ad 
G H, fit in data proporcione. 


D Ata proporcio.fif , 
quam babec BC, 
ad K, qurc cominutftur 
ad ccrciuiT) terminutn L, 

& dacam A £,diuirain_.> 

D,ru[sumdiuidaturin G, 
inter D, E fit ficut L, 
ad BC, Be rectangulum 
A £ , G D , ad rcctanguKt 
AG, D E, per prepoBt'. |r 
antecedetem 1 ^ pcrpuii<; 't , 
etum G> cMrdinatifn appli* 
cehir G QoamdicoJB 

quacBtam. Quonlam ebim quadratudi F G^ad qa'a^ 

dratum 



Digilizod by Google 


^ratum G H , de foris fumpco quadrato B E , habec ra- 
ctonemcompolicatn ex racionc quadraci F G , ad qua- 
dracum BE, & ex ratione quadraci B E, ad quadracum 
H G . Ac vt quadratum F G, ad quadratum B E, fic AG, 
ad^Ev & vt quadratum B E, ad quadratum H G, fic 
£ D. adD G» ex primo Conic, piopofic. xo. Ergo ra- 
tio quadraci F G, ad quadratum GH, coroponccurex 
r-ujooibus A G, ad A E, & D E, ad D G. Scd exijldcm 
rationibus coraponitur ratio reclanguli AG, DE, ad 
recrangulum A £,DG ,& vt re(flangulum A G, DE,ad 
rc<5langulum A E, DG,fic fadli efl conucrcendo BC, 
ad L, nempe quadratum B C , ad quadratum K . Ergo, 
& vt quadratum BC , ad quadratum K, fic quidratum 
FG ad quadratum G H . Ergo,& vtBC, adK, ficFG, 
adGH. Qj^d crai faciendum. 

LEM- LXXI V- PROP CXXIX- 

Datam redlam lineam taliter diuide- 
re in pun6to^ vt redtang^ulumfub 
tota^ & Tub alcero, {cgmencorum 
ad quadratum akerius • fegmenci , 
fit in data pfoportone , 

H oc Lemma folutum eft etiam propof xo. ad 
vbcriorem fcienciamjfoluetur cciam nuncalicer, 
quamuis prolixius. Sic ergo data recta lincaCB,qu 2 
faliccr fit fccanda in G>?t xeccangulum BCG, fic ad 

' qua- 
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quadratumGB, indata proponiaiver Data p'rdportio 
fn, quamhabec C B, ad B A , iibi po(kam m diiccciaox, 
& fuper A C, fiat feraicirculus , ac a puncio B , criga- 
lui normalis B D > &fuper diamctrum t> B , fiat femicir- 
culusadpartesC* cuius centrum fit E,&ducaturE C, 
recanackculum in F, &pcrpuncia DP,ducatur DFG, 
occurrcm B C, in G . Dico punccum G , efl'e quacfitunv 



DucaturD C, & per punctum G, agatur GH, p.ifallela 
D ''icicJucantur BF, FH.‘ Qupniam DB, & H G,- 
iii nci factac. Sparallcla: , & D B , fecatur bifariam i n E, a li- 
nieaC E. Ergo &H G,fecabiturabcadem bifariatu-^’ 
in K> & artgulus FKG , critacqtialisangulo D-EF . Sed 
& anguius 0F Ej.cil xqualis^ fibi ad vctticcm KF G. 
Ergotriangolum D F E, eric acquiangulum. Sc fimilc 
triangulo K F G .■ Ergoi vt F Di ad D' E, frc F G, ad G K.. 
£c ad conrcqueociuni dupk . Ergo vc F D , ad j 
FG i ad G H Sed& angu>}us G DB, cfl: aec|uaIlkTibii 
akernoH G Fl fErgaduo iriangula DF.B* HF G,iun^’ 
fiaiiilia. Ergo angulus rectus DF^e fl gc qualis rpc«> H 

' Ergp- 
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Hrgodtifc Iin>ea;BF,FHrruDt (Ibi indir^ctuxo. Cum 
autcmaiangulo DFB, ficnmilecriiagulum DfC; & 
piiirercrunguloH GF,(ic timiietiiangulumHG£>quii 
omnia runireaanguU, 6cbinahabem vnum angulum 
communem . Hrgo. & triangulum DBG, eric 
iriabgulo H G B . Quarc vc D B, ad 5 G, ita B G,ad GH. 
Quarc f cccangulum Tub D B , H G, crft acquale quadra- 
toGB. luogacufAD. Ergo triangulu m DB A > cfHI- 
mile crianguio DBCitriangulo autem DB C,eft fiini- 
Ic trianguiiim H G C . Ergo vc D B , ad B A > Cc H G, 
ad ,GXT;. . Ergo rce^nguium fubZ)B, in HG, critx- 

? iualerccrangulo Tub CG , in B A . Sed rc<^langulum_-rf 
ub D B, inHG, oftcnfum eft acquale quadrate GB. 
EigoquadratuinGB, ciitacquale rcdangulo fubCG, 
in B A . Ergo ti es C G , G B , BA, fiint continue pro- 
poriionalcs. Cum autem fie, vtC G> ad G B > ficqua- 
draium CG» ad recranguJum'CGB. Ergo.Sc cona- 
ponendo.vt C B , ad B G> quadratum C G j cum_-,3 
re(5languloCGB,nempc rcccangulum B CG J^d rec- 
langulumCGB. Sed vcCGi^d G B,feu vcGB,ad 
B A , fic rcctangulum CG B, ad quadratum G B. Ergo 
exxquali vt C adB A, fic rcccangulum BCG)'^^ 
quadrafum GB. Quod erac faciendum. 

SCHOLI VM. - 

C Onftru(fiio piacCentis Lemmatis poteft in£;mire. 

profolutione propoficionis. £>ata Vi3aezcrema> 

nun in otdine trium continue propociionabum, & Aim >. 

tna 
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numcdix, djalcerius cxtremx^ diHiinguere fingulas. 
Nam ciim probatum fit C G, G B, & B A,efle trcs conti- 
nue proportionalcs . Ergo B A, eft vna cxtrcmarum,& 
C B eft compoftca ex altera extrema , 6 c ex media . 

LEM- LXX V PROP- CXXX- 

Dato triangulo ABC, & per punc- 
tum A, a6ta A F, indefinica, 6c 
parallela B C , & dato in B C , 
etiam p:odu6ta ad partes C,pun- 
6tuiTi JL)j & du6la L) E F , tnan- 
gulum externum F E A , fit ad 
triangulum datum A B C > in da- 
ta proport i^ne . 

Q Vatuor diucrfis modis porcft dari punctumD, in 
linea B C . Nam vel poreft caderc in ipfo B, vc 
' in prima figura , vel in ipl'o C, vc in fecun- 
da ; vel inter B, C. vt in tcrtia 5 vel tandem vlcra B G , vt 
in cjuarta . Sicadit in B, vc in prima , nine res eft facjlis 
negotij. Namdataiatio fit, squim lubec BC, ad H Ec 
fiat vcH5adBC,iiaBC, ad F A , Aiducauir F B. Dico 
rriangulum F B A , efle quaefitum . Quod pacer, quia 
cum duo triangula F B A, B A C, fine inter caldcmpa-?' 
rallelas; ergo babebunt eandem altitudinem. Quarei 
i:n. crunc 
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cruoc ad inuicem, vt bafes . Ergo criangulam F B A,etic 
ad criangulum B A C> vc baHs F A, ad ba^m B C, feii vc ' 
BC i ad H; ' . •• r 

In ali js tribus cadbus ferapcr fiat, vcBC, ad B D^ita 
H, ad K , & per propof. ancec. B A , talicer fececur in £> 
vc rcdangulutn A B E^dcadquadracu A E, vc K, ad BC, 


Sc ducacur perpunifU DE, linea DEF,occurrens AFyia 
F . ( Occurcec enini)quia F A>B C,func paraliclac . ) Dico 
triangulumF A E,cflcquaefirura. DucaturjEC. Trian- 
gulum FAE,ad criangulum ABC I habetracionemcor 
poHcam, ex racionibus crianguli FAE, ad criangulum 
BED} crianguli B ED» ad criangulum B £ C j & trian* 
guli B EC) ad criangulum A BC . Sed crianguluF EA, 
ad criangulum B £ ( quiaob paralle)asFA,BCifunc 

•Gmilia, ) eft vc quadraturo A E,ad quadratum E B^ S c 

L 1 trian- 
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triangulum B fe D,; eft ad t riar^ultirtVBEC, tt B O j ad 
B C i triangutofnVero B E C, eft ad i^ianguflatuBCAi^ 
BE,ad BA. Quarc ratio trianguli FAEjadtriaogulw# 
A BCjCOinj^ncrurquoqueex ration* quadrati A E^ad 
quadratum EB,{cuex duplicata ration^ A E,ad£Bjdc 
ex rationibus B D,kdB€ir& “BE, ad B A'P'Sedex vm 



ration* A E, ad E B , & ex ratio he B E, ad BA, coraponi- 
tuf ratio A E > ad B A ,' ^ vc B D, ad B Ci itx eft K, ad H 
'Ergo' ratio* trianguli FA'E>ad'triangulain A’B iC ,'coiw- 
portetur q'uoqde ex ^aratioHc A E, ad^EB, cx raiione 
AE,adAB,&: ex ratiohe K , ad H. Sed ex ration ibui 
A E,ad EB, & A E , ad A B, componitur ratio quadra- 
A E, ad rectarigulum A B Ej& vi quadratum A £,ad rcc- 
tangulum A B E, fio eft BC, ad K , conuertendo percon- 
ftructionem . Ergo & ratio trianguli F A E , ad triangu- 
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kn» BA Cy cXrftffpaibus P Cj ^ K, 

id H; ncmpc ccit adipfum yiVt^jC, «4 (Craj 

Sciendum «. j i,q ; C A nulir , , j .:1 ;v r> };:. . O 

» • i I ^ 


S C HO 1^.1 V mV 


■ • .- ^ .J- ■ - ' ^ , V ,} ^ ( IJ:ij-. 

E x ditSfcij Kabeinus mbdiimf ,' quo' foluaiiius hanc 
prot^bfjtitincni * Daco parallelogramnio F C T vt 
ill tuiusdiaftieter fic B A , & dato in B C, 
efiaiti prddu4il:a ad partes C, piindumG, duceie G M^L, 
VC triangulum L M A, fit ad parallel ogrammutn F C,ini 
data pfoporcionc . Soluta eft cnim propofitio in triati- 
gulo, quod eft ditnidiurh paralielogrammi. 


PROBL- cvr- PROPCXXXr. 

Datis duabus redtis lineis BA, AD, 
continencibus quemlibec angulum, 
6c data AC, fecance angulum 
BAD, vccumque ; datoque in 
altera ipfarum AB, vel A D, pun- 
<Sto D . Ducere D E.B , vt qua- 
*' dratum B ’E,Vit ad re£tangulum 
BDE> in data p'roportipne. - 


E %Ata pfopbttid fit, quam habct.Hy ad IC »& par 
^ datura D , agatur D C„ pwallcla B A> 

L I 2, qu£ 
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ponttur ex iftis rariontbus’. Sed vt criangulunt BAE,ad 
trianguluin A £ D, (ic eft B £ « ad E D 5 & vc tiiangulum 
£ A D, ad crianguium A D'C , fic eft A E , ad A C . Sed 
eb parallelasB A, CD,vt A E,ad AC, ftcfi£,a^D. 
'Ergo ratio quoque H^ad K| componeturfz ratioi^e 
^ • ' ii" 


qux vtiqaeoccurret ACjindeftnkeprodu^ , qutt_J 
cum tpraxoncurriteciam'ii paraUek B A'i occurrac in 
C * adeo vc fiat triangulura A C D i per propoftc. ergo 
anceced. , daCoinCD, pun<ftoD,ducaturDEB,oc- 
currens A B> in B , vc triangulum ABE, ftc ad irian- 
gulum A C D , vt H, ad K. Dico fadum cftc, quod 
proponebacur. Naro crianguium B E A,ad trianguiuqn 
AGO, babec racionemcompoficam ex ratione criangd- 
E B £ A > ad crianguium A £ D , & crianguli, A £ D, ad 
triangulum AGO. Ergo ratio quoque ad 1C , com- 
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iidEDy&ex racioncBE, acl3 D. fed ids dux ratio- 
ties componunc quoque rationem quadrati B £ , ad rc- 
dangulum B D E . Ergo crit vc H, ad K, fic quadratum 
B E,ad reccan'gulum BD E. Quod crat faciendum. 

PROBL- LVII- PROP- CXXXIL 

Daco parallelogrammo quocumcjue 
AG, Sc in eius bafi BC^ etiam 
procra6ta ad partes C > dato vbi- 
libet pun6to O, ducere O G H , 
fecantem latus A in G , & oc- 
currentem M A , protraccae inde- 
finite in H,vt triagulum HAG, 
(it ad parallelogrammum A C, in 
data pioportione . 

D Ata proportio fic,quam habet R , ad S. Pundlura 
autemO, poteft caderc , vcl in B, vel in C, vcl 
inter C, B,’ vel tandem vltra Cv Si cadit in B , vt in pri- 
ma figura • Problcma eft faciits folucionis . Nam fi fiat, 
vt S, ad a , fic dupla D A , ad A H, & iungatur B H, 
triangulum H A B, crit quxfitum . Nam triangulum-a 
H A B, ad triangulum, cuius bafts dupla A D> & eadem 
,aicicudo cuoiaicicudioe trianguli HAB,eftvtHA>ad 

duplam 


Digitized by Google 



174 

duplatn A D» nempe^xconflrndbioae vr R , . Sed 

trianguIociHus1>ans A D». ^aUuudo> aluMido crianguli 
H A B) feu parallelogratnmi A C > e(l xquale paiallela^' 
gramtiJumAC^ Quarc patctptoppdwm. 



S I autem cadit ia C, vcl inter 'B jC , vcl vlcr a C. In? 
omnibusiftis cafibusfictcadcm conftruAio^ad cuitan-' 
<Jam vero confu/jonciiv ponemus tantuinfiguramvi^^' 
qua cadit inter 'B, C . Vnufquifque eteiiim- poterft ap- 
plicate eandem conftru(Hionem ca:ceiis caifibusv Pro-' 
ducaturS A, in K,vtAK, fit a:qualis B O j dcindc^- 
fiat vt S, ad R> fic paralleibgrammuni>A C^adaliui^^ al- 
ius dupIoappJicctttr ad raftam-K. A ^ in ingda iCsA ij,. 
aquale , quod fit KL Mi &.vtMcuraque fecit- A 0 ',‘^ami 
productam , fi opus fit , compleatur parallelogramtnam * 
KN, &ad datam, reflanv lincaAM linanguloBAM,, 
appiicetur paraiielogrammu A P,*quaU parallclogiam:- 
mo A N , cxccd«ns-?fhon>bo)M'P , ^e(aos^A'B^'pUtlcco< 
€, & per puntf^a O G, ducasurO G bcciinrciifiii} A,. 

in 
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in H, & facicns triangulum HAG. Dico triangulu ni 
HAG, cflcquxfitum. 

<■ Quoniamcnini paralHogrammum AN, cftxqoiic 
paraildogrammo A P. Commune ablato parallel ogj a • 
nid AG. J&rgbparaJklogramroura rcliquum GN. eric 
abquaie fhomboMP; & func ineodomangulo', quia^ 
tim angolusS G'Q^quam anguJus Q M T ycxterni, func 
afqualesintcmo, & oppo{itO|G AM. . £rgb vc fi N , fcu 
A M, ci xqualis , ad M Qjfeu ad A G, ci xquakm, itaL-* 
M Q^ad Q^, fcii A G, ad G B . Sed vt A G, ad G B, fic 
( propter fimilitudinem triangulorunyH G,GIK),furtc 
cnim flmilia,quia H A, B O, lunc paraTleIx ) ita H ad 
B O , feu ad -<4 K, ( fupra cnim fa<Sla dl ^ K , xqualis ipfi 
BO.) Quarc, & vc M ad .<4 G fic H /4, ad /4 K . £rgo, 
quod fitfub extremis eftxqualcfa<5lo fub medijs,dum« 
mode omniadinc fa<fla Tub eodem angulo , vc.ab alijs 
oBendttur, fed prxcipuea Caualerio lib t. Geometr.in- 
diuid. propof 7 . Ergo quod fit Tub M A, id .4 IC , nem- 
pe parallelogrammum M’K.ericxqualeei, quod fit Tub 
H .<4 , in A G , nempc parallelogrammo duplo trianguli 
H A Gj quiaduoangiiliK AM,&HAGjad vcrticcra 
func xquaies . £rgo , & illorum dimidia erunc xqualia, 
nctnpc iriaugulumH A G,ericxquale diinidio paralle- 
logrammi K M . Sed dimidium parallelogrammi KM, 
eft ad parallelogrammum A C, vtR»ad [fadum dl 
enimfupra.vc S,ad K.fic parallelogrammu A C,ad aliud, 
cuius duplum fadu e(l parallelogrammu KM . ) Quare, 
& VC R , ad S, fic triangulum H A G , ad parallclograni- 
m um A G Quod erat faciendum . 

SCHO- 
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C H O L I V M. 

Q Va'muis in hoc Problemate (inc dengnaca tantum 
duo fcheroata ad euicandatn confuGonem , atca- 
menpropcerdiueincacem cafusOy& diuerGca- 
tern applicationum parallelogramomixi,con(lituer«mur 
I a. Schemata diuerla , vt experienci patehic . In omni- 
bus tamen caHbus , prxeerquam in primo, Get eadem.^ 
conftrud^o. 

LEM- LXX VI PROP- CXXXIII; 

I ' ^ - 

Daram rectam lineam taliter produ- 
cere, vt quadratum datse, vna cum 
duobus rectangulis fub data , 6c 
fub inuenta, ad quadracum inue- 
tx: fit in dataproportibne. . 



D Ata rc(fta linea fit A B, quam oportet taliter pro ■ 
ducerein vt quadratum A cum duobus re- 

<aan- 


< t 
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6^&r>gulis A B C €cad c^iudratu{H.BO» in data propor- 
tione, qux He ea, cpDain habec A B, ad BD, ei pontam 
in diredum . SupcriA' D , diaraetro Bat femicircuUisA 
BO, fumacur.dijpla HE, a pun<5io.autcm.B^ erigatur 
normalis B F , iun(Sla D F , centro D, intcruallo D F, 
deicribamr Hrmicircalus fecaiis B H, produ(fiani in C, U 
in G, vbilibet . Dico A B > datain, cue produdam in C, 
Cicy vcquadratumAB,6um'duobusted;angulis ABC, . 
fit ad quadratuin B C, vc A B , ad B D . 

Q^niamenim duorc<ilangula ABD,&C BG,func 
aequalia inter Tc, quia ambo xqualiaeidcm quadrato BF, 
&cumrc<flangulumCB G,Ht ^qualcrcctanguloBCE, 
quia G B, & C E, funt asquales , vt facile patcc confidc- 
ranti. Ergorc(5tangulum ABDjeriraequalcrcjiiangu- 
IoBCE. Etcommuirr addito''rc(jfcangulaCBE. Ergo 
duo redangula A B D , & C B E , erunt arqualia redan- 
gulis BCE, & C B E , nempc qiiadrato B C . Verum 
VC A B, ad B D, Gc ( fumpta cominuni altitudine A B , ) 
e(l quidracum A B , ad ro<5lattgulum A B D • Faricer vc 
AB, ad B D,fic f fumpta communi altitudineBC J eft 
re<ftangulum A B.C, ad ic<ftanguluni C BDj vc autem 
vnnm ad vnum , fic duo ad duo . Ergo , & vt A B , ad 
B D. fic duo re<ftangula A B C, ad duo rc(ftangula CBD, 
nempead re<ftangulum C B E. Cum ergo probaiumfic 
cfle. vt A B, ad B D , fic lam quadratum A B, ad re(ftan* 
gulum A BD, quaro duorc<ftangula ABC, adre<ftani 
gulumC B E . Ergo, &vc AB,ad BD, fic ambo ance> 
ccdencia ad amboconfequemra , nempc quadratum.-# 
AB, voacum duobusrciftangulis A BC,ad redtangulu 

Mm ABD, 
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A B D, cum recta'ngulo C B E. Scd idis probatum eft 
fupra acquale e(Te quadratum B C . Ergo, 6c vc A B , ad 
BD. fic quadratum A B,cum duobus re(5l;anguiis ABC, 
ad quadratumBC. Quod erac faciendum. 


PROBLLVIII- PROPCXXXrV- 




Dato quocumque parallelogrammo, 
A B C D j & dato puncco G> in 
B C, produ6taiducere GHFE, 
occurrente D A, produ6tac in E, 
VC trapezium FAI)H, fit ad rria- 
gulum E A F , in data propor- 
tione . 


D Ata proportio fit, quam habet BC,ad K, &DA, 
per propdf. antcced raliterproducatur in E,vc 
quadratum DA, cum diiobus reetangulisD A E, fitad 
quadratum A E,vtBC, ad K.- £t ducatur G E> lecans 
latera DC, AB, in_a 
pundisH,&F. DicOp 
radium efie* quod pro 
pp'ncbatur. 

/Quoniam enim tria* 
gula DEH, A E F, func 
Timilia. Ergotriangu- 
liimbE H, critad tria- 
‘ ‘ gu-' 


A 

K 




D' 


F : : . . 

f « 


Fr 

i 






c 
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gutam A EF,= vt cjuadfatcm D ad quadratum A £. Ec 
diuideiido , trapezium D AFH, eric ad crianguJuai^ 
A EF, vc excciTus quadraci D Ej fuper quadratum A E, 
ad quadratum A E.fed tails lexceffus eft xqualis quadra- 
O A, dc dupbus reccangulis O A £ . £rgo,& vc qua- 
dratum D A, cum duobus reccanguIisD AE>ad quadra- 
turn A E, feu VC BC, ad K } fic trapezium D A F H, ad 
triangulum A £F. Quod crac faciendum. 

PR^BLLix- PROPCXXXV* 

-t 

Datis duobus circulis circa eandem 

diamecrum /quorum ynus fit in- 

: ,tra alium , aptare per cetrum mi- 

noris lineam in maiori^ vt fegme- 

^ o . 

ta incercepta inter circumterentias 
I circulorurri > fmt in data propor- 

, t. . :■ 'i- •* A 

none. : 

t 

D Atorum circulorum diamctri fine AB, CD. 

veto Hr cencrurB.minotis; data vero ratio (it, 
quam habet D E, ad H. Oportet ducerc P O E L M , vi 
ML,ad PO^(irycpE,ad H. Vcleirculi funtconcc- 
tricii vel cxcenctici . Si firnc cocencrici, pacec Problcmt 
non po0e ft)lui niftioproporcione acqualicacis. Sc tunc 
omnis linca apeata in maiori ctrculo cranH^ns per cen- 

'Mm a trum 
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tfum mifloris facie propofitutti . Si veto fun't cxcenfrici, 
y«l fe tangunt incus , veJ non fc rangunt , quimuis no- 
temus tantumfehema, in quo non f<? cangunc; & pro- 
porrio vel cft aequaHcatis/ycl^’inaequalicatis, & Ct eft in- 

arquah'tacis , (i eft maiorisinasqualicacis ni^uic 

• '< . r. ' . it.,'. 


maiorcai quam habecB D> aft C A. Si yerb (ic niinori^ 
inzqualicans, nequiccfte minor ea,quara habec AQ 
ad D B . Ratio eft, quia ex omnibus Tegmencis incerce- 
pcis inter circumferencias linearumapcacarum in circulo 
maiori , 6c cranfeunci um per ponctum £ y ]>B ^ 
ximum omnium, 6c ACy mirrimuniy vs ^rle poteift 
probari. His praimiifis:.: ' ^ ! .; i ,. 

" A pun<5lo E, erigacur ftxper EFV (c(ianscn:cUiit< 

ferennam minoris circuH in N , quarproftucatur aft K;; 
G. £c ob euicanftam conEifionenti in fthcmiaaibus * ex^ 
ponancur R T , seqoalis £ , feu ED » 6c Q^> po 

tens 
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terti EGjfopct qiia^rko £ Kj&fiatvt 

H, ad-RT > feu ad E D, fic i\ T5 ad F $, fib! ipnpo{itanl 
^ndirc£fcum^?^Et•pa^itc^fl^rt VcH,adR T, fic Q^ad Vi 
& intcf ^HticiviaiiU’ ft^tfdia pr6pofcionaIis , oui at- 

quali^Eac R^X', dfcilA ndfindlito^ Ai^cr R T, apurtcto 
R i dddluifa R , bifatiam In & ianda ZX, cen- 
tto Z,inrcruallo Z X , defcribacur renvicirctilus fecani 
R T, produ^am in I , & 3 . Dcindc centre E, intcrual- 
loatquaUipfi Xb dercribatur porciocirojmfercntia: cir- 
culi occurrens cirrumFetentia! maipiis icirculi inpunc* 
to M 4 (Occurretenim Temperj vt infra probabitur , ) &t 

{ >cr pundia M, & E, ducaturlinea M LEO P. Dico ta- 
cracite dudlam, vcfic ficuc ED, ad H»ficM L,ad I'O. 

QUoniarti enitnroca Z I , eft acqualis cotat Z 3 , & ZR, 
eftfadaatqualisZ S j ergo,&reliqua 1 R^ eric arquali^ 
tcliquae S 3 . Qiiate & ie<ltauguluoi SIR, eric acqiiale 
|-c<ftangulo 3 R 1 . Sed rc<iianguluni 3 R I > eftacquale 
quadcatoXR, quadratuiilaucemXR , eftacquale rec> 
tangulo contento fub & V , cx conftru«^iont_^* 
Ergo rctftangulum SIR* eric atqualc re( 3 :angulo come* 
to fubiQ^j 8 c V . Quoniam verb fopra ^a(ftum eft, vt H, 
adR T .ficQifd V, vtautcm‘Q2_ad V, fic ffurapti^ 
comniuni ahicudineQ,) eft qtladracumCXi ad redan- 
gulumQj_V, &t rcdanguloQ^Vroftcnfuro eft fopra 
icqualcrcdanguIuntiSiR. Ergo,& vcH* ad RT, fic 
quadratum Q^vad redangulum SfR. Paticer q^onia 
foprafajftumeft , vtH, adR T,ficRT,ad TSjVtamem 
R T , ad T S ^ fic { fompea com:nuni altitudine I R, } 
ftctangulurnTRl, ^idfectangulunaf^b S T , ini R, 
: Ergo, 
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Ergo, & vt H,ad R. T, fic reccangulifm X , ad pcc- 
tangulum fub T S , in 1 R . Sed & vc a^ R T ,, ,(ic fu *. 
pra probacum eil e(Tc quadracuiiv Q, ad reccangi^lum^ 
SIR. Ergo& vcquadratuniQ,,i(MiccccanguItitivS J R-» 
He reccangulum TRl, ad reccangulum cocentuinrub 
S T, in R I . Cum ergo fic, vc H, ad R T j fic c^totu 
quadracum Q^ad cocum reccangulum S I R<, quain aL>- 


lacmn rectangulum T 22 1 , ad ablacum rectanguIaS T, 
Ergo , & rcliquum ad rcliquum eric vc conumad 
tor u, fell vc H, ad R T . Qyarc, & vt H, ad R T > fic ex- 
ccflusquadratiQ^fiipcr rectangulum T 22 1 > ad leccan- 
gulum T 1 Sed 22T yeftacqualis ED, velBLj'T/, 
cBxqualis ipfi E M }22 i> eRaequalisipIlL M^vnderec- 
tanguluraTR I , eft asquale rectangulo ELM , ieii rec- 
tangulo Tub O £, in L M ^reccangulum veioTl 22, cii 
acquale rectangulo £ ML} quadracum autetn Q^edao 
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quale exccffiii qiiadfati £ G, fupcr qaadracuni E K . Er- 
go, & vcH , aaDE, fic cxccflus quadraci £ G, fuper 
quadraco EIC >minus rectangulouib,OE>in LM,ad 
rectangulum E M L . Sed quonUii} rcccaugulo F E G,feil 
quadrato E G, eft aequalc rectangulum P E M . Ergo,& 
quadracum E G , minus rectangulo O L M,‘&: minus 
quadrato E K , feu EL, cric icquale rectangulo M E P, 
minus quadrato'FLS & minus rectangulo OE,,LM; 
ncmpc rectangulo Tub. EM, in PO. Quia rcctatigulu 
M EP i diuiditur in rectangula M E O ,, &M,EjOP,- 
rectangulum verb M E O , diuiditur in rectanguluai__*» 
LEO, ncrape in quadratum LE, & in rectangulum 
ML, E O • Ergo U vt H, ad D E , fic fcctangulu M E, 
P 0,ad rectangulum E M L . Scd vt rectanguiuin ME, 
P O , ad rectangulum E M L , fic ( propter eatidcm alti- 
tudinemME,) eftPO, adL M. Ergo,&conuercendo 
vtD E,adH,fic ML.ad PO. Quodcrat&c. 

Quod verb circulus factus ccrro E , interuallo acquali 
ipfi H l,rcmper pccurratcircumfcrentix maioriscirculi, 
facile patcbit ex procelTudemonftrationis, &cxdetcr- 
minatiombus Problematis . Quia, fi non occurreret, fed 
caderec yel totus intra, vcl totus extra , probaretur code 
difeurfu, pioportionem datam cfTc maiorem ea>quam 
babec B D, ad C A ,• vel minorem ea, quam habet C A, 
ad BL>, vt confidcranti, &c experiemi patcbit. 


LEM-i 
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LEMLXXVIIPROPCXXXVI 

, I . , . j 

Si fint quatuor redlae lincje conrinue 
projjortionales ^ erit , vc .quadra- 
tuiTi prim* minoris, ad exceffum 
quadrati mediae minoris fiiperipsa 
• ncmedia minor ad exceflum quar- 
ts fuper ipfam. 

S int quatuor reetx linea: A, B, C, D, continue 
proportionales . Dico cflc. vt quadratum A , ad 
cxceUum quadrati B, fuper quadratum A , fic B, ad ex- 
ccflum D , fuper ipfam 


B 


D 


. Quoniamenim D,C,B, A, funt quatuor continue 
proportionales, erit, vcD, ad B, ita quadratum B, ad 
quadratum A. Quare, & pcrconuerfionem rationis, 
crit vtD,ad cxccfiTum illius fuper B, fic quadratum B| 
ad exceiTumiliius fuper quadratum A. Ergo, &diuidc> 
dojVt B, ad cxcefsum D, fuper B, fic quadratumA,ad ex- 
cefsum. quadrati D, fuper ipfum. Quod crac &c. 

LEM. 
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ffiij A \ I s.>«^ iJ *J* 


Sit femicircLilus AJOB, , cuius diame- 
ter A B , eius .periphctria fubten- 
d*atur 4 tribal chord is A* Gt G D, 
& D B> D C, autelia fitNprodii- 
eta verlusC, indefinite, & a pun- 
6to A; fit du£ta fuper ipfamnor- 
i malis A J£ y'nDico 3'parallelep ipe- 
durn‘fa6tufiji^'fuB‘'A' B;‘in rc6tan- 
. gulum Jb w U ^rCik asquale (oli- 
do- tafto fub ‘-D B • wi redtansu- 
lumACD. 


♦ 1 


( 


> T 


f 


D 


'7 ■ 

Veatur A D. Quohiam Hud artguli A CD, 5c 
J p B Aj funtacauales duobus ie(Jiis,‘ quia qua- 
_.aiigulum*AC ofe; 9ft in circvilo i & pam'erduo an- 
guli A C E , & A CiP i.lliini xqu^lesj^Mobus redis . Er- 
go duo Ojnc ^qualesduobus: puarc coinrnuni ablato 
angiiloACD , ergo angulus ACE, eric aequalisan- 
guTo A B D . Be paricer angulus re(Slus A E C , eftacqua- 
lis angulo redko A L) B . Qi^re, & teliquus crit xqualis 
reliquo ' & triangulum ABC, enc’-AinHe uiang^lo 
ADB.' Ergo, vc £C>ad CA» Cc DB, ad B;A . Sed 
i.r ' ' Nn VC 
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ft vt DB, ad B A« fic redangulum k CD/ ^dredan- 
gulum AC D. Ergo folidum^fai^^topTub eXrCrcmis 
cric aequalc' facto fub medijs 'Ergo iacVum'fub D B , 
in rectansulum D C A', cric xquale (bb A B , in 
cectangulum £ C p • ^Q^d erat oftcndcncbim •[ ,[ 


vt E C, ad C A , fic ( fumpt^c6mm\ili|^altitiidiiic CD,1 
cfircdlangulum ^ C D , ad re^hgulum A C D Ergo 


LEXXXIX. PROP. CXXXVIII, 

Datis ij.fdem , qua?..fi^ra^ Dipo qua=^^ 
dracum -A B , ' ellc xquale triDus 
' quadratis AC,CD:,DB^''& duo-, 

bus re6langulis E C D. 

' . ' . . . , • . ■ 

I 

N A M . quadratum A 6 j eft arqualc duobtssqua* 
dramB D, & DA* Quadracuro auccm DA'» 

' eft 
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eft af(!|iiatb c^Ua^ifj^SciA AH , fkrl^V) < . 

angulus A.EO, quamA futtt«cci. ^Quadfatum > 
autem E D , eft acquale quadrato.ECvqu^rato C D, 
acduobus rcctangalis ECDj & pariccrdiio quadrata 
A E , EC , fam squalia quadraco AC. Ergo a piiraa 
ad vltimuiti, quadratom A B, crit aequalc quadraiis 
B O, DC, 6c CA, l^^dtiobin tCQtangalisECD. 
Quod crat oftcndcnduni* /- . 

PROB;.- LX- PROP- CXXXIX- 

patis trftjus reiStis Ihjcis /muenire ]fe- 
micirculurti V cuiik -peripimiai 
fubtendatur ab ipfis i " 

r, ‘ I ' / 

D Atac crei rect* lincac (in L,M,N, deoportcatfa- 
ccre , quod imperatum eft. Tunc vcl omnes 
lunc inaequaies , vel funt duai illaruna kquales . Si duae 
Tunc sequales roluecm Problema per locum planu. Sint 
ergo L * & M , acqualcs, 6c ip(i -N , fiat a:qualis A B. 
A' punt^o B, eiigatur perpendicalaiisBE, cuiui qua*' 
dracum fit duplum quadraci L , vel M , 2^ diuidacur A 
bifariam in P » di iungatur P E. Centro autem P, inter* 
uallo P E , deicribatur reinicirculus , cui occurrac A B , 
produdain punctisO, 6c F, 6c fuper A F, taenquam 
fuptadiametro fiat femicitculus A G F,&ipundlo A»ap* 
cetur A G, aequalia A B , & circumferentia G F , fccctut 
bifiirlatn in H, 6t iungantur G H, ‘H F , & 'H B ; & du* 
" '• Nn a ' catui 
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cicur »ptfft^koH,*{)«Tpeh4icmiai^^ ipfi A F.r Dictt 
G H , & H F , cflc ascpjalca ?pfi’ L, !& M , 5cfcmieirculu 
AGF,eifc <}uz(kuni. -i t «>p -jUn • ih . ( ? ■ ' 


Qupniam cnim circumferentia GF, cftfeda bifa- 
riam in H i Ergd arigulus. Q A H, eft ^qiialis a^alo 
HA,B. Sed:ctiam dusJine^ G A> AH> Tunc xc^ales 
duabus lineis H A, A B> akeia alceri . £rg& crianguTft 
G A H , crit aequale trianguIoH A B, & G H , eric «qua-. 
lisHB. ScdG H> eft jcqualisHF. ErgoBH, ericx- 
qualk.HF^ Q^oniaim aucem dupbusquackatisBiClSc 
K H , eft iequale quadratum B H, & parrirei dupbus qua* 
dratis H K , K F , eft acqualc quadracum H F, 8^^ dua 
quadrataBH, & HF,funcimei {c£eqaaria, quia5^^_^ 
latcra BH, & HFa oftcnfa func aequalia. Ergo duo 
qaadrara BK, H.K, criMic.acqualiaidiK^b'qs qf&^dcatis 
H K , K^F. £c commuai abJ^p qqadraco H K.,. >£fgo»j 
quadzatumB K ^erit;cquaicq,u^facp;ICFj 

«qua- 






A F^, ctk duplatti.^ 
rwtdo^iili' A F K. . ‘ Sttl/’ri^ctangulo A F B ,fcft ftrqbile 
f?cca^rt^bfa'i1i*ofe ,Fi’ tjWa^F , rfftiec^tiallsO'A rbc- 
tan^^lUiVi'OB'P iiqtiaIe'qikcffat6BEj & parittfr 
i'ectan^aluhi A'F !C ,'eft irquaie quadrafo'FH. 'Q^i^ 
& ^[aad'raiutn^B E , 'crlcduplaiif quadra(fi F H. Sed pa- 
I'iier , quaidratum'B F , fa<auih^lV‘duplmtiquadi'ari-L, 
t'd'M . Er^ quadrarura F H /eft ^qiiSffc* quad ratisL, 
vel M‘/& FH , 6iH G, Tuht ^sequales iplis TL /& M ,& 
A G ,fa<aiefl:,jrquaKs A'B/fcdN. Ergtffh^ycncus eft 
hhtiicircdlus &cr '* ^ ” 

' Si ^ctb i'res'l|M’,|&N'^^fintidarqua!^/fo^^ 

PrbbIeitid‘pdr1otdriffolidutd,deTrttinftratidnc^e6ihnprfe- 

hcndem^bdaHi ca^dfU'a^l^ccedcntem /Fxodiiatut lihea 
F;j58t‘ihrffiniUl trik'qdadraca L.M, N/&'hrtyt quadra- 
tiiM F, 'all 'duplufrtr^fcccangulum'conteiitani (ub M 
N‘ fic'LVadG j&dataT, minorrdxcretaa, &'Gi diffe- 

r^acia fccuttda? , 5^'qua«« in ordinc c^i^cubr continue 

'.'-i' . j rt-i ri.-.;./ -.It. i' ■ ■ f-,. 'i 


prdporriohalidnt j inucniaftf/ Ac^ B> quae fiat 

dltnttiens rethicircuU « Q^niam A B, eft miaior F, hoc 
- Nn a eft 


1,90 


eft tribus quadratis L, M, & N . Qgare, aptencof duae 
iplaiucn L , M , & IS i in fcmicirculo i cuius^ diametcf, 
A B, ipfumtotu^ ^on‘occttp^lp,^nt,: Apcctur AC, ac- 
qualisL , &pD, xqualisM^ t,du^acjjr,^ Dico, 

D B , eflc xqualcra N , & rencjlcirculum ACDb^ c{f<? 
quxfitum. Brodogatut D C , vcffus G , indefinicc,.cui 
a puri<pto A«.ocpucrat perpendicularis AE, 6c ducacur. 
AP. Qupniaip (\iticquat^orcpntinu5 prpportibnales^ 
qiuarutp prfitvitninot ^ F, ^ G ,c(l excefTus quartae fu- 
per recundam , 6e A B,^ ell fecunda . Ergo per propo lie. 
135. erit vt quadratum F, ad excciTuniquadrati A ju* 
peripfUin, ita cri^A B . ad £rgj> fa^dm, f^tquadra- 

to F,.ia Gy pric xquale ^a<iq“fwb*c^ccfq' qua^ 
faper quadrJ^tuip F,_in A B » qupniamTupra 6-j 
^lumcft qii^ratwra F, ad((iiplum rc<aangulMfP^pn^ 
tencBiiifub ,ad,G,., j^r^fadiKn-rubouiT 

dr^o Fj in G , cm equate lol|do cqpceQto (gb dupip re» 

ctangulo L, M, In N . Q^re lolidum contenettra lub 
duplorcdangulo L, M,in cricxqualcfactorubAB, 
in exccffuift ^a^ra'ti A B;ru^.er‘q 7 ja^atuni E, feu fupet 
tria quadH^‘*M,T^, ei gq iyalia!X<s i»y <S. 6cconMnuni- 
bus add’itisT^iTTdb in tV^quld^a*t:’,:M, N. 
Ergocubu^BrcHc^iAIc faaisroi^ N)^/ddh rec-^ 
tangu!n:nw; Afyh , quia a C , eft'^qam L , 6 c 
CD, eft gqualis M, fee Toljdilfaai&i 
dracaAC, CD, 6c W. Et quoniam per proper. antec. 
qu^drkturti A R, ipquaturquadratis A C, C D„D B. & 
|u6bus rcctko|u)k 

^ .-.n . *<,T A-ir«:notiP ijijtt'rJirrJZ iih'iH'(r5i 

~ q“»*« 




quale factis^ fub A'B, in triaqnadrata AC,C D, DB, 
&in dtto li^tangula EC D. ,Ergo Sc hie facta crunc ac- 
qualia i^etJS fub A B* in quadrata L, & M > feu in qua* 
drata A Dj, Sc jp^uadratum N, & in duo rcctangiw 
la A'QD'^ j^jppinmunibus ablatisfaccis fubAB, ifi-i* 
quadrata AC* CD . Ergo factum fub A B, in quadra- 
^nvD B, cum fa^o fub A B, in duo rcdangula £ C D, 
feu.,jfuhp B , in duo rectangula A CD ,quacillis fun? 
aequaliaypcc p,ropofic 137 ciuntacqualiafactisfub AB^ 
in\uadiatum N , & fub in duo tc»aangula ACD./ 
Ex vtraque parte fuut duofqUaliaj nempe duotectah- 
^la A C D, & A B . Erg,^ 1 & N ,‘erit'iqualis D B . 
Quod cratoftendendura. 


p 


A "y P E N D I X 

'■ Pro Indiuifibilibus. 

^lopof. a extra ordincm furapta , quae habetur pag. 
■ 1 1 «l^demo?iftrairimus pccuHari modoper Indiui- 

libiIia,Cyl 5 ndvum eflcduplum Conoidis parabolici fu- 
per candeoi bafim, & circa eundem aximxrum ipfo . At 
nuncanimaduertimus , noftro ordine pioccacndi.poffc 

concludnILd admiabilc. 

habet in poliremis Dialogis, pag.apud nos 1 8. 

circali'citeumfcrentiam xqualein effe pun o. 

Galilxi videat L«tor, loco fupra ciuio . Nofter autem 



Mtcc faqilitcr qpi.i cuM qaa< 
tanfi ^uobiis quauratis' P N 
& rcitangulo Ot*' R , 

dr^oP N j) r'i^aftgUlrfmO 
quadrato L N » ac proinde , a 
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tocum, quain fecund um partes. Vndc cum v g. pars 
H OP QJl K , fie xqualis LA M , porcioni conoidis , & 
hoc Temper verum he •, fequicur ctiam , quod cum tan- 
dem ex continua diuifione deueniamus ad circumfcrc- 
tiara, cuius diameter H K, &: ad A , vjrticem conoidis, 
etiam circumferentiam efTc sequalem vcrtici, nempe 
puncto. Circa hoc non immoror, quia faciiidimC) Sc 
claiiilime explicatur a Galilxojac eodem modo debet 
in cafu noftrophilofopharii . ... 

At P. Marius Bettinus Societatis Icfu, Vir, quicum 
fuerit auchot Apiariorum pocefi Apis nuncupari ; quia 
ficut hacchabet vnde,&mel]ificec, & pungae , fie hie 
melltficac, ruaui/Iimam doctrinam docendo, pungitque 
fuoacuio non rede de Mathemaiicis, fccundum ipfum, 
fentientes. At Apisinfeiix . qu.'c.ftimulum ammictens 
feriendo Jndiuifibilia , pcriclitata eft . Author ergo ifte 
parui pendens, qusein paradoxo Galilaci ait Jlluftrifti- 
mus Interlocutor Sagredo Conciuis incus vdrbis,quse 
loco Galiltei citato , poflunt confpici , tom. 5. fui AErarij 
pareg Gcom.fchol.i &alibi,notat aliqualitcr Galil?i pa- 
radoxuro , vnde, nec noftrum omnimode ei placercc. 
AdiDonet ergo no efleintellieendura, circumferentiam 
ajquale.m cfsc pundo ficabioIiKe, 6c Geomctricc, fed 
phyficc. Attamendeduciraus ex hoc veritaccra pulcher- 
rimam,nimirum inter phyficaindiuifibilia vnumaliud 
multum phyfid^ exccdcre . Naracum verum fit, phy- 
ficeloquendo, circumferentiam, cuius diameter HK, 
xquaiem efte puncto A» 6cpoftimus.concipere:Cylin- 
drum in infinitum bafium maiorum , 6c in eo inferiptu 
‘ Conoi- ‘ 
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Conoidcs, vt fupra Fadlomefc, & rcrapcrcircamftren- 
cia He sequalis , phyCice loquendo « veiiici conoidi$, & 
ramen, & hac ciccumferencia;, & hi vertices (int quan- 
titates phyHcat ,adc6 vt inter ipfas cadat vera proporcio 
atqualitatis . Sequicur, quod permucanda> quain pro- 
porrionem habetcircumferentiamaior, Sc vt itadicani> 
maxima,' ad paruidimam circumferentiaiTi) hanc can- 
deni habcat vertex conoidis maximi ad Venice conoi-> 
dis paruidimi. Vnde vertex conoidis maximi excedec, 
VC itadicam, infinite^ vetcicera conoidis paruidimi } 8S 
umenveerque vertex, edpundum pb/fice indiuidbiic- 
£t vtiqueadmirabihnimum c(l condderarC) quantunt 
podimusconcipere didrabi indiuidbile phydeum , vc 
vertex coni, vcl conoidis , phydee accepci,x;quecur cir« 
cumferenciat circuli, quxeaufa fugimmendtatis, qiiL-^ 
pored concipi , indnita queac appcllari . 

Venim P. Betcinus loc. dip. cic. §. 1 8 . See. adducic pa- 
radoxum Iongc,vt ipfe appellat,miridimum i nimirum, 
non folum circumfcrenciain, fed circulum cotum,xqua- 
lem ede puncto. Sed vc ignorantiam meam Iibere 
tear, tale paradoxutali pa<d:omihi videcurmiridlmu, vc 
incelligenciam raeam edugiat.' Contra tale paradoxom 
aliqua Geomctcice obi jcerein , (ed nolo verba habere cii 
mortuis. Vtdeat Led^or tale paradoxum loco cicaca> Se 
fbtdcan agno(cet>quatnmeliusfuiderBeccmoper indi- 
uidbilia ptocedere, quam irtationabililiuoreipfa(^f- 
nerc. Sicenimab indiuidbilibusabhotret, vtquad ipdr 
lutum dnt, ip(c veto ^rmellinus, cupiat pociusmotiv 
quam f^dari . Sic enim loc. dip. ciCr Scnol. a. de I tidiui^ 

* fibi- 


Digitized by Google 


fibilibas loquitur t It f kfirems ithpingenuimt 

m\hi fimUitudtmtm fhylo/9ph4ntmm ctrm fyi»rdS'Gt9m^ri^ 
cddpet mditufihihd . Lonphngms kmt dh^.f^ltariOto*- 
mttriui mcds thcorids opttto fine deinenftrttg, jveritaeu, • ' 

^od fieret p ( contra 4. definitiomm 4 ^, 5 , /Mi a no fir » 
ddeam ) compATArem inter ft ^ qua Geometricam inter fipro- 
portionem non hdbent , quaits tfl comparatto figurarum , fpd 
phylofophatio circa e AS per indmiphilta . Intelligis ergo Le- 
< 5 tor, quomodo author iftc in indiuifibilia incidens> 
quafi fibi Dacmoncs occurrcrcnt cxclamcc : Lon^ Ion- 
gius A meahpt^c, Sed cunpeontra indiuifibilia Author 
ifie anno 1^48. nihil, pratternoumnliuorem^ nouiad* 
ducat abijs, qux contra ea obiecit Paulus Guldinus in 
fua centrobarica , quibus abunde fatisfecit ipfemet In- 
diuifibilium inuentor BonauenturaCaualerius in fuis 
cxercitationibus Geometricis exercitat. 5. anno 1^47. 
quo, maxima Mathefis iad;ura,vitam cum morte cornu- 
tauit } ideo ncc nos circa hoc debemus nouiter verbi_^ 
profund ere, 

S C H O L I V M. 

H iEc funt, Benigne Ledor, qux pro hac vicc^ 
determinauimustibi legeda proponerc. Quam- 
plurimaadhuc tenemus diueiTis temponbus a nobis cla- 
borata , pr?cipue circa proportiones Super firienmi .. 
Sph^ricarum, & Conicarura , qu? fuis temporibui tra- 
dentur , fi Deus faniiatem, & vitam impcrticrit. H^c 
perlege , fi cibi placet , rcliqua in non modica quanti- 
tate 
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cate , vel his pulchriora, vel his turpiora expc^i_^I 
Tabcllam errorutn, vc motis e(V, cradcre, non exhi> 
bemus , fed ipfos torrigere euxindudri^ relinquimus, 
pr^cipuc cum adhibica aliquali diligencia , facilicer 
cognofei poflinc . Ecvalc. 
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